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The hierarchy problem, convolved with the various known puzzles in particle physics, grants

us a great outlook of new physics soon to be discovered. We present multiple approaches

to searching for physics beyond the standard model. First, two models with a minimal

amount of theoretical guidance are analyzed using existing or simulated LHC data. Then,
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emphasis on the cosmological implications as well as the current and future sensitivity of

colliders, direct detection and indirect detection experiments. Finally, a more complete model

of the MSSM is presented through which we attempt to resolve tension with observations

within the context of gauge mediated supersymmetry breaking.
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Chapter 1

Introduction

As it stands today, the standard model of particle physics is the most precisely tested theory

we know of. The particle content and properties as well as the underlying Poincarè and gauge

symmetries, which serve as fundamental cornerstones to its formulation, has been thoroughly

examined by numerous high precision experiments and observations [1]. Yet, we have great

confidence that it is not the whole picture and that some new physics, likely manifest in the

form of yet to be discovered particles, is lurking right around the corner. The two questions

we want to address are: why do we expect to find new physics around the TeV scale? and

how to go about looking for such physics?

Let us turn back in time to the 4th of July, 2012, when the ATLAS [2] and CMS [3] collab-

orations at the Large Hadron Collider (LHC) announced at the 5 σ level an observation of

a new field consistent with the Standard Model Higgs boson predicted more than 40 years

earlier [4–9]. Since then the significance of the conclusion has only improved, and pending

a measurement of the Higgs coupling with light fermions, we have great confidence that the

final puzzle piece of the standard model has now been found.

With this discovery, however, a well known and dreaded problem has been solidified, the
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so-called Hierarchy Problem [10, 11]. In the simplest of terms, it is the question of why

the electroweak scale, characterized by the Higgs mass of 125 GeV, is so different from the

only fundamental scale of a theory with only gravitational interactions, namely the unique

combination of the Planck constant ~ =, the speed of light c, and Newton’s gravitational

constant G = 6.70861(31)×10−39~c (GeV/c2)−2 which, in units where ~ = c = 1, results in a

unit of energy known as the Planck energy or Planck massMP =
√

~c
8πG
' 2.4×1018 GeV [1].

To quantify the problem more, we begin with the observation that the Higgs is, by default,

assumed to be a fundamental scalar, and is the only occurrence found in nature thus far. This

means that there is, in general, no symmetry protecting it’s mass from quantum corrections.

Sure enough, the Higgs receives quadratically divergent mass corrections from various fields,

the largest of which is via it’s coupling with the top quark. A common way of regulating this

divergence is by cutting off the energy integral at the scale beyond which our theory ceases

to be valid which, is taken to be the Planck scale. The Higgs mass we observe is smaller by

about 16 orders of magnitude.

These corrections can, of course, be "swept under the rug" through mass renormalization

where a new term (the counterterm) is introduced in the Lagrangian to absorb the quadratic

correction. The new mass parameter, then, is what we interpret as the observable measured

in our experiments. In other words, we postulate a contribution to the mass term similar

in magnitude to the quadratic corrections in order for our theory to be consistent with

observation. For that to work, though, we would need to fine-tune the counterterm to a level

of roughly one part in 1032, a level that is often described as unnatural. If we demand that

our theory is natural, then we would expect new physics to appear at about the TeV scale

to cancel the mass corrections or otherwise invalidate our computation.

One can, however, dismiss the previous argument on the basis that it relies on how we regulate

the divergence and the interpretation thereof. For instance, one can utilize dimensional

regularization in which case the offending quadratic sensitivity does not seem to be present.
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Even then, there is a potential source of quadratic mass corrections. It has been demonstrated

that a heavy field that communicates with the Higgs can generate, depending on the nature

of the interaction, sizable mass corrections to the Higgs [12]. Since we do not observe such

corrections, we expect either that the new physics has to appear at a lower scale or that

some extra physics appears at a lower scale to invalidate our calculation. The question,

then, remains of whether or not such new physics exist. This is an open question which

might lead one to declare the hierarchy problem as being circular; new physics is implied

from the assumption of new physics. Fortunately, there is a strong case to be made for the

expectation of new phenomena at some high, possibly untestable, scale of which we will now

mention a few primary examples.

But before we do that we would like to restate our premise for extra clarity. From a purest’s

perspective, the Higgs mass is considered to be unnatural due to virtual quadratic sensitivity

to the Planck scale which motivates the expectation of new physics to appear at the TeV

scale. From a more pragmatic stand point, the presence of certain classes of new physic at a

high scale would lead to sizable physical corrections to the Higgs mass which, in the absence

of physics at the TeV scale, would require fine tuned cancelations among such corrections.

We will go through a few examples of particle physics puzzles that qualify as stand-alone

motivations for new physics. The solutions to those puzzles will, to varying degrees, lead

to the (fortunate?) corrections to the Higgs mass which then motivates us to look for such

physics at around the TeV scale.

Among the popular examples of new physics is the dark matter hypothesis. A large body

of cosmological evidence, ranging from galactic rotation curves to anisotropies in the Cos-

mic Microwave Background, consistently suggests that about 27% [13] of the matter-energy

content of the universe consist of a new form of massive, non-luminous matter (see Ref. [1]

for a quick up-to-date review of experimental status or [14] for a historical introduction).

At first, dark matter seems disconnected from the hierarchy problem since there is no a priori
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a reason to assume that dark matter interacts with the standard model in any way besides

gravity. But such an assumption is nonetheless reasonable and necessary for experimental

investigation of dark matter and so, from a practical sense, a link between dark matter and

the Higgs mass could very well exist.

Another cosmological problem is baryogenesis, the process that generated the asymmetry

between the matter and anti-matter content of the universe. Sakharov derived three con-

ditions required to generate this asymmetry: 1. Out-of-equilibrium dynamics, 2. Baryon

number violation, and 3. CP and C violation [15]. The last condition is the only one that

cannot be accommodated within the standard model and calls for new physics to be added.

One example would be adding extra vector-like generations of standard model fermions [16].

The extra fermions can result in a strong first order phase transition and even provide extra

CP violation through Yukawa couplings with the Higgs which could lead to the unwanted

mass corrections.

A more compelling case arises from what is, arguably, the strongest indicator of new physics,

namely the fact that neutrinos have mass [1]. This has been overwhelmingly verified by the

observation of neutrino flavor oscillations. By comparing the flavors of neutrinos originating

from the Sun, cosmic rays, particle accelerators or nuclear reactors to the flavors measured

at neutrino detectors, it was found that neutrinos can alternate between the three flavors.

Such oscillations are predicted to only occur if the neutrinos have different masses, which

implies that at least two of them are massive.

Neutrino can be given a mass term if they are assumed to be Majorana in nature, that is, the

left handed and right handed fields are identical. But, if we insist on gauge invariance then

this term will necessarily have dimensions larger than four. Such terms are nonrenormaliz-

able, indicating the existence of heavier degrees of freedom that have been integrated out of

the theory in order to generate those terms. A simple and widely popular example is the

type-I seesaw mechanism [17] where a heavy right handed, and therefore gauge singlet (or
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sterile), neutrino is introduced to generate the neutrino masses. In this and similar models,

the hierarchy problem is potentially present.

Interestingly, models of neutrino masses can be used to generate a matter-anti-matter asym-

metry in the lepton sector (leptogenesis) which could be transferred over to the baryonic

sector hence providing a mechanism for baryogenesis [18].

It is quite possible that the origin of neutrino masses is a seemingly unexciting Dirac mass

term generated by a Yukawa coupling between the Higgs, the lepton doublet and a sterile

neutrino. When matched with the observed limits on neutrino masses, though, these Yukawa

couplings would be required to be significantly smaller than any standard model counterpart.

But one can then wonder why such a hierarchy exists. In fact, this would fall under a larger

question addressing the observed mass hierarchy between fermions of different flavors.

A popular class of models in which the flavor structure is explained is the Froggatt-Nielsen

mechanism [19]. In such models, an underlying symmetry is used to forbid the mass terms to

different degrees through a judicious choice of charges which, after the spontaneous breaking

of that symmetry, would lead to a proportionally different masses. Since the terms generated

from such models are Higgs Yukawa interactions, there will, in general, be a connection

between this new physics and the Higgs sector thus leading, once again, to the risk of a

hierarchy problem.

A somewhat related idea is Grand Unified Theories, or GUTs, which are hinted at by the

observation that the standard model gauge couplings get suggestively close at around 1016

GeV [1]. Depending on how this unification is implemented, we expect that new fields exist

at about the same scale which are charged under the standard model gauge groups. It is

worth pointing out that in some of those models the way the observable matter is embedded

in the unifying group results, at low energy, in a sterile neutrino [20]!

We should reemphasize that non of the above would, by itself, compellingly lead to the
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conclusion that new physics exists at the TeV scale. Rather, when one is confronted with an

overabundance of known and unknown possibilities and the urgency to decide which ones

to pursue, an overarching principle is desirable, and it is through the totality of the various

lines of experimentally motivated and intuition based evidence combined with the observed

Higgs mass that such a seemingly optimistic expectation is reached.

We now turn briefly to the second question: how to go about looking for such new physics?

Once the likelihood of new phenomena has been motivated, an ideal approach would be to

look for such phenomena in as model-independent a way as possible. The difficulty with this

approach is that particle physics is generally a large data field with too many observables to

choose from where new physics might hide.

The other extreme would be to concoct a complete model with very concrete predictions.

Given the limitless possibilities of new fields and interactions to introduce, it pays to set a

standard of theoretical motivation and demand that a new model would address one or more

of the known puzzles with little or no contrived assumptions. The down side, obviously, is

that the experimental effort of testing the associated predictions will be harder to carry over

to other theories.

In the remainder of this thesis we will study several examples that fall somewhere on the

spectrum spanning those two extremes. We will begin, in Ch. 2, with a somewhat agnostic

search strategy for new physics at the LHC. We will choose a given final state topology,

namely two leptons and two hadronic jets, and systematically construct all possible ways to

produce such a final state that also leads to a resonance. As it turns out, we could fill in

some of the gaps left by the standard LHC searches.

In Ch. 3, we will take more liberty in borrowing from theoretical frameworks to look for

new physics at the LHC. We will study a model of spin-3/2 vector-like leptons with a set of

effective operators used to induce decays. In models where the know fermions are composite,
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it is possible that excited states of higher spins are allowed. Yet, such fermions are not well

studied due to how rarely they appear in the particle physics literature. Note that while we

opt to highlight the theoretical motivations of our model, this is merely for completeness,

and the spirit of our search does not impose such a constraining demand.

In Ch. 4 we will build on the existing lore of supersymmetry, which is one of the leading

candidates to address the hierarchy problem. In this theory, an additional symmetry of space-

time is assumed that interchanges fermions and bosons. As a result, every known degree

of freedom must have an associated degree of freedom with the same mass and charges but

opposite Fermi-Bose statistics. With such a symmetry, all corrections to the Higgs mass

automatically cancel each other out. Additionally, supersymmetry generically improves the

quality of gauge coupling unification and, when supplemented with an additional discrete

symmetry, can provide several attractive dark matter candidates.

Supersymmetry has already been ruled out unless it is spontaneously broken, and the degree

of this breaking, which is typically manifest in the mass scales of the new fields, determines

how fine-tuned the Higgs mass is. Ironically, a common problem with supersymmetry is

that the Higgs mass is too light, requiring either extra assumptions or an increase of mass

correction from the superpartners which generally reintroduces some amount of fine-tuning

back into the theory and renders the new fields too heavy to be discovered in the foreseeable

future.

One idea that has been in the literature for a while is to add an extra generation of vector-like

fermions which can be used to induce mass corrections to the Higgs without the need of too

much fine-tuning. It has also been shown that only two unique combinations of such fields

can be added in order to preserve perturbative gauge coupling unification. We show that, in

addition, we can significantly increase the mass parameter space of one of the dark matter

candidates, the so-called bino.
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We will follow up with a comprehensive discussion of the experimental signature of this

model from particle colliders, direct detection, and indirect detection experiments, and the

complementarity of how those experiments probe the parameter space is demonstrated.

A large number of parameters are introduced in supersymmetry, and since fine-tuning is a

key motivation behind its assumption, one has to demand that the choice of such parameters

is not itself a form of fine-tuning. To address this, a more complete picture of how super-

symmetry is broken needs to be included. In Ch. 5, we move further into the liberal end

of the model building spectrum and present an extension to previous work in which super-

symmetry is broken in a secluded sector and the breaking is communicated via the standard

model gauge bosons. The original model has been faced with the difficulty of raising the

Higgs mass to its observed value without increasing the supersymmetry scale and keeping

the new fields beyond the reach of the LHC. By coupling the Higgs more directly to the

supersymmetry breaking sector, we show that a realistic Higgs mass is possible with light

particle spectra, albeit with some drawbacks to be discussed.

Finally, we present our conclusions in Ch. 6.
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Chapter 2

Systematically Searching for New

Resonances at the Energy Frontier using

Topological Models

Based on arXiv:1401.1462 [37]

Collisions of particles at the energy frontier offer enormous potential for the discovery of new

particles or interactions. To date, no evidence for physics beyond the standard model has

been reported. However, the current program consists overwhelmingly of searches for specific

theoretical models, and the possibility remains of a theoretically unanticipated discovery.

Searches for new particles without the guidance of a specific theory model face daunting

challenges, the most prominent being the enormous space of signatures in which to search.

An examination of every possible observable in every final state configuration suffers from an

enormous trials factor, such that discovery is nearly impossible unless the signal is enormous.

Previous approaches [38–40] have been to consider only the total yields in a large set of final

states – which significantly reduces the discovery sensitivity, or to search for excesses in
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high-pT tails of many distributions in many final states – which suffer from poor statistics

and large systematic uncertainties.

In this chapter, we propose a new approach which focusses on exploring the complete set

of models which have identifiable resonant features: for each final state, systematically con-

struct all possible topologies which would give resonant features, seen as peaks in recon-

structed invariant mass distributions1. This reasonable experimental requirement constrains

the space of discoverable models dramatically without being dominated by theoretical preju-

dice, and guides the analysis strategy: to search for the resonant features of each specifically

constructed topological model. This does not completely evade the trials factor, which is

unavoidable if one examines many final states, but is an experimentally motivated strategy

for reducing the number of observables in a given final state. Limits or discoveries may be

reported in terms of cross sections in the space of particle masses. Perhaps most importantly,

the topological model strategy emphasizes completeness, where theoretical motivations may

not have inspired us to examine specific topologies. For example, we describe below how

topological models motivate a search for Z ′ → χ1χ2 → `+`−jj which features resonances

in m``, mjj and m``jj; this is similar to existing searches for new resonances decaying to

WZ → `+`−jj but without the constraint that m`` ≈ mZ and mjj ≈ mW . In this way, it

points to new directions where discovery potential is untapped in the current data.

This approach shares a motivational principle with the simplified model approach [34], in

that it seeks to characterize our knowledge in terms of particle masses rather than theoretical

parameters, giving limits on cross sections for given decay modes rather than on theoretical

parameters for full theories. However, while simplified models reduce the complexity of a

set of full models by specifying the minimal particle content of a topology, the topological

model strategy aims to cover the complete experimental space of a particular final state or

set of final states.
1There are some cases in which resonances may not be reconstructable, such as compressed mass spectra

where the decay products are too soft to be observed, or resonances with invisible decay products.
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This topological model approach is best considered as an extension of the effective field

theory strategy, where the new particles are considered to be too heavy to be directly ob-

served as resonances and the interactions they mediate are replaced by effective operators

which integrate out the details of the complete theory. Typically, exhaustive lists of possible

operators are formed, giving a completeness to the analysis. In the same way, the topolog-

ical model approach we describe here seeks to compile the list of potentially discoverable

new physics topologies, but where the new particles are light enough to be directly seen as

resonances.

The completeness of a survey of topological models in a final state gives more weight to

a negative result: if nothing is seen in the data we can say with some confidence that no

new observable resonances exist. In addition, another strength is it helps to organize the

experimental results, which are currently presented in the context of searches for specific

theories.

The number of topologies grows quickly with the number of final state objects. For concrete-

ness, we choose a final state with a reasonable but non-trivial number of objects: `+`−jj.

Note that in the examples below we have focused on ` = e, µ, quark-originated jets, and that

in the event selection we allow more than two jets in order to improve the probability to

locate the two jets of interest among those generated by radiation. Additionally, one could

consider further categorization by jet flavor.

Though we examine a single final state here, one important advantage of this approach is that

it allows the coherent consideration of multiple final states. For example, one could consider

4` or 4j modes of Z ′ → χ1χ2 decay. By contrast, a similar interpretation of multiple

final-state-specific simplified-model results is not possible, as the results are reported per

final-state and the necessary correlational information needed to combine final sates is not

typically reported.
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In the following sections, we construct the list of topological models for `+`−jj, detail the-

oretical models built to describe the phenomenology of those topologies, and present LHC

sensitivity studies for each topology.

2.1 Topologies in `+`−jj

In the `+`−jj final state, resonant features can be seen in several distinct topological ar-

rangements; there can be two-, three-, or four-body resonances present. Since it will allow

for the largest production cross section, we always consider the case of a 4-body `+`−jj

resonance. From a qq̄ initial state this first resonance must be either a color singlet or octet,

Lorentz vector or scalar, and we focus here on the simple case of color-singlet vector boson,

a Z ′ boson. In this case the intermediate 2- (3-) body resonances are scalars (fermions). In

particular, the topologies which arise are:

• Z ′ → χ1χ2 → (`+j)(`−j) see Fig. 2.1

• Z ′ → χ1χ2 → (`+`−)(jj) see Fig. 2.2

• Z ′ → `±L→ `±(`∓jj) see Fig. 2.3

• Z ′ → jQ→ j(`+`−j) see Fig. 2.4

The first topology (see Fig. 2.1) describes resonant production of new particles, each of which

decays to a lepton and a jet. This is essentially a lepto-quark model [41], and territory which

is well-explored experimentally and will not be discussed further here.

The second topology (see Fig. 2.2) describes production of new particles χ1 and χ2 which

decay to lepton pairs or quark pairs. This is similar to searches for heavy resonances which

decay to ZZ with one hadronically and one leptonically decaying Z boson, or decays to WZ
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Figure 2.1: Diagram for Z ′ → χ1χ2 → `+j `−j

with hadronicW -boson and leptonic Z-boson decays. This is well-explored territory, but only

for the cases where χ1 and χ2 have masses close tomW,Z . In the case when these intermediate

particles are heavier, the experimental data have not been examined, and discovery potential

remains. This topological approach therefore provides a useful and natural generalization of

an existing effort.

The final two topologies (see Figs. 2.3 and 2.4) include decaysQ→ `+`−j or L→ `±jj. These

arise from a higher dimension four-fermion contact operator, representing the mediation

of this interaction via some new heavy particle which is integrated out. To be perfectly

exhaustive, one should consider the case where the mediator is light enough to be produced

on-shell, giving, for example Q→ Xj → `+`−j.

Note that we do not discuss in detail Z ′ → (`+`−jj) through an effective five-point interac-

tion, because this topology provides no further intermediate resonances to guide the search

beyond m``jj.

In the next sections, we construct example models which give these topologies, propose

techniques for experimental analysis, and estimate the sensitivity of the LHC at
√
s = 14

TeV, with L = 300 fb−1.
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Figure 2.2: Diagram for Z ′ → χ1χ2 → `+`− jj
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Figure 2.3: Diagrams for Z ′ → `∓L→ `∓ (`±jj) (right)
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Figure 2.4: Diagram for Z ′ → jQ→ j (`+`−j)
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2.2 The Models

In order to allow simulation of these topologies, toy models were built in FeynRules [42]

for MadGraph [43]. To allow production, the Z ′ resonance must couple to some of the

SM quarks. This may occur either through charging some of the quarks under the U(1)′,

or through a higher dimension operator as an “effective Z ′" [44]. The former requires the

addition of new heavy fermions to cancel gauge anomalies, these can always be vector-like

under the SM and chiral under the U(1)′ [45], and alters the structure of the SM Yukawa

couplings. With some SM quarks charged under the U(1)′ the Yukawa couplings must either

become higher dimension operators, or the leptons will also carry a U(1)′ charge, leading to

strong constraints. The latter approach requires heavy fermions that mix with SM fermions,

these can be vector-like under both the SM and the U(1)′ but does not alter the rest of the

SM Lagrangian in anyway. For simplicity, we consider a flavor independent coupling of the

RH quarks to the Z ′, although other choices are also possible. Since it does not affect the

physics we are interested in, our toy models are not complete and do not contain either sets

of heavy fermions necessary to make the models consistent. Nor do we attempt a complete

description of the flavor structure of the SM fermions. Furthermore, we assume the Higgs

field that is responsible for breaking the U(1)′ is sufficiently massive that it does not play

a role in the following. How the Z ′ decays determines the final state topology; each case is

discussed below.

2.2.1 (qq)(``) Topological Model

This toy model contains two new scalars φ1 and φ2, that are charged under the Z ′. These

φ fields are not the mass eigenstates, instead they mix with one another to give the mass

eigenstates χ1 and χ2. In general there will be decays of Z ′ to all open channels i.e.χ1χ1,

χ1χ2, and χ2χ2. However, by judicious choice of the scalar charges and mixing angles, it is
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possible to build a toy model in which the Z ′ decays are restricted to jj along with χ1χ2

only, or χ1χ2 and one of χ1χ1 or χ2χ2.

To allow the scalars to decay we turn on some higher dimension operators of the form

λkij
φkX

n

Λ1+n `iHe
c
j where n is chosen to make the operator U(1)′ invariant and 〈X〉 6= 0. The

λ coefficients are a new source of flavor changing processes mediated by the φ’s, for which

there are strong constraints. If the λ are taken proportional to the SM Yukawa matrices then

the couplings of φ will be diagonal in the quark/lepton mass basis, which then means the

χ’s preferentially decay to heavy flavor. However, since we do not take advantage of flavor

tagging in this analysis, we make a simplifying assumption that instead the couplings of χ

are flavor universal in the quark and lepton mass bases.

Cross section for Z ′ production in pp collisions at
√
s = 14 TeV is given in Fig 2.5.

2.2.2 (qq`)` Topological Model

A model to describe this resonant structure begins with a new Z ′ boson, as above. In

addition, we include heavy vector-like pairs of leptons (L, Lc) that will mix with the right-

handed standard model leptons. Lc has the quantum numbers of the RH leptons under the

SM, i.e. Y = 1, and is charge 1 under the U(1)′, the L is the opposite under both. This mixing

is induced through operators involving the field, X, responsible for the Z ′ mass, λXLieci .

To avoid lepton flavor constraints we have included three generations of heavy vector-like

leptons and they mix with the SM RH leptons in a flavor universal fashion. However, when

investigating the reach at the LHC in this final state we will focus exclusively on ` = e.

This mixing term also allows the heavy leptons to decay, through an off shell X field. We

introduce higher dimension couplings of X to (down-type) quarks of the form λ′ij
X
Λ
qiHd

c
j ,

so that L → `q̄q and, as before, we take this coupling to be universal in the mass basis of

the quarks. Thus, the toy model under investigation is one in which the possible final states
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Figure 2.5: Cross section for Z ′ production at
√
s = 14 TeV, including all decay modes.
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of the Z ′ are dijets, L+L−, L±e∓, and e+e−, with the heavy leptons decaying as L± → e±qq̄.

For small mixing, ε, the couplings of these last three states are in the ratio 1 : ε : ε2, so

the strongly constrained dilepton rate can made parametrically small whilst maintaining an

interesting rate in L±e∓.

2.2.3 (q``)q Topological Model

A model describing the resonant structure (q``)q begins as well with a new Z ′ boson and is

very similar to the model for (qq̄`)`, but the heavy lepton L is replaced by a heavy quark,

Q, taken to have the SM quantum numbers of the dR, and X decays to leptons, Fig. 2.4.

The final states of the Z ′ are dijet, Qq̄, and QQ̄ if it is kinematically accessible. Thus, in

addition to the final state we are interested in there will be constraints from dijet resonance

searches as well as strong constraints from multilepton searches. Searches for a heavy quark

decaying as Q→ qZ can also be recast [46] to place bounds on this model.

2.3 Backgrounds to ``jj

In pp collisions, the dominant background in the ``jj final state to any of these new models

is Z/γ → `+`− in association with jets. Secondary backgrounds include diboson production

(WZ → qq′`+`− and ZZ → qq̄`+`−) and top-quark pair production (tt̄ → W+bW−b̄ →

`+νb`−νb̄). Other sources, such as W → `±ν in association with jets where one jet is

misidentified as a lepton, are minor in comparison and neglected here.

Events are simulated with madgraph5 [43] with pythia [47] for showering and hadroniza-

tion and delphes [48] for detector simulation. Table 2.1 and Fig. 2.6 shows the ex-

pected background yields at this stage. Next-to-leading order cross sections are used in

each case [49–51]. Throughout, limits are calculated using a frequentist asymptotic calcula-
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Table 2.1: Expected yield from background processes at
√
s = 14 TeV with L = 300 fb−1

after preselection requirements. Uncertainties are dominated by theoretical cross section
uncertainties.

Process ``+jj µµ+jj ee+jj
Z+jets (2.35± 0.1) · 107 (1.3± 0.1) · 107 (1.0± 0.1) · 107

ZZ (5.77± 0.3) · 104 (3.1± 0.2) · 104 (2.6± 0.1) · 104

WZ (8.68± 0.4) · 104 (4.6± 0.2) · 104 (4.0± 0.2) · 104

tt̄ (1.24± 0.1) · 105 (6.6± 0.4) · 104 (5.9± 0.3) · 104

Total (2.37± 0.1) · 107 (1.3± 0.1) · 107 (1.0± 0.1) · 107

tion [52,53].

We select events which satisfy the basic event topology:

• exactly two electrons or two muons, both with pT > 20 GeV and |η| < 2.5

• at least two jets, each with pT > 25 GeV and |η| < 2.5

In addition, we require 6ET < 100 GeV to partially suppress the tt̄ background at little cost

to the signal efficiency. This basic selection we refer to as our preselection. For each signal

hypothesis, we make further requirements on the reconstructed invariant masses. Note that

though the masses of the new particles are not specified, we can treat each potential set of

mass values as a distinct model with fixed mass parameters and optimize the selection to

those parameters. This raster scan approach is possible without look-elsewhere penalties in

the case of limit-setting; in the event of an excess in data, the calculation of its significance

would require accounting for the number of mass hypotheses considered.

2.4 Mass reconstruction and LHC Sensitivity

In each topology, there are combinatorial ambiguities in the assignment of reconstructed jets

to colored partons [54]. In the heavy lepton model, there is an additional ambiguity regarding
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Figure 2.6: Distribution of m`+`− in simulated events for background process contributing
to the ``jj final state in pp collisions at

√
s = 14 TeV with L = 300 fb−1, after preselection

requirements.
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which charged lepton is assigned to the decay of the heavy lepton, see Fig 2.3. To resolve

ambiguities, we use the separation ∆R =
√

∆φ2 + ∆η2 to either select decay products with

the smallest or largest opening angle depending on the kinematic configuration. Details are

given below in each case.

2.4.1 (``)(jj) topology

In the (``)(jj) topology, there are no lepton ambiguities, so the (``) system is well-defined.

In the case of the jets, if more than two jets are found there are several possibilities for the

(jj) system. The (jj) pair momentum balances the momentum of the (``) pair, and we

choose the pair of jets with largest ∆R(``, jj). Examples of reconstructed masses are shown

in Fig 2.7.

In addition to the preselection requirements above, we select events with reconstructed mass

values close to the true values, m`` ∈ [mχ1 − 25,mχ1 + 25], mjj ∈ [mχ2 − 100,mχ2 + 50], and

mlljj ∈ [mZ′ − 250,mZ′ + 100] GeV. Example distributions after mll and mjj requirements

can be seen for two examples in Fig 2.8. Efficiency of the final selection and expected upper

limits on σ(pp→ Z ′ → χ1χ2 → ``jj) can be seen in Fig 2.9.

Limits on cross section are shown in Fig 2.10 and converted into limits on the coupling

gZ′qq versus mZ′ in Fig 2.11 for two choices of BF(Z ′ → χ1χ2). The model as constructed

would give a signature in ``jj, but the new particles and interactions introduced would yield

signatures in other channels, where existing limits may also constrain the parameters of this

model. Specifically, Z ′ → χ1χ̄1 gives a ```` final state, while Z ′ → χ2χ̄2 gives a jjjj final

state and Z ′ → jj gives a di-jet final state.

Both CMS [55] and ATLAS [56] have SUSY-motivated searches for four leptons and with

and without missing energy using the full dataset. These results place strong constraint on

21



 [GeV]llm

0 100 200 300 400 500 600

F
ra

c
ti
o
n
 o

f 
E

v
e
n
ts

2
10

1
10

1

=50 GeVllm

=100 GeVllm

=200 GeVllm

=500 GeVllm

 [GeV]
jj

m
0 100 200 300 400 500 600

F
ra

c
ti
o
n
 o

f 
E

v
e
n
ts

2
10

1
10

=50 GeV
jj

m

=100 GeV
jj

m

=200 GeV
jj

m

=500 GeV
jj

m

 [GeV]
lljj

m
200 400 600 800 1000 1200 1400

F
ra

c
ti
o
n
 o

f 
E

v
e
n
ts

2
10

1
10

=150 GeV
Z’

m

=250 GeV
Z’

m

=500 GeV
Z’

m

=1250 GeV
Z’

m

Figure 2.7: In simulated Z ′ → χ1χ2 → ``jj events, the distribution of reconstructed invariant
``, jj and ``jj masses for several values ofmZ′ ,mχ1 andmχ2 . The normalization is arbitrary.
The shoulder in mjj is due to imperfect selection of the jet pair.

22



 [GeV]lljjm

150 200 250 300 350 400

E
v
e

n
ts

3
10

4
10

5
10

6
10

signal (100 pb)
Z+jets
ZZ
WZ
tt

Uncert

 [GeV]lljjm

350 400 450 500 550 600 650 700

E
v
e

n
ts

3
10

4
10

5
10

signal (10 pb)
Z+jets
ZZ
WZ
tt

Uncert
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events for two example mass points, after requirements on m`` and mjj in pp collisions at√
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bottom shows the case of mZ′ = 500 GeV, mχ1,χ2 = 100 GeV. In both cases, an arbitrary
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our 4` final state that contains no intrinsic missing energy. This constraint is stronger than

those coming from any other channel. However, as discussed earlier, it is possible that the

mixings of the scalars are such that Z ′ → χ1χ̄1 is forbidden and this strong constraint is

avoided; we focus on this possibility here. Both the Tevatron and LHC have searched for

4j final states [57–59]. These coloron searches can be recast in terms of our model. Finally,

there are bounds on dijet resonances [61–63], though exactly which analysis is strongest

depends sensitively on the mass of the Z ′ boson [36]. Using the constraints on a vector

boson of a gauged baryon number, gB, presented in Ref. [36] our coupling is bounded by

gZ′qq <∼ gB/6
√
BF (jj).

In order to compare the limits from all these searches we must assume something about

the branching ratios of the Z ′. As described earlier, the Z ′ must minimally decay to χ1χ2

and jj. Since the 4` mode is so constraining we consider the situation where this mode

is forbidden at tree level and further we make the simplifying assumption that branching

fractions to χ1χ2 and χ2χ2 are equal, with the remaining decay mode being back to dijets.

The constraints from the other modes, along with the results of our analysis, on the common
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Figure 2.9: In the (``)(jj) topology, selection efficiency and expected cross-section upper
limits versus mχ1 and mχ2 for several choices of mZ′ at

√
s = 14 TeV with L = 300 fb−1.

For small values of mχ2 , the efficiency is small due to jet pT requirements and jet resolution
effects. For values of mχ1 near mZ , the larger backgrounds lead to weakened limits.
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coupling of gZ′ are shown in Fig. 2.11 for two different choices of branching fraction.

2.4.2 `(`jj) topology

Resonance reconstruction in the `(`jj) topology begins with the identification of the two

jets produced in L→ `jj decay. If more than two jets are found in the event, the pair with

smallest ∆R(j, j) are chosen. The lepton with smaller ∆R(`, jj) is chosen to formmL = m`jj.

The second lepton then completes the system. Examples of reconstructed masses are shown

in Fig 2.12.

In addition to the preselection requirements above, we select events with reconstructed mass

values close to the true values, m``j ∈ [mL−100,mL+50], and mlljj ∈ [mZ′−250,mZ′+100].

The requirement that m`` > 120 GeV suppresses the Z-boson+jets background. Example

distributions after m`jj and m`` requirements can be seen for two examples in Fig 2.13. Note

that the dominant background, tt̄ → ``jj can be controlled by the mixed-flavor eµjj final
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the band reflects the variation with assumed mχ1 and mχ2 in pp collisions at

√
s = 14 TeV

with L = 300 fb−1.

state, or could be further suppressed by the application of a b-jet veto.

Efficiency of the final selection and expected upper limits on σ(pp→ Z ′ → `L→ `(`jj)) can

be seen in Fig 2.14.

As mentioned earlier, there are additional constraints coming from both dijet and dilepton

decays of the Z ′. We use the ATLAS search for a dileptonic resonance, using 20 fb−1 of

data [60]. The relevant dijet resonance search [61–63] depends upon the mass [36]. All of

these constraints are shown together in Fig 2.15, over most of the parameter space considered

the analysis outlined above provides the strongest constraint.

2.4.3 j(j``) topology

Resonance reconstruction in the j(j``) topology begins with the identification of the two

leptons produced in Q → j`` decay, for which there are no ambiguities. The jet with

smallest ∆R(j, ``) is chosen to form mQ = mj``, and the jet with largest ∆R(j, j``) is chosen
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to form mZ′ = m``jj. Examples of reconstructed masses are shown in Fig 2.16.

In addition to the preselection requirements above, we select events with reconstructed mass

values close to the true values, m`jj ∈ [mQ−100,mQ+50], andmlljj ∈ [mZ′−250,mZ′+100].

Again, a requirement of m`` > 120 GeV suppresses the Z-boson+jets background. Example

distributions after m``j and m`` requirements can be seen for two examples in Fig 2.17. As

with the `(`jj) topology, the dominant background of tt̄ could be suppressed further using a

b-jet veto and calibrated in data using the eµjj sample. The efficiency of the final selection

and expected upper limits on σ(pp→ Z ′ → jQ→ j(j``)) can be seen in Fig 2.18.

As before there are other search modes for this model in related final states that place

constraints on the same couplings. There are constraints coming from dijet decays of the

Z ′ [61–63]. There is a constraint from an ATLAS search for a heavy quark [64], using 1.04

fb−1 of 7 TeV data, where the singly produced heavy quark decays to a light quark and a

leptonic Z. Finally, there is a very strong constraint from LHC multilepton searches [55,56]

on the pair production of Q where each Q decays to a jet and two leptons. For the points in

parameter space where the decay of Z ′ → QQ̄ is kinematically accessible this is the strongest

constraint, but if MQ > MZ′/2 the multilepton final state is suppressed by three body phase

space and the mode searched for in this study becomes an important constraint. In Fig 2.19

we show the limit on the coupling gZ′qq coming from j(j``) as well as the strongest, over all

MQ at each MZ′ , of these other constraints. Over all of the parameter space considered the

heavy quark constraints are weakest, and the analysis described above is stronger than the

dijet constraints for much, but not all, of the parameter space. Although the multilepton

constraint appears to be the strongest for every Z ′ mass, it actually only applies for those

parameter points where MQ < MZ′/2.

28



 [GeV]lljjm

200 220 240 260 280 300 320 340

E
v
e

n
ts

3
10

4
10

5
10

signal (10 pb)
Z+jets
ZZ
WZ
tt

Uncert

 [GeV]lljjm

400 420 440 460 480 500 520 540 560 580 600

E
v
e

n
ts

3
10

4
10

signal (1 pb)

Z+jets

ZZ

WZ

tt

Uncert
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√
s = 14 TeV with L = 300 fb−1. For large mZ′ − mL, the

efficiency drops due to large transverse momentum of the L, which leads to small opening
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Figure 2.17: In the j(j``) topology, distribution of m``jj in signal and background events
for two example mass points, after requirements on mj`` and m`` at

√
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Figure 2.18: In the j(j``) topology, selection efficiency (top) and expected cross-section
upper limits (bottom) versus mZ′ and mQ at

√
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2.5 Conclusions

We have introduced a new approach, topological models, to systematically search for new

physics, which, in the absence of the discovery of a theoretically predicted new particle, can

point to new experimental search directions. Like the simplified model approach, we advocate

for minimal model descriptions to aid in the search for new phenomena. However, rather

than one or two simple models for a given final state, the topological models approach aims to

cover the complete space of topologies for a particular final state. By investigating all possible

kinematic combinations of final state particles, whether they be motivated by existing models

or not, additional discovery potential is unearthed. In addition to the completeness of

this approach, the characterization by final state resonance structure helps organize the

presentation of experimental results.

As an example, we consider the final state of ``jj. Some of the topologies that have been pre-

viously studied have only been analyzed under restrictive assumptions about the resonance

masses, we generalize this. Furthermore, we study those topologies, of the five possible,

that have not been studied before. We propose analysis techniques and study sensitivity for

a 14 TeV LHC with L = 300 fb −1. Both this generalization of existing searches and the

addition of new topologies, fill in gaps in experimental analyses where there exists potential

for discovery. Repeating this procedure on actual LHC data and in more final states can

potentially lead to untapped discoveries.
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Chapter 3

Searching for spin-3/2 leptons

Based on arXiv:1609.05251 [67]

3.1 Introduction

A major open question in modern particle physics is whether the standard model fermions

are fundamental particles, or whether they are composite, such as stable states of more

fundamental particles [68] [69] [70] [71] [72].

Such compositeness could be identified by the observation of excited states, which has been

studied in depth [73]. Here, we propose an alternative possibility, the existence of vector-like

spin-3/2 copies of the standard model fermions, in which the left- and right-handed fermions

have identical charges.

In this chapter, we propose such a model, discuss the potential signals at the Large Hadron

Collider (LHC) and apply existing LHC data to calculate constraints on the mass of spin-3/2

leptons.
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3.2 Theory

We assume that the new spin-3/2 lepton fields are charged identically to the standard model

leptons but are vector-like; specifically, the right- and left-handed fields couple identically,

for otherwise the model would be heavily constrained by a combination of constraints from

electroweak precision data and Higgs boson observables [74]. This still leaves two options:

the leptons can be SU(2) doublets, which means they will couple to all electroweak bosons,

or SU(2) singlets, which means they will only couple to photons and Z bosons. The doublet

model will be the focus of this study due to its richer structure; we will supplement it with

effective operators that allow for decays.

The Lagrangian for such a model can be written as:

L = Lfree + Lgauge + Lvector (3.1)

The first two terms contain the mass and kinetic terms and are given by

Lfree + Lgauge = εµνρσL̄∗µγ5γσDνL
∗
ρ + imLL̄

∗
µγ

µνL∗ν (3.2)

where D is the covariant derivative, γµν ≡ i
2
[γµ, γν ], ` can be either e, µ, or τ and the

∗ denotes the spin-3/2 leptons. If we expand the derivative term, the free part of the

Lagrangian will be

Lfree = εµνρσ(`∗+µ γ5γσ∂ν`
∗−
ρ + ν̄∗`µγ5γσ∂νν

∗
`ρ)

+imL`
∗+
µ γµν`∗−ν + imLν̄

∗
`µγ

µνν∗`ν (3.3)

37



Note that the charged and neutral components have the same mass (mL) due to SU(2) gauge

invariance. Expanding the covariant derivative we get the interactions with the standard

model vector bosons which, after electroweak symmetry breaking, look like

Lgauge = εµνρσ[2ieW
(
W+
ν ν̄
∗
`µγ5γσ`

∗−
ρ +W−

ν `
∗+
µ γ5γσν

∗
`ρ

)
+

ie(−1
2

+ s2
W )

sW cW
Zν`

∗+
µ γ5γσ`

∗−
ρ

+
ie

2sW cW
Zν ν̄

∗
`µγ5γσν

∗
lρ

+ −ieAν`∗+µ γ5γσ`
∗−
ρ ] (3.4)

where all couplings are well measured electroweak parameters given approximately by

e =
√

4πα ' 0.3

eW ≡ e

sW2
√

2
' 0.2

sW ≡ sinθW ' 0.5

cW ≡ cosθW ' 0.9

Next, we move to the effective operators without which the new fields would be stable; note

that the charged and neutral components of the new leptons have identical masses. Since

the compositeness scale is higher than the electroweak scale, it makes more sense to write

down operators that respect the underlying SU(2) symmetry of the theory which reduces the

number of allowed terms and parameters. For concreteness and simplicity we will assume

only the following effective operators
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Lvector = − i
2

1

ΛB

Bµν(L̄∗µγνL+ L̄γνL
∗
µ)

+
i

2

1

ΛW

W µνa(L̄∗µσaγνL+ L̄σaγνL
∗
µ)

≡ − i
2
gBB

µν(L̄∗µγνL+ L̄γνL
∗
µ)

+
i

2
gWW

µνa(L̄∗µσaγνL+ L̄σaγνL
∗
µ) (3.5)

where ΛB and ΛW are scales generated by some UV physics to which we are oblivious.

Note that we assume a field definition where the off-shell parameters have already been

absorbed [75].

Other operators that we could have considered are 4-fermion operators involving both new

and standard model fields, in which case the final state leptons are direct decay products

of the spin-3/2 fields rather than secondary particles making them easier to detect. Alter-

natively we could have chosen electroweak symmetry breaking operators that lead to mass

splitting between the neutral and charged fields allowing one to decay to the other. We leave

an exploration of such possibilities for future work.

3.3 Bounds

Since the new fields are vector-like and do not couple to the Higgs at tree level, their elec-

troweak charge causes no conflict with measurement of S, T, U parameters [76] [77] (or,

effectively, the electroweak bosons’ self-energy). The effective operators are, in principle,

constrained by measurements of the anomalous magnetic moment of charged leptons, es-

pecially that of the muon [1]. Such constraints can easily be avoided if the couplings gB

and gW are sufficiently small. Ensuring that these couplings are small also ensures that the
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effective operators do not compete with the gauge interactions in the production of the new

fermions. On the other hand, if the couplings are too small the new fields would correspond

to particles with long lifetimes and would be severely constrained by long-lived charged par-

ticle searches [78] [79] [80]. The range 10−9 GeV−1 < gB, gW < 10−4 GeV−1 satisfies these

requirements and we will assume such values for the remainder of the chapter. We emphasize

that the exact values are, for a given ratio of gB and gW , unimportant since they modify

neither the branching ratios nor the production rate.

Collider bounds on spin-1/2 vector-like leptons are potentially applicable, but the degree

to which this statement is true depends heavily on the production and decay modes. For

instance, if the production of the new fields is through novel operators [81] then the limits

are difficult to recast into our model where we rely on Standard-Model-like electroweak

production. We are also not interested in searches for long-lived leptons [78] since we will

always assume our fields to decay promptly.

There have been searches for models with production channels identical to ours and with

overlapping final states [82] [83]. Such searches could be recast as limits on certain decay

channels in our model. However, these particular decay channels may be small depending

on our choice of effective couplings, and even in the most ideal scenarios the results could be

improved by taking advantage of the additional channels that exist in our model. Moreover,

it is possible that the difference in kinematics due to the higher spin are significant enough

to alter the limits, so it is worthwhile to study this particular case as an addition to what

has already been done in the literature.
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3.4 Collider Phenomenology

The production of the new fields is predominantly through Drell-Yan pair production with

electroweak gauge bosons as mediators (see Fig. 3.1), and the cross sections are fixed by

standard model couplings for a given mass. As explained earlier, the couplings of the effective

operators are chosen to be small enough to contribute sub-dominantly to production even

at the highest mass considered.

W+

e*+

Figure 3.1: Production modes of the spin-3/2 leptons via standard model electroweak bosons.

The pairs that can be produced are l∗+l∗−, ν̄∗l ν∗l , l∗+ν∗l , and l∗−ν̄∗l , with the last two being

the most common since W production at the LHC is the larger of the three bosons. As for

decays, the effective operators open up a variety of channels. The allowed decays are shown

in the table below.

Table 3.1: Allowed decay modes for spin-3/2 leptons `∗ and ν∗.

`∗− Z`− γ`− W−ν` W−Zν` W−γν` W+W−`−

ν∗` Zν` γν` W+`− W+Z`− W+γ`− W+W−ν`

By contrived choices of gW and gB we can turn off one of the decays in the first two columns.

All the other columns depend only on gW and can only be turned off by setting it to zero,

in which case the decays in the first two columns must either be all on or all off. One good

feature of this set of decays is that there will always be some visible decay products, even if

we produce a pair of spin-3/2 neutrinos.

In this work will limit ourselves to 2-body decays including electron and muons, which results
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in promising signals; we leave the photon channels for a future work. We will place the limits

on the benchmark points listed in Table 3.2 where the forbidden decay channel is indicated

in each case.

Benchmark Point gW : gB Forbidden Channels
1 1 : 1 None
2 cW : sW ν∗ → γν
3 cW : -sW e∗ → γe
4 sW : cW e∗ → Zν
5 sW : -cW ν∗ → Zν
6 0 : 1 All decays including W’s

Table 3.2: The ratios of gW and gB and the main decay feature of each benchmark point

3.5 Limits from LHC data

Assuming production via an intermediate electroweak boson and the decays given in Ta-

ble 3.1, there are ten distinct production modes for the LHC:

W → `∗ν∗ → Z`Zν,WνZν,WνW`, Z`W`

Z → `∗`∗ → Z`Z`,WνWν,Z`Wν

Z → ν∗ν∗ → ZνZν, ZνW`,W`Wν

which generate final states including many charged leptons, which offer low background rates

at the LHC.

We apply selections from the same-sign 2` [84] and 3` [21] searches at ATLAS. We provide

a brief summary below of the signal regions considered.

For the 2` search, the final states e±e±, e±µ± and µ±µ± are considered in categories defined
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Figure 3.2: Distribution of H leptons
T for simulated spin-3/2 lepton samples; the selection re-

quired H leptons
T > 500 GeV. The left pane shows the case where only electrons are considered;

the right pane shows the case where electrons and muons are considered.

by the dilepton invariant mass.

For the 3` search, events are classified using the three highest-pT selected leptons, distinguish-

ing between those that do not contain an opposite-sign same-flavour pair (denoted no-OSSF)

and those that do contain an OSSF pair, which are further subdivided into on-Z and off-Z

based on the dilepton and three highest-pT selected leptons invariant mass. For each cat-

egory, there are several signal regions used to characterize events based on the quantities:

H leptons
T , the scalar sum of the transverse momentum pT of the three leptons used to cate-

gorize the event; p`,min
T , the minimum transverse momentum pT of the three leptons used to

categorize the event; Emiss
T , the missing transverse momentum; meff, the scalar sum of Emiss

T ,

H jets
T , and the pT of all identified leptons in the event; and mW

T =
√

2p`TE
miss
T (1− cos(∆φ)),

defined only for on-Z events. For the transverse mass, p`T corresponds to the transverse

momentum of the highest-pT lepton not associated to a Z boson candidate and ∆φ is the

azimuthal angle between the highest-pT lepton not associated to a Z boson candidate and

the missing transverse momentum Emiss
T .
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Simulated samples of spin-3/2 leptons were generated with madgraph5 [85] [86] using model

files generated through FeynRules [42], and the decays were performed through pythia [87]

for a variety of `∗ and ν∗ masses under two scenarios. First, we consider the simple case in

which `∗ = e∗ and ν∗ = ν∗e ; second, we extend to the second generation and allow `∗ = e∗, µ∗,

ν∗ = ν∗e , ν
∗
µ. For both, we set me∗ = mv∗e = mµ∗ = mv∗µ . We generated samples of production

cross sections and decay widths for a range of masses and combined them according to each

of the six coupling benchmarks described in Table 3.2.

From among the signal regions in the two ATLAS searches described above, we choose the

SR which gives the most powerful expected limits: H leptons
T > 500 GeV for OSSF off-Z.

Distributions of H leptons
T in simulated samples after all selection requirements are made are

shown in Fig. 3.2.

According to Ref. [21], the expected backgrounds are 3.7±0.9 events, with one event observed

in data. These give expected (observed) limits of 0.26 (0.18) fb on the visible cross section, at

95% confidence level. To calculate limits on the total cross section, we follow the prescription

provided in Ref. [21], dividing by the total efficiency as shown Fig. 3.3. Observed and

expected limits are shown in Fig. 3.4 and Fig. 3.5, respectively.

3.6 Conclusions

We investigated the sensitivity of existing LHC data to a model of spin-3/2 leptons. Such

fields are possible within the context of fermion compositeness which is well studied in the

literature. We focused on a scenario where the new fields are dominantly produced by Drell-

Yan processes through electroweak bosons and promptly decay through effective operators

to electroweak bosons and standard model leptons of the same flavor as the new fields.

We looked at final states resulting in same-sign 2` or 3` and found comparable limits for
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Figure 3.3: Overall efficiency of the selection defined in Ref. [21] which requiresH leptons
T > 500

GeV for OSSF off-Z, as a function of the spin-3/2 lepton mass. The left pane shows the
case where only electrons are considered; the right pane shows the case where electrons and
muons are considered.

each. The new fields are ruled out at the 95% confidence level for masses up to about 560

GeV for one new field with electron flavor, and up to about 620 GeV for two new, mass

degenerate fields, one with electron flavor and one with muon flavor. We expect to get more

stringent limits if we include the photon channel.
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Figure 3.4: Observed and expected limits as a function of `∗ and ν∗ mass, in the case of
`∗ = e∗, ν∗ = ν∗e
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Figure 3.5: Observed and expected limits as a function of `∗ and ν∗ mass, in the case of
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Chapter 4

Reviving bino dark matter with

vectorlike fourth generation particles

Based on arXiv:1510.06089 [88] and arXiv:1608.00283 [89]

4.1 Introduction

Supersymmetric extensions of the standard model are well-motivated by three promising

features that were first identified over three decades ago. First, supersymmetry (SUSY)

softens the quadratically-divergent contributions to the Higgs boson mass, reducing the

fine-tuning needed to explain the difference between the electroweak scale and the Plank

scale [90–93]. Second, the minimal supersymmetric standard model (MSSM) provides the

required new field content to improve the unification of gauge couplings [94–97]. And third,

with the addition of R-parity, supersymmetric extensions contain stable neutralinos, which

are natural candidates for weakly-interactiong massive particle (WIMP) dark matter [98,99].

The lack of direct evidence for supersymmetry, particularly after Run I of the LHC, has

excluded some supersymmetric models, but not others [100, 101], and it remains important
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to develop supersymmetric models that continue to have the potential to realize the original

motivating promises. In this study, we consider MSSM4G models in which the MSSM is

extended to include vector-like copies of standard model particles. These models have been

considered previously for their promise of raising the Higgs boson mass to the observed value

without extremely heavy superpartners. We will show that these models also restore Bino-

like neutralinos as excellent dark matter candidates in a broad range of parameter space

that simultaneously preserves gauge coupling unification and satisfies all constraints from

new physics searches and Higgs, electroweak, and flavor physics.

In the non-supersymmetric context, the possibility of a 4th generation of fermions has been

considered at least since the 3rd generation was discovered. The multiple deaths and re-

births of this idea are nicely summarized in Ref. [74]. Briefly, in the 1990’s a 4th generation

of chiral, or sequential, fermions was severely constrained by precision electroweak measure-

ments at LEP, as parametrized, for example, by the S, T , and U parameters of Peskin

and Takeuchi [77, 102]. These constraints excluded degenerate chiral fermions, which have

vanishing contributions to T [103], but non-degenerate chiral fermions that contribute to

both S and T in a correlated way remained viable [104]. The status of chiral 4th generation

fermions changed once again, however, with the advent of Higgs physics at the LHC. Since

chiral fermions must get their mass from interactions with the Higgs boson, they contribute

to Higgs production through gluon fusion if they are colored and to Higgs diphoton decay if

they are electrically charged. These contributions are famously non-decoupling, and current

constraints exclude chiral 4th generation fermions up to perturbative values of the Yukawa

couplings. Although loopholes still exist, for example, in models with extended Higgs sec-

tors [105], even these possibilities are now severely constrained by the rapid improvements

in precision Higgs measurements, and chiral 4th generation fermions are now essentially

excluded.

The situation is completely different, however, for vector-like 4th generation fermions. They
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can be added in any combination, as vector-like fermions do not contribute to anomalies,

and they may get masses without coupling to the Higgs boson, so their contributions to

Higgs production and decay do decouple, and they may rather easily satisfy bounds from

precision Higgs measurements. This also means that they do not contribute to electroweak

symmetry breaking effects at leading order, which keeps them safe from precision electroweak

constraints. Models with vector-like 4th generation fermions therefore remain viable, and

such models have been studied for a variety of reasons [106].

In the context of supersymmetry, the possibility of vector-like 4th generation particles

takes on added significance. As is well-known, the measured Higgs boson mass, mh =

125.09± 0.21± 0.11 GeV [107], implies there must be large radiative corrections [108–110].

In the MSSM, this typically requires heavy squarks, which, barring some explanation, strain

naturalness. But 4th generation fermions and their scalar superpartners also contribute ra-

diatively to the Higgs boson mass, reducing the need for very heavy superpartners. This

was first noted long ago [111, 112] and has gained increasing attention through the years

as the lower bound on the Higgs boson mass has grown [113–132]. At the same time, in

supersymmetry, 4th generation extensions are highly constrained if one requires that they

preserve gauge coupling unification and raise the Higgs mass significantly. These aspects

have been discussed at length, for example, in Ref. [115], where the different possibilities

for vector-like fermions were explored exhaustively with respect to their ability to increase

the Higgs mass, while maintaining gauge coupling unification and avoiding bounds from

electroweak precision data.

In this study, we show that, in supersymmetry, vector-like 4th generation particles are also

motivated cosmologically. In many well-motivated supersymmetric models, renormalization

group evolution or other effects imply that the Bino is the lightest gaugino, and so it is

the lightest neutralino in “half” of parameter space (with the Higgsino being the lightest

in the rest of parameter space). Pure Binos do not annihilate to W or Z bosons, and
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they annihilate to standard model fermions only through t-channel sfermions. For these

annihilation channels to be sufficiently efficient that Binos do not overclose the Universe,

Binos must be lighter than about 300 GeV [133, 134]. Such light Binos are now excluded

in many cases by results from the LHC. For example, searches for gluino pair production,

followed by decays to neutralinos, exclude neutralino masses below 300 GeV, provided the

gluinos are lighter than 1.4 TeV and not highly degenerate with the neutralinos [135, 136].

Light neutralinos produced in squark decays are similarly excluded [135,136]. These bounds

have loopholes. For example, if neutralinos are degenerate with staus to within 5%, they

co-annihilate in the early Universe and may be as heavy as 600 GeV without overclosing the

Universe [137,138]. Such possibilities are currently viable, and will be probed completely in

the upcoming LHC run [139–141]. However, barring such degeneracies and other accidental

mass arrangements, Bino dark matter in the MSSM is now significantly constrained.

Here we will show that vector-like copies of 4th (and 5th) generation fermions open up

new annihilation channels for the Bino, reducing its thermal relic density to the measured

value or below. These new channels are extremely efficient, with even a single 4th generation

lepton channel dominating over all MSSM channels combined. Binos are therefore restored as

excellent dark matter candidates in regions of parameter space where naturalness is improved,

gauge coupling unification is preserved, and all constraints are satisfied. Dark matter in 4th

generation supersymmetry models has been discussed previously. In Refs. [16, 142], for

instance, 4th generation neutrinos were considered as dark matter candidates. In Refs. [120,

121], neutralinos were shown to be viable dark matter candidates when highly degenerate

with co-annihilating sleptons. To our knowledge (and surprise), there are no discussions in

the literature of the effects of vector-like 4th generation particles on the thermal relic density

of Binos in the generic, non-co-annihilating case, which is the focus of this study.

In the final part of this chapter, we determine the prospects for discovering MSSM4G models

at dark matter and collider experiments. The possibility of heavy Binos with the correct
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thermal relic density is not realized in the MSSM, and so is not very well studied. As we

will see, for direct detection, the scattering of Binos is highly suppressed, first by Yukawa

couplings, as is typical of “Higgs-mediated" dark matter candidates, but, second, also by the

smallness of the Higgsino component of the dark matter. The predicted cross sections are

typically below current bounds, but are above the neutrino floor, making MSSM4G dark

matter ideal targets for future searches. In short, direct detection eliminated “Z models"

long ago, are currently exploring “Higgs models," and will soon probe these “Bino models"

on their way to the neutrino floor.

For indirect detection, MSSM4G dark matter annihilates to 4th-generation leptons, which

then decay to W , Z, and h bosons and SM leptons. We examine the prospects for detecting

these decays through charged particles, neutrinos, and gamma rays, and find particularly

promising prospects for future gamma-ray experiments, such as the Cherenkov Telescope

Array (CTA), when the 4th-generation leptons are heavy or when they decay to taus.

Last, we examine the prospects for colliders. In contrast to the conclusions for CTA, the LHC

is most promising when the 4th-generation leptons are light and decay either to electrons

only or muons only. When they are heavy or decay to taus, even the high luminosity LHC

with 3 ab−1 cannot discover new particles in the parameter region favored by thermal relic

density constraints [143]. The LHC and CTA regions of sensitivity are therefore highly

complementary. We also consider the prospects for TeV-scale lepton colliders, such as the

International Linear Collider (ILC).

The chapter is organized as follows. In Sec. 4.2 we present the particle content, simplifying

assumptions, and existing bounds for the 4th generation models we will study. Simply

requiring that the vector-like 4th generation particles preserve gauge coupling unification and

contribute significantly to the Higgs boson mass reduces the number of models to consider

to essentially two. We then examine these two models in detail in Secs. 4.3 and 4.4, where

we present out results for the relic density and Higgs mass, respectively. We then consider
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discovery signals in direct detection, indirect detection, and colliders in Secs. 4.5, 4.6, and

4.7, respectively, and present our conclusions in 4.8.

4.2 The Model

4.2.1 Particle Content

The standard model, supplemented by right-handed neutrinos, includes quark isodoublets

(doublets under the weak isospin SU(2) gauge group) Q, up-type quark isosinglets U , down-

type quark isosinglets D, lepton isodoublets L, charged lepton isosinglets E, and neutrino

isosinglets N . Beginning with the MSSM, we add vector-like copies of these fermions (and

their superpartners). By this we mean adding both left- and right-handed versions of fermions

whose SU(2)×U(1)Y charges are identical to one of the standard model fermions. As we are

only considering vector-like extensions here, as a shorthand, we will list only one of the chiral

fields, with the chiral partner implicitly included. Thus, for example, a model with an extra

Q (or 5) multiplet implicitly also includes its chiral partner Q̄ (or 5̄).

Gauge anomalies cancel within each vector-like pair, so there is no need to add a full gen-

eration at once. This would seem to lead to a Pandora’s box of possibilities. However, the

number of models to consider may be greatly reduced simply by requiring that the new

particles preserve gauge coupling unification and contribute significantly to raising the Higgs

boson mass.

To preserve gauge coupling unification, we begin by considering only full SU(5) multiplets,

that is, 1, 5, and 10 multiplets. Using 1-loop renormalization group equations (RGEs), the

gauge couplings remain perturbative up to the GUT scale with a full vector-like generation

of 5+10, but this is not true when 3-loop RGEs are used [115]. Thus, gauge coupling
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unification reduces the remaining possibilities to either one 10 multiplet or one, two, or

three 5 multiplets (plus any number of singlets).

The 5 multiplets contain D and E fields. To raise the Higgs boson mass, these fields must

couple to the Higgs field. The D field would require a Q field, which would bring in an entire

10, ruining gauge coupling unification. The E field requires only an N , which is consistent

with gauge coupling unification. However, as shown in Ref. [115], perturbativity up to the

GUT scale requires that lepton Yukawa couplings be at most h = 0.75. The contribution of

Ng = 3 extra generations of leptons/sleptons to the Higgs boson mass scales as Ngh
4 . 1;

this is to be compared with the contribution from Nc = 3 colors of top quarks/squarks in

the MSSM, which scales as Ncy
4
t ≈ 3. Extra lepton generations can therefore help raise the

Higgs mass to its measured value only if the sleptons have extremely large masses, leading to

extra fine-tuning, which defeats one of the primary purposes of adding a 4th generation [115].

This leaves us with only one possibility, adding a 10 and any number of 1s. The singlets do

not impact gauge coupling unification, cannot interact through Yukawa couplings with the

Higgs boson in this model, and do not couple to Bino dark matter, and so have no effect;

we will therefore omit them. The resulting model, known as the QUE model, is consistent

with perturbative gauge coupling unification and can raise the Higgs boson mass through

the HuQU interaction with a significant Yukawa coupling.

The additional particles in the QUE model are

Dirac fermions: T4, B4, t4, τ4 (4.1)

Complex scalars: T̃4L, T̃4R, B̃4L, B̃4R, t̃4L, t̃4R, τ̃4L, τ̃4R , (4.2)

where the subscripts 4 denote 4th generation particles, upper- and lower-case letters denote

isodoublets and isosinglets, respectively, and L and R denote scalar partners of left- and

right-handed fermions, respectively. The SUSY-preserving interactions are specified by the
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superpotential

WQUE = MQ4Q̂4
ˆ̄Q4 +Mt4 t̂4

ˆ̄t4 +Mτ4 τ̂4 ˆ̄τ4 + kĤuQ̂4
ˆ̄t4 − hĤd

ˆ̄Q4t̂4 , (4.3)

where the carets denote superfields, Q̂4 = (T̂4, B̂4) is the quark isodoublet, t̂4 and τ̂4 are the

quark and lepton isosinglets, and the vector-like masses MQ4 , Mt4 , and Mτ4 and the Yukawa

couplings k and h are all free parameters. We also assume small but non-vanishing mixings

of these fields with, say, 3rd generation fields, so that the 4th generation fermions decay and

are not cosmologically troublesome. These have relevance for collider physics, but are not

significant for the topics discussed here and so are not displayed. Finally, there are the soft

SUSY-breaking terms

LQUE = −m2
Q̃4
|Q̃4|2 −m2

˜̄Q4
| ˜̄Q4|2 −m2

t̃4
|t̃4|2 −m2

˜̄t4
|˜̄t4|2 −m2

τ̃4
|τ̃4|2 −m2

˜̄τ4
|˜̄τ4|2

−At4HuQ̃4
˜̄t4 − Ab4Hd

˜̄Q4t̃4 −BQ4Q̃4
˜̄Q4 −Bt4 t̃4

˜̄t4 −Bτ4 τ̃4 ˜̄τ4 , (4.4)

where all the coefficients are free, independent parameters.

If one drops the GUT multiplet requirement, there is another possibility consistent with per-

turbative gauge coupling unification [115]: the QDEE model, with the U of the 10 replaced

by a D, and an additional (5th generation) E. This model also (accidentally) preserves

gauge coupling unification and raises the Higgs mass through the HdQD interaction, and we

will include it in our analysis.

With notation similar to that above, the QDEE model has the extra particles

Dirac fermions: T4, B4, b4, τ4, τ5 (4.5)

Complex scalars: T̃4L, T̃4R, B̃4L, B̃4R, b̃4L, b̃4R, τ̃4L, τ̃4R, τ̃5L, τ̃5R . (4.6)
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The superpotential is

WQDEE = MQ4Q̂4
ˆ̄Q4 +Mb4 b̂4

ˆ̄b4 +Mτ4 τ̂4 ˆ̄τ4 +Mτ5 τ̂5 ˆ̄τ5 + kĤuQ̂4
ˆ̄b4 − hĤd

ˆ̄Q4b̂4 , (4.7)

and the soft SUSY-breaking terms are

LQDEE = −m2
Q̃4
|Q̃4|2−m2

˜̄Q4
| ˜̄Q4|2−m2

b̃4
|b̃4|2−m2

˜̄b4
|˜̄b4|2−m2

τ̃4
|τ̃4|2−m2

˜̄τ4
|˜̄τ4|2−m2

τ̃5
|τ̃5|2−m2

˜̄τ5
|˜̄τ5|2

−At4HuQ̃4
˜̄b4 − Ab4Hd

˜̄Q4b̃4 −BQ4Q̃4
˜̄Q4 −Bb4 b̃4

˜̄b4 −Bτ4 τ̃4 ˜̄τ4 −Bτ5 τ̃5 ˜̄τ5 . (4.8)

4.2.2 Simplifying Assumptions

Although we have reduced the number of models we consider to two fairly minimal ones, in

each model there are still a large number of new parameters. To make progress and present

our results, we make a number for simplifying assumptions about the weak-scale values of

these parameters.

For both models, we choose the ratio of Higgs vacuum expectation values to be tan β = 10,

a moderate value that makes the tree-level Higgs mass near its maximal value. To maximize

the radiative corrections from the 4th generation quark sector, we fix the up-type Yukawa

couplings to be at their quasi-fixed point values: k = 1.05 in the QUE model and 1.047 in

the QDEE model [115]. The down-type Yukawa couplings h have lower quasi-fixed point

values. They can boost the Higgs boson mass if h < 0, but their effects are suppressed by

tan β and so typically quite subdominant; for simplicity, we set h = 0. We also assume |µ| is

sufficiently large that the lightest neutralino is the Bino B̃. Finally, we choose A-parameters

such that there is no left-right squark mixing, that is, At4−µ tan β = 0 and Ab4−µ cot β = 0,

and assume the 4th generation B-parameters are negligible.

For the QUE model, we assume spectra of the extra fermions and sfermions that can be

56



specified by 4 parameters: the unified (weak-scale) squark, slepton, quark, and lepton masses

mq̃4 ≡ mT̃4L
= mT̃4R

= mB̃4L
= mB̃4R

= mt̃4L
= mt̃4R

(4.9)

m˜̀
4
≡ mτ̃4L = mτ̃4R (4.10)

mq4 ≡ mT4 = mB4 = mt4 (4.11)

m`4 ≡ mτ4 . (4.12)

Strictly speaking, some of these relations cannot be satisfied exactly, as quarks (squarks) that

are in the same isodoublet have SU(2)-preserving masses specified by the same parameters,

and their physical masses are then split by electroweak symmetry breaking. However, these

splittings are small compared to the masses we will consider and so ignoring them will have

little impact on our relic density results.

For the QDEE model, we also assume 4 unifying masses

mq̃4 ≡ mT̃4L
= mT̃4R

= mB̃4L
= mB̃4R

= mb̃4L
= mb̃4R

(4.13)

m˜̀
4
≡ mτ̃4L = mτ̃4R = mτ̃5L = mτ̃5R (4.14)

mq4 ≡ mT4 = mB4 = mb4 (4.15)

m`4 ≡ mτ4 = mτ5 . (4.16)

Finally, for both models, we assume that the Bino is lighter than all squarks and sleptons so

that it is the lightest supersymmetric particle (LSP), but heavier than at least some fermions,

so that it can annihilate to them and reduce its thermal relic density. For simplicity, we

assume the mass ordering

mq̃4 ,m˜̀
4
,mq4 > mB̃ > m`4 , (4.17)

so that Binos annihilate to 4th generation leptons, but not 4th generation quarks. As we

will see, the addition of the 4th generation lepton channels is enough to reduce the Bino relic
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density to allowed levels. This ordering also allows the colored new particles to be heavy

enough to avoid LHC bounds.

4.2.3 Existing Bounds

We have included a Higgs-Yukawa term for the vector-like up-type quarks, even though these

already have vector-like masses. The motivation, of course, is to induce corrections to the

Higgs boson mass. One has to worry, though, that such couplings could violate electroweak

constraints. In Ref. [115], however, it is shown that already for 350 GeV vector-like up-type

quarks, the contributions to the STU parameters are within the 1σ exclusion contours, and

the contributions are even smaller for the heavier masses that yield the correct relic density.

Another reason one might worry about the Higgs terms is constraints from Higgs physics,

namely Higgs production and decay through triangle diagrams with fermions in the loop. As

mentioned in the introduction, for chiral fermions, the linear relation between the fermion

mass and the Higgs Yukawa slows down the decoupling of those triangle diagrams as the

fermion mass is increased so that, by the time the experimental constraints are satisfied, the

Yukawa coupling are non-perturbative [106]. Adding a vector-like mass makes these triangle

diagrams decouple more quickly. However, there are still some limits from the LHC Higgs

data, which we take from Ref. [106]. According to their analysis, vector-like quarks of about

1 TeV are (barely) safe from experimental limits. Note however that their fit is based on a

model with both up- and down-type isosinglets, so their limits will be weaker when applied

to our models, where either the down-type or up-type isosinglet is missing. The authors also

perform a fit to the STU parameters that confirms our conclusions based on Ref. [115] that

our model is safe.

Last, as noted above, to allow the 4th generation fermions to decay and so satisfy cosmological

bounds, we assume that they mix with MSSM fields. In general, the 4th generation fields may
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then induce magnetic or electric dipole moments or mediate flavor-violating observables for

fermions in the first 3 generations. We will assume that these mixings are minute, however,

and dominantly with the 3rd generation, where bounds are weak and easily consistent with

the lifetime requirement from cosmology.

4.3 Relic Density

With the assumptions of Sec. 4.2.2, there are now new dark matter annihilation processes:

B̃B̃ → τ+
i τ
−
i , mediated by t- and u-channel sleptons τ̃iL and τ̃iR, where i = 4 for the QUE

model and i = 4, 5 for the QDEE model. These new channels increase the thermally-averaged

annihilation cross section 〈σv〉, which may reduce the Bino thermal relic density ΩB̃h
2 to

acceptable levels even for large and viable Bino masses.

For the present purposes, it suffices to calculate the relic density using the approxima-

tion [144]

ΩB̃h
2 = 1.07× 109 GeV−1 xf√

g∗mPl a [1 + b/(2axF )]
(4.18)

xF = ln r − 1

2
ln (ln r) + ln (1 + b/ ln r) (4.19)

r = 0.038
g

√
g∗mPlmχa

, (4.20)

where xF = mB̃/TF , the ratio of the dark matter mass to the freezeout temperature TF , g∗

is the number of massless degrees of freedom at freezeout, g = 2 is the number of degrees of

freedom of the Bino, mPl ' 1.22× 1019 GeV is the Planck mass, and a and b are the S- and

P -wave cross section coefficients given below. For the parameters of interest here, we find

xF ≈ 24, and so TF is between the W and b masses and g∗ ≈ 87.25. The current bound on

the dark matter relic density is ΩDMh
2 = 0.1199 ± 0.0022 [13]. Equation (4.18) is accurate

to 5% [144] or better, and we will require ΩB̃h
2 = 0.12 to within a fractional accuracy of
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10%.

The cross section for B̃B̃ → f+f− mediated by t- and u-channel sfermions f̃L,R with masses

mL,R and hypercharges YL,R is

dσ

dΩ

∣∣∣∣
CM

=
1

256π2s

√
s− 4m2

f

s− 4m2
B̃

∑
i,f

|M|2 (4.21)

∑
i,f

|M|2 =
1

4
g4
Y Y

4
L

[
(m2

B̃
+m2

f − t)2

(m2
L − t)2

+
(m2

B̃
+m2

f − u)2

(m2
L − u)2

−
2m2

B̃
(s− 2m2

f )

(m2
L − t)(m2

L − u)

]

+
1

4
g4
Y Y

4
R

[
(m2

B̃
+m2

f − t)2

(m2
R − t)2

+
(m2

B̃
+m2

f − u)2

(m2
R − u)2

−
2m2

B̃
(s− 2m2

f )

(m2
R − t)(m2

R − u)

]

+
1

2
g4
Y Y

2
LY

2
Rm

2
f

[
4m2

B̃

(m2
L − t)(m2

R − t)
+

4m2
B̃

(m2
L − u)(m2

R − u)

−
s− 2m2

B̃

(m2
L − t)(m2

R − u)
−

s− 2m2
B̃

(m2
L − u)(m2

R − t)

]
, (4.22)

where gY ' 0.35 is the U(1)Y gauge coupling.

Multiplying this differential cross section by the relative velocity v, expanding in powers of

v, integrating over angles, and carrying out the thermal average, we find

〈σv〉 = a+ b x−1
F (4.23)

a =
g4
Y

128π

m2
f

mB̃

√
m2
B̃
−m2

f

[
Y 4
L

∆2
L

+
Y 4
R

∆2
R

+
2Y 2

LY
2
R

∆L∆R

]
(4.24)

b =
g4
Y

512π

1

mB̃

√
m2
B̃
−m2

f

]
Y 4
L

∆4
L

fLL +
Y 4
R

∆4
R

fRR +
Y 2
LY

2
R

∆L∆R

m2
ffLR

]
, (4.25)
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where

fLL,RR = 13m8
f +m6

f

(
−26m2

L,R − 36m2
B̃

)
+m4

f

(
70m2

L,Rm
2
B̃

+ 13m4
L,R + 49m4

B̃

)
+m2

f

(
−44m2

L,Rm
4
B̃
− 26m4

L,Rm
2
B̃
− 42m6

B̃

)
+ 16

(
m4
L,Rm

4
B̃

+m8
B̃

)
(4.26)

fLR =
(
18m2

f − 12m2
B̃

)
+

8
(
m2
B̃
−m2

f

)
∆2
L∆2

R

[
−3m8

f +m6
f

(
8m2

B̃
+ 6m2

L + 6m2
R

)
+m4

f

(
−6m4

B̃
− 17m2

Lm
2
B̃
− 3m4

L − 17m2
Rm

2
B̃
− 3m4

R − 12m2
Lm

2
R

)
+m2

f

(
6m4

Lm
2
R + 7m4

Lm
2
B̃

+ 16m2
Lm

4
B̃

+6m4
Rm

2
L + 7m4

Rm
2
B̃

+ 16m2
Rm

4
B̃

+ 30m2
Lm

2
Rm

2
B̃

)
+m8

B̃
− 5m2

Lm
6
B̃
− 4m4

Lm
4
B̃
− 9m2

Lm
4
Rm

2
B̃

−5m2
Rm

6
B̃
− 4m4

Rm
4
B̃
− 9m2

Rm
4
Lm

2
B̃
− 3m4

Lm
4
R − 18m2

Lm
2
Rm

4
B̃

]
, (4.27)

and ∆L,R = m2
B̃

+m2
L,R −m2

f .

Equations (4.23)–(4.27) are valid for sfermions with different masses and hypercharges. For

degenerate vector-like sfermions with mf̃ ≡ mL = mR and YV ≡ YL = YR, the cross section

coefficients simplify to

a =
g4
Y Y

4
V

32π

m2
f

mB̃

√
m2
B̃
−m2

f(
m2
B̃

+m2
f̃
−m2

f

)2 (4.28)

b =
g4
Y Y

4
V

128π

1

mB̃

1√
m2
B̃
−m2

f

(
m2
B̃

+m2
f̃
−m2

f

)4 ×

[
17m8

f − 2m6
f

(
17m2

f̃
+ 20m2

B̃

)
+m4

f

(
86m2

B̃
m2
f̃

+ 17m4
f̃

+ 37m4
B̃

)
− 2m2

f

(
26m4

B̃
m2
f̃

+ 11m2
B̃
m4
f̃

+ 11m6
B̃

)
+ 8m4

B̃

(
m4
f̃

+m4
B̃

)]
. (4.29)

The expansion in v assumes that v is the only small parameter. This is not true when f and

B̃ become degenerate and the annihilation is near threshold. In this limit, the expressions for
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b in Eqs. (4.27) and (4.29) become singular, signaling the breakdown of the expansion. The

expansion is essentially an expansion in even powers of α = v/
√

1− (mf/mB̃)2. Requiring

that the next omitted (D-wave) term be less than a 10% correction implies roughly α4 <

0.1. For characteristic velocities of v ∼ 0.3 at freezeout, this implies mf < 0.85mB̃. The

case of near-threshold annihilation was considered in Ref. [134], where it was shown in a

generic setting that corrections to 〈σv〉 above the few percent level may occur if mf >

0.95mB̃. There, alternative expressions valid in the degenerate limit were derived. Here, as

we are primarily interested in the cosmologically preferred regions without accidental mass

degeneracies, we will use Eqs. (4.28) and (4.29) and simply take care to avoid applying these

cross section formulae to cases where the dark matter and final state fermion are in the

degenerate region. We note also that an expression for 〈σv〉 was presented in Ref. [133]

for degenerate sfermions. The expressions there differ from our result in Eq. (4.23) with

mL = mR, but the disagreement is numerically small and at most at the 5% level.

The annihilation cross section has some interesting features. First, hypercharge enters to

the fourth power. Isosinglet leptons have the largest hypercharge of any MSSM fields. As

we show below, the squarks need to be above a TeV to achieve the correct Higgs mass. But

leptons and sleptons can be relatively light. As a result, annihilation to leptons is particularly

efficient, and it is fortunate that they exist in both the QUE and QDEE models. Note also

that because the fermions are vector-like, there is no chiral suppression. This differs greatly

from the MSSM, where annihilations to isosinglet leptons are hypercharge-enhanced, but

extremely suppressed by the chiral suppression of the S-wave cross section, since all MSSM

leptons are light. In both the QUE and QDEE models, there are heavy isosinglet leptons,

and annihilation to them is neither hypercharge- nor chirality-suppressed. Annihilations to

4th generation particles therefore completely dominate over MSSM channels.

In Fig. 4.1, we show regions of the (m˜̀
4
,mB̃) plane, with m`4 fixed to the values indicated,

where Bino dark matter freezes out with a relic density within 10% of the value required to
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Figure 4.1: Cosmologically preferred regions in the (m˜̀
4
,mB̃) plane for the QUE (left) and

QDEE (right) models. In each shaded region, the relic density is in the preferred range
ΩB̃h

2 = 0.12± 0.012 for the value of m`4 indicated.

be all of dark matter. These regions are bounded on all sides. We must require the mass

ordering m`4 < mB̃ < m˜̀
4
so that the Binos are the LSPs, but may pair-annihilate to 4th

generation leptons. The mass of `4 is bounded from below by heavy lepton searches. As

this mass is increased, the Bino and slepton masses must also increase to maintain the mass

ordering. As the masses increase, however, the annihilation cross section 〈σv〉 decreases, and

at some point the thermal relic density of Binos is too large, providing an upper bound on

all of these masses. To guarantee that the velocity expansion is reliable in the regions shown

in Fig. 4.1, we have required m`4 < 1.1mB̃. We have not included co-annihilation, which

would be important for Binos and sleptons that are degenerate to more than 5%.

Without co-annihilation, the largest possible masses are about m`4 = 470 GeV in the QUE

model and 670 GeV in the QDEE model. To see this upper bound more clearly, in Fig. 4.2

we plot the relic density bands in the (m˜̀
4
,m`4) plane for fixed mB̃ = 1.2m`4 . Larger masses

are allowed in the QDEE model, because there are two new annihilation channels, and since

〈σv〉 ∼ m−2, the upper bound on the masses is larger by roughly a factor of
√

2.
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Figure 4.2: Contours of constant relic density ΩB̃h
2 for the QUE (left) and QDEE (right)

models in the (m˜̀
4
,m`4) plane with fixed mB̃ = 1.2m`4 . Between the dashed lines ΩB̃h

2 =
0.12± 0.012.

In Figs. 4.1 and 4.2 we have completely neglected the MSSM annihilation channels; includ-

ing them would only move the preferred regions to slightly lower masses. For the reasons

mentioned above, vector-like 4th generation particles are extremely efficient channels for

annihilation and completely dominate the MSSM contributions in the case of Bino dark

matter. As a result, the cosmologically-preferred Bino masses are significantly higher than

in the MSSM and completely eliminate the tension between the relic density constraints and

current LHC bounds on neutralino masses.

4.4 Higgs Boson Mass

In the MSSM, the Higgs boson mass is maximally the Z boson mass MZ = 91 GeV at tree

level, but is raised by radiative corrections, dominantly from the diagrams with top quarks

and squarks in loop. Up to 2-loop corrections, assuming no left-right stop mixing, the Higgs

64



boson mass is [145]

m2
h = M2

Z cos2 2β

(
1− 3

8π2

m2
t

v2
t

)
+

3

4π2

m4
t

v2

[
t+

1

16π2

(
3

2

m2
t

v2
− 32πα3

)
t2
]
, (4.30)

where

t = ln
M2

t̃

M2
t

(4.31)

mt =
Mt

1 + 4
3π
α3(Mt)

(4.32)

α3 =
α3(MZ)

1 + b3
4π
α3(MZ) ln(M2

t /M
2
Z)

(4.33)

b3 = 11− 2Nf/3 = 7 , (4.34)

Mt = 174 GeV is the top quark mass, Mt̃ characterizes the masses of the left- and right-

handed top squarks, v = 174 GeV is the Higgs vacuum expectation value, α3(MZ) = 0.118 is

the strong gauge coupling at the Z pole, and b3 is the beta coefficient for the strong coupling

in the MSSM without the top quark and any extra matter. For tan β = 10, the tree-level

mass is near its maximal value, but even with top squark masses Mt̃ = 2 TeV, the Higgs

mass is only 115 GeV, far short of the measured value of 125 GeV.

With the addition of vector-like quarks, however, this mass can be significantly increased.

The contribution from a vector-like 4th generation of top quarks and squarks is [114,115]

∆m2
h =

Ncv
2

4π2
(k sin β)4 f(x) , (4.35)

where Nc = 3 is the number of colors, k is the up-type Yukawa coupling in Eqs. (4.3) and

(4.7), and

f(x) = lnx− 1

6

(
5− 1

x

)(
1− 1

x

)
(4.36)

x =
mq̃4

mq4

. (4.37)
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As a reminder, mq4 and mq̃4 are the physical masses of the 4th generation quarks and

squarks, respectively, and we set k at its quasi-fixed point value k = 1.05 and neglect the

4th generation down-type Yukawa h. Note that we are also neglecting 2-loop contributions

from vector-like matter, since those contributions are small for mq4 ,mq̃4 � mh [115].

We can see from Eq. (4.35) that the 4th generation contribution to the Higgs boson mass

is maximal when q4 is as light as possible. In Fig. 4.3 we show contours of the Higgs mass

in the (mt̃4 ,mt̃) plane for fixed mt4 = 1 TeV. This choice of mt4 is based partly on the

∼ 700 GeV limit on chiral 4th generation up-type quarks [103] and partly on the STU and

Higgs constraints mentioned earlier. We see that, with the addition of 4th generation tops,

the correct Higgs mass can be achieved for a range of mt̃4 and mt̃ where both are below

3 TeV and discoverable at future runs of the LHC. One can see from Eq. (4.35) that the

corrections from the vector-like matter are functions of x = mt̃4/mt4 . One can use this to

reinterpret Fig. 4.3 as determining the required ratio x to get the correct mass. For example,

for mt4 between 1 and 2 TeV, the correct Higgs boson mass can be obtained as long as x is

between 2.5 and 2.

4.5 Direct Detection of Dark Matter

In both the QUE and QDEE models, the lightest neutralino B̃ may interact strongly enough

with nuclear matter to be detected by current or future direct detection experiments. We

explore this possibility for both spin-independent (SI) and spin-dependent (SD) direct de-

tection. In Sec. 4.5.1 we discuss the qualitative behavior we expect, given an approximate

analytic expression for the effective couplings between neutralinos and nucleons, which is

derived in Appendix B. In Secs. 4.5.2 and 4.5.3 we use the micrOMEGAs package to cal-

culate the SI and SD cross sections for a wide range of parameter space and compare these

predictions against current and future experimental sensitivities.
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Figure 4.3: Contours of constant Higgs boson mass (in GeV) in the (mq̃4 ,mt̃) plane, assuming
no left-right squark mixings, for fixed mt4 = 1 TeV.

4.5.1 Effective Neutralino–Nucleon Coupling

Interactions between Bino dark matter and the nucleons of a particle detector are primarily

mediated by t-channel scalar Higgses, h0 and H0, or by s-channel squarks, q̃i. As a result,

the QUE and QDEE have nearly identical direct detection prospects: the contribution from

the 4th-generation quarks is limited to B̃B̃gg interactions mediated by heavy squark/quark

loops, which we neglect.

The non-observation of squarks at the LHC suggests that their masses are significantly

larger than the Higgs mass. SI squark-mediated scattering is proportional to left–right

squark mixing angles, which are highly suppressed by quark masses for the most relevant

quarks, namely those of the first and second generation. For O(TeV) squark masses we find

that the SI cross section is dominated by Higgs-mediated scattering, despite the associated

suppression by Yukawa couplings and the small Higgsino fraction of the neutralino. In
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Appendix B we derive a simple expression for the effective neutralino–nucleon coupling for

Bino-like neutralinos, in the limit of large squark masses and moderate-to-large values of

tan β (5 ≤ tan β ≤ 50). The main results are given in this section.

The differential cross section for dark matter scattering from a nucleus with mass number A

and charge Z is [146]
dσ

d |~q|2
=

1

πv2
[Zfp + (A− Z)fn]2 F 2(Q) , (4.38)

where ~q is the momentum transferred in the interaction; v is the velocity of the dark matter;

fp and fn are the effective couplings to protons and neutrons, respectively; and F (Q) is the

nuclear form factor, where Q is the energy transfer. In our model, fp and fn tend to be

approximately equal.

When all the squarks and the heavy neutral Higgs boson are significantly heavier than the

light Higgs boson with mass mh = 125 GeV and tan β is moderate or large, the couplings of

the dark matter are approximately

fp,n
mp

≈ N41 [N21 −N11 tan θW ]
g2

4mWm2
h

[
fTd − fTu + fTs −

2

27
fTG

]
, (4.39)

where the coefficientsNj1 are the components of the neutralino dark matter in the gauge basis

{B̃, W̃, H̃d, H̃u}, θW is the weak mixing angle, and fTq and fTG parameterize the quark and

gluon content of the nucleon. For Bino-like dark matter, N11 ∼ 1, and the other coefficients

are suppressed by powers of M1/µ. Expanding for large |µ|, we find

fp,n
mp

=
M1mZ tan θW sin θW
µ2 −M2

1 +m2
Z sin2 θW

(
g2

4mWm2
h

)[
fTd − fTu + fTs −

2

27
fTG

]
. (4.40)

Values for fTu and fTd can be obtained from pion-nucleon scattering; fTs is found more

precisely from lattice calculations. The sum fTG +
∑

u,d,s fTq = 1 determines fTG. In
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micrOMEGAs, the following values are used for fTq [147]:

f
(p)
Tu = 0.0153 , f

(p)
Td = 0.0191 , f

(n)
Tu = 0.011 , f

(n)
Td = 0.0273 , f

(n,p)
Ts = 0.0447 . (4.41)

The value for fTs agrees with recent lattice calculations [148], which find fTs = 0.053±0.011±

0.016 (see also Ref. [149]). There are much larger discrepancies in the published values for fTu

and fTd. In Refs. [150,151], it is suggested that fTu ≈ 0.02 and fTd ≈ 0.04. The combination

that appears in the direct detection amplitude is therefore fTd−fTu+fTs− 2
27
fTG ' −0.007

in micrOMEGAs, but one should bear in mind that, because of large cancellations, this is

subject to O(1) uncertainties.

Equation (4.40) displays them−2
h dependence common to all Higgs-mediated processes, which

have cross sections that are currently being explored at direct detection experiments. At the

same time, the M1mZ/µ
2 prefactor signals a further suppression from the Bino-ness of the

neutralino dark matter. This implies that cross sections in this scenario are expected to be

significantly smaller than in other models with Higgs-mediated interactions. It is particularly

interesting to see whether these cross sections stay above the neutrino floor, and also how

they depend on |µ|, which is often taken as a simple indication of the naturalness of a SUSY

model. To explore these issues, we now turn to a numerical analysis of the direct detection

cross section.

4.5.2 Spin-Independent Cross Sections

We use the package micrOMEGAs [147, 152] to calculate the particle spectrum and to

evaluate the direct detection cross sections. The 4th-generation squarks add small correc-

tions to the MSSM cross section through box and triangle diagrams that induce couplings

of the neutralinos to the gluon content of the nucleons: however, if the squark masses mq̃4

are sufficiently larger than mχ +mq4 , where mχ is the dark matter mass, then these correc-
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Parameter Minimum Maximum Parameter Minimum Maximum
M1 200 GeV 700 GeV md̃,mũ 1.2 TeV 4.0 TeV
µ M1 + 20 GeV 12.8 TeV ms̃,mc̃ 1.2 TeV 4.0 TeV
mA 0.8 TeV 10 TeV mb̃ 0.9 TeV 4.0 TeV

tan β 5 50 mt̃ 0.9 TeV 4.0 TeV

Table 4.1: List of relevant parameters to the direct detection cross section, and the ranges
used for our micrOMEGAs calculation.

tions can be safely ignored. In this region of parameter space, the MSSM model used by

micrOMEGAs needs no alteration to accurately estimate the direct detection cross section.

We determine the SI cross section at several thousand randomly-selected points in parameter

space, within the ranges shown in Table 4.1. The 3rd-generation squark mixing is turned

off by fixing At − µ cot β = 0 and Ab − µ tan β = 0, as in the fourth generation. We fix the

gaugino masses to the unification ratios M1 : M2 : M3 = 1 : 2 : 7, and we consider the range

200 GeV < M1 < 700 GeV.

With these parameters, there is always a choice of 4th-generation parameters that can give

the correct thermal relic density. Since these 4th-generation parameters do not enter the

direct detection cross sections, the impact of restricting our models to those with the correct

thermal relic density is simply that it restricts the mass range to 200 GeV < M1 < 540 GeV

for QUE models, while the entire range 200 GeV < M1 < 700 GeV is accessible for QDEE

models. Note that the parameter scan does include values of mA and tan β for which res-

onance annihilation effects are important and our calculation of the relic density is not

reliable. However, such points only make up a small fraction of the parameter space and we

have checked that excluding them does not significantly alter the the direct detection results

shown below.

In Fig. 4.4, we show the relationship between the SI cross section and the Bino, Wino, and

Higgsino composition of the neutralino dark matter. The cross section predicted by Eq. (4.40)

is plotted along with the micrOMEGAs results; we see that the analytic approximation is
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an excellent approximation for many of the models. Smaller values of |µ|, when the Higgsino

fractions are largest, correspond to the largest direct detection cross sections. The width of

the bands in Fig. 4.4 is due to the variation of the squark and neutralino masses, and the

variation in tan β. These effects combine to change the cross section by O(1) factors, which

are quite small compared to the five orders of magnitude explored by varying N2
41.
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Figure 4.4: Left: For MSSM4G models, the correlation of the neutralino dark matter’s W̃ ,
H̃d, and H̃u fractions with the SI proton scattering cross section σ(p)

SI . Right: For MSSM4G
models, the correlation of the neutralino dark matter’s H̃u fraction with σ(p)

SI , color-coded by
the value of |µ| for each model point. The dashed line represents the analytic approximation
for the cross section given in Eq. (4.40). In both panels, points in each scatter plot represent
QUE and QDEE MSSM4G models that have 125 GeV Higgs bosons, are consistent with all
collider bounds, and have the thermal relic density ΩDMh

2 = 0.12± 0.012.

In Fig. 4.5 we compare our theoretical predictions to the current experimental bounds from

LUX [22] and the projected 2 ton-year sensitivity of Xenon1T [24], as well as several other

future experiments. The current LUX results exclude all of the MSSM4G models generated

with |µ| < 500 GeV. For heavier mχ, models with larger values of |µ| ≈ 700 GeV can be

ruled out. For larger |µ| & 1 TeV the cross sections are suppressed, as expected, and for

|µ| & 6 TeV, the cross section drops below the floor from coherent neutrino scattering [153].

Of course, absent a quantitative theory relating the µ-parameter to the SUSY-breaking

parameters, such large values of |µ| require large fine-tuning to obtain the observed weak

scale and are typically judged unnatural.
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To summarize, then, for extremely low or high values of |µ|, direct detection cross sections

are either excluded or below the neutrino floor, but for a large intermediate region with

500 GeV < |µ| < 6 TeV, MSSM4G theories with the correct thermal relic density predict SI

scattering cross sections that are not yet excluded, but will be tested by future experiments

as they improve their sensitivity down to the neutrino floor.

4.5.3 Spin-Dependent Cross Sections

Although the SD direct detection cross section is generally larger than the SI cross section,

it is much more difficult to probe experimentally, as the SD cross section does not scale

directly with the mass of the nuclei. As a result, current bounds on the neutron SD cross

section are less stringent by a factor of 106.

We use micrOMEGAs to predict the proton and neutron SD cross sections for the same

range of models considered in Section 4.5.2. As in the SI case, the proton and neutron

have similar SD cross sections. It requires different experimental techniques to measure the

two cross sections, and several experiments, including PICO-2L [154], PICO-60 [31], and

IceCube [32] probe only the proton SD cross section.

In Fig. 4.6, the theoretical predictions and experimental bounds are plotted together for the

proton and neutron SD cross sections. The models shown in the two scatter plots are the

same set shown in Fig. 4.5, although the models with |µ| > 6.4 TeV are not shown here.

Of the existing limits from XENON 100 [28], LUX [29], PICO [31], and IceCube [32], only

IceCube sets any constraint on the MSSM4G. The limits from IceCube assume that the

dark matter annihilates in the Sun to produce either τ+τ−, W+W−, or bb̄. In the QUE and

QDEE models, Bino annihilation produces taus and W bosons indirectly as decay products

of 4th- (or 5th-) generation leptons. As a result, the observed τ± or W± will carry only a
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fraction of the initial energy, and IceCube becomes somewhat less sensitive to the MSSM4G.

In Fig. 4.6, we make the approximation that the energy of the τ± or W± reconstructs only

half of the Bino mass. This shifts the published limits from IceCube to higher masses by a

factor of two.

Future experiments such as LZ [29], Xenon1T and DARWIN [30] are projected to probe

MSSM4G models with 0.4 TeV < |µ| . 1 TeV. However, Fig. 4.5 shows that the same

experiments will put much more stringent bounds on the SI cross section. Of the models

that could be discovered by future SD experiments, almost all of them have already been

ruled out by LUX. The SI cross section is a much more promising test of MSSM4G models.

4.6 Indirect Detection of Dark Matter

One of the primary features of MSSM4G models is that the dark matter has new annihilation

channels in the early Universe. Barring the highly degenerate case where these annihilations

are kinematically forbidden in the late Universe, these annihilations then contribute to indi-

rect detection signals. Indeed, the Binos can annihilate to τ4 pairs in the QUE model (and

to both τ4 and τ5 pairs in the QDEE model), which then decay to SM particles.

The decays of the new leptons arise from the Yukawa mixings with their SM counterparts.

These mixings imply decays to Wν`, Z` or h` where ` = e, µ, or τ . It is reasonable to

expect that decays to one of the first three generations will dominate, and in this study,

we will analyze the special cases where the mixing is purely to one of the three SM lepton

generations. We will label the respective cases as “e-mixing”, “µ-mixing”, and “τ -mixing”,

after the SM lepton with which τ4,(5) mixes.
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The partial decay widths of vector-like leptons are [143]

Γ(τ4,5 → Wν`) =
ε2

32π
mτ4,5rW (1− rW )2(2 + 1/rW ) ,

Γ(τ4,5 → Z`) =
ε2

64π
mτ4,5rZ(1− rZ)2(2 + 1/rZ) ,

Γ(τ4,5 → h`) =
ε2

64π
mτ4,5(1− rh)2 ,

(4.42)

where mW , mZ , and mh are theW , Z, and Higgs boson masses, respectively; rX = m2
X/m

2
τ4,5

for X = W,Z, h; ` = e, µ, τ ; and ε parameterizes the mixing between the SM leptons and the

new leptons. Note that the ε dependence drops out when calculating the branching ratios. In

the limit where mτ4,5 � mW ,mZ ,mh, the branching ratios satisfy B(Wν`) :B(Z`) :B(h`) =

50%:25%:25%, which is already almost the case for mτ4,5 = 200 GeV.

In the following subsections, we consider the prospects for the indirect detection of dark

matter in MSSM4G models through gamma rays, neutrinos, and positrons.

4.6.1 Gamma Rays

Experiments such as Fermi-LAT, H.E.S.S. II, and CTA can search for high-energy photons

from the dark matter annihilation in the Galactic Center or in dwarf spheroidal Milky Way

satellite galaxies.

In the τ -mixing case, all the decay products (except for neutrinos) have sizable branching

ratios to hadrons, resulting in π0 decays that produce a significant excess of gamma rays

that may be observed above astrophysical backgrounds. On the other hand, in the µ-mixing

and e-mixing cases, although hadronic decays of the W , Z, and h bosons result in gamma

rays, the µ and e lead to much weaker gamma-ray signals.

Various experimental collaborations provide current or projected sensitivities to the dark

matter annihilation cross section to W+W− or τ+τ−. We have also analyzed the gamma-ray
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signal from annihilation to µ+µ−, but the resulting bounds are very weak and we therefore

omit them in this study.

In the experimental bounds it is assumed that the dark matter annihilates directly to the

SM fields, and so their energies are equal to the dark matter mass. In our case the dark

matter annihilates to 4th- or 5th-generation leptons, which then decay to SM fields, resulting

in a distribution of final state energies. To test our model against these results we make two

assumptions. First, we treat all bosons (W ,Z, and h) to be the same and compare the

total rate of their production to the limit on the W+W− channel. This is a reasonable

approximation since all three have comparable masses and branching ratios to hadrons.

Second, we use the average of possible final state energies to compare with the limits. To

a good approximation, this average energy is simply Ē = mB̃/2. This is justified by the

observation that the energy distribution of the decay products is fairly uniform for non-

relativistic mother particles and the fact that the experimental sensitivities are fairly constant

as functions of the dark matter mass for the range of masses we are considering. In the

following we will consider the sensitivities to the W+W− and τ+τ− channels separately. In

a more thorough analysis, one would combine these results, resulting in greater sensitivity

or more stringent limits.

Given the smallness of the dark matter velocity in the late Universe, the thermally-averaged

cross section is dominated by the S-wave piece. The only relevant process is the annihilation

to fermions through sfermion exchange which, assuming the left- and right-handed sfermions

are degenerate, is given by

〈σv〉 =
g4
Y Y

2
LY

2
R

32π

m2
f

mB̃

√
m2
B̃
−m2

f(
m2
B̃

+m2
f̃
−m2

f

)2 , (4.43)

where gY ' 0.35 is the U(1)Y gauge coupling, YL and YR are the left and right hypercharges

respectively (in the convention where Q = T3 + Y/2), mf is the fermion mass, mf̃ is the
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sfermion mass, and mB̃ is the Bino mass. One can see that even the top quark contribution,

enhanced by the factor m2
f , is suppressed compared to the τ4,5 contribution by a factor of

(1
3

4
3
)2/(22)2 = 1/81 and we therefore neglect the SM contributions.

For presentation purposes we want to reduce the number of independent masses appearing

in Eq. (4.43). To maximize the Bino mass, we set mB̃ = 1.2mτ4,5 so it is close to the

fermion mass, but far enough away that the velocity expansion gives accurate results. The

sfermion masses mτ̃4,5 are then constrained by the requirement of correct relic density which

is measured to be ΩDMh
2 = 0.1199 ± 0.0022 [13]. In the QDEE model mτ4 = mτ5 and

mτ̃4 = mτ̃5 are assumed in this study.

The theoretical predictions are shown in Fig. 4.7 for the QUE and QDEE models along with

current and future experimental sensitivities. The green strips contain the predictions for

MSSM4G models with the correct thermal relic density to 10%. These strips can be extended

to lower masses, although these values are less interesting in light of collider bounds on Binos.

On the other hand, extending the strip to higher masses would re-introduce the overclosure

problem of Bino dark matter.

There are two things to note when comparing the theory predictions with the published

experimental sensitivities. First, as mentioned above, the energy of our final state particles

is roughly half of the dark matter mass, which means the experimental bounds have twice

the mass reach. Second, the τ4,5 leptons decay to hτ and Zτ only half of the time, which

reduces the annihilation cross section limit by a factor of two compared to the more common

case where the dark matter annihilates directly to taus.

The strongest current limits come from a combined analysis of MAGIC and Fermi-LAT

observations of dwarf spheroidal satellite galaxies [155]. The limits are barely at the threshold

of probing our model and are not expected to improve much in the future. H.E.S.S. II is

expected to announce limits that are slightly stronger, but still fairly weak.
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CTA, on the other hand, has the ability to probe a large portion of the parameter space

through the W+W− channel and can probe the τ -mixing scenario completely through the τ

channel with 500 hours of observation of the Milky Way Galactic Center [156]. The number

of years this will take depends on the fraction of arrays that go online during the first run,

which is subject to funding. Optimistically the results shown should be available after less

than 3 years of running. The bounds from the W+W− channel, although unable to probe

Bino masses below around 340 GeV, are applicable to all three mixing scenarios. Therefore,

in the e- and µ-mixing scenarios, this limit needs to be complemented by a different search

method.

There are, however, a couple of caveats. First, the limits assume an Einasto dark matter

profile; less cuspy profiles give a signal weaker by up to two orders of magnitude. This is

mainly due to the uncertainty in the J-factors for Galactic Center observations [157]. We

note that the corresponding uncertainty on limits from Fermi-MAGIC observations of dwarf

spheroidal galaxies is not as significant [158,159]. Second, as we approach the coannihilation

domain, the Bino mass needs to be larger to retain the desired thermal relic density. Since

coannihilation does not take place in the late Universe, the indirect detection signal will be

weaker, according to Eq. (4.43).

4.6.2 Neutrinos and Positrons

In principle, it is possible to place limits on indirect detection from IceCube neutrino obser-

vations [160]. In these MSSM4G models, the leading signal is from the decays τ4,5 → Wν,

which produce the most energetic neutrinos. Softer neutrinos are also produced as secondary

decay products. Unfortunately, the limits on the annihilation cross section from IceCube are

larger than 10−24 cm3/s and are therefore far less sensitive than gamma-ray searches.

Dark matter annihilating to positrons is also an important signal, but here the prospects
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are less clear. In the τ -mixing scenario, the data can be well fit by assuming dark matter

annihilation to τ+τ− with cross section 〈σv〉 = 6.8+1.4
−3.3 × 10−24 cm3/s [161], which is two

orders of magnitude larger than one would expect from a thermal relic annihilating primarily

through S-wave. The corresponding cross sections in the e- and µ-mixing scenarios are

〈σv〉 = 5.2+1.4
−3.8 × 10−27 cm3/s and 〈σv〉 = 8.4+7.7

−3.0 × 10−26 cm3/s, respectively, and so much

closer to those of thermal relics. Given the large uncertainties in astrophysical backgrounds,

however, it appears that in MSSM4G QUE and QDEE models, the prospects for a compelling

indirect detection signal are stronger in gamma rays than in positrons.

4.7 Collider Signals

Given thermal relic density constraints, the 4th- and 5th-generation leptons and sleptons

in MSSM4G models cannot be arbitrarily heavy. As a result, MSSM4G models have two

robust signatures at hadron colliders: one is Drell–Yan pair production of the 4th- (and 5th-)

generation lepton(s) τ4(,5), and the other is Drell–Yan pair production of their superpartners

τ̃4L,4R(,5L,5R), which are the next-to-lightest SUSY particles. With a large mixing parameter ε

between the SM and extra-generation lepton(s), we also have single production of τ4(,5) [162].

The decays of the extra particles are controlled by the mixing parameter ε. The decay widths

of the extra lepton(s) are summarized in Eq. (4.42). The decay length is given by

cτ ≈
(mτ4,5

16π
ε2
)−1

=
5× 10−17 m

ε2
· 200 GeV

mτ4,5

(4.44)

for mτ4,5 & 200 GeV. The extra sleptons decay through

τ̃aM → τa + B̃ , (4.45)

where a = 4(, 5) and M = L,R, if kinematically allowed. However, as we will see in Fig. 4.9,
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this channel is kinematically forbidden in a large portion of the viable parameter regions of

MSSM4G obtained in Ref. [88], and it is allowed only in a small region of the QDEE models

with mτ̃4,5 ∼ 450–500 GeV. In the rest of the QDEE parameter space, as well as in all of

the QUE parameter space, the sleptons decay through the mixing ε via

τ̃aM → li + B̃ , (4.46)

where li is the lepton that mixes with τa. This channel gives exactly the same signature as

the MSSM right-handed slepton that mixes with the extra sleptons.

Consequently we have three relevant searches for MSSM4G models. If the mixing is tiny,

with ε . 10−8, searches for long-lived charged particles (LLCPs) are relevant. With a

larger mixing, τ4(,5) can be searched for by dedicated vector-like lepton searches, and the

superpartners by MSSM slepton searches. With the unified-mass assumptions of Eqs. (4.12)

and (4.16), the extra particles in the QUE models are thus equivalent to one vector-like lepton

and two right-handed sleptons, while in QDEE models, they are equivalent to two vector-

like leptons and four right-handed sleptons.1 The discussion below assumes that the extra

lepton(s) and their superpartners mix purely with either the 1st-, 2nd-, or 3rd-generation

leptons and sleptons, respectively, but it can also be generalized to more complicated mixing

patterns. In fact, LLCP searches are obviously independent of the mixing patterns, and

sensitivities of the vector-like lepton and slepton searches would be worse in the case of

multiple decay channels.
1Note that the production cross section of τ̃aM is the same as that of the MSSM right-handed sleptons,

despite their being labelled with subscripts ‘L’ and ‘R.’
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4.7.1 LLCP searches

LLCPs are searched for by their anomalous energy loss and longer time-of-flight at the LHC.

The CMS Run 1 search excluded leptons with charge ±e lighter than 574 GeV, and staus

lighter than 340 GeV, assuming only Drell–Yan pair-production [78, 163], and the ATLAS

Collaboration provided similar exclusion limits [79].

Interpreting this bound under the unified-mass assumptions, one finds that the QUE models

with m`4 < 574 GeV or m˜̀
4
< 410 GeV are excluded, while in the QDEE model the

regions with m`4 < 650 GeV or m˜̀
4
< 470 GeV are excluded, if the relevant particles are

effectively stable in collider detectors. Therefore, all the parameter regions of the QUE

models, and most of them of the QDEE models, which is summarized in Ref. [88] (see also

Fig. 4.9), are already excluded if ε . 10−8. The remaining region of the QDEE models with

650 GeV < m`4 . 700 GeV is expected to be covered soon at Run 2 of the LHC [141].

For slightly larger ε, the leptons τ4(,5) have an intermediate decay length 1mm . cτ . 1m

and their superpartners remain effectively stable at colliders, or both leptons and sleptons

can have intermediate decay lengths. Charged particles with intermediate decay lengths are

searched for at the LHC but constrained less severely [80], while stable τ̃aM ’s lighter than

∼ 800 GeV may be discovered at LHC Run 2 with 300 fb−1 of data [141].

4.7.2 Vector-like Lepton Searches

LHC searches for vector-like leptons are performed under the assumption that they mix only

with electrons or with muons, which partially excludes the region with m < 200 GeV [82]

(see also Refs. [164–166]). Constraints on vector-like leptons mixed with taus are obtained

at LEP, which excluded them with masses less than 101 GeV [167].

The Run 2 prospects for τ -mixed vector-like leptons are studied in Ref. [143]. Interpreting
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their results in our scenarios, we find that the 13 TeV LHC with 3000 fb−1 of data may

exclude τ4(,5) leptons lighter than 234 GeV (264 GeV) in the QUE (QDEE) model with a

very optimistic background estimation. Consequently, e+e− colliders are essential to search

for τ -mixed vector-like leptons. Considering the pair-production e+e− → τ+
4 τ
−
4 , the ILC with

√
s = 1 TeV will cover the whole parameter region of the QUE models, while the QDEE

model, which is viable for mτ4,5 . 700 GeV, will be fully covered by
√
s & 1.4 TeV. Models

with relatively large mixing parameters, roughly ε & 0.01, may also be searched for through

the single production process e+e− → τ±4 τ
∓ at smaller collision energies [168,169].

The discovery prospects for e- and µ-mixed vector-like leptons are considerably brighter than

for the τ -mixed case. We have performed Monte Carlo simulations to determine the future

prospects of searches at LHC Run 2 with
√
s = 14 TeV. A thorough description of the

analysis is given in Appendix C, and the results are summarized in Table 4.2.

4.7.3 Extra Slepton Searches

We now consider searches for the 4th- and 5th-generation sleptons. As stated above, in a

small portion of the QDEE parameter region with 200 GeV < m`4 < 230 GeV and 420 GeV <

m˜̀
4
< 510 GeV, the decay τ̃aM → τa + B̃ is allowed. As the 4th- and 5th-generation leptons

are much lighter than their superpartners in this region, vector-like lepton searches are

expected to be more sensitive than extra slepton searches. We therefore concentrate on

other parameter regions in which the signature is

pp→ τ̃+
aM τ̃

−
aM → (l+B̃)(l−B̃) , (4.47)

with l being the charged lepton that mixes with τa. This signature is equivalent to pair-

production of right-handed slepton pairs l̃+R l̃
−
R in the MSSM, but with a production cross

section that is twice (four times) as large in the QUE (QDEE) models.
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Table 4.2: Future prospects for searches for vector-like leptons at the 14 TeV LHC for three
values of integrated luminosity. The first table is for the QUE models, and the second for the
QDEE models. We consider vector-like leptons with a mass m`4 ≥ 200 GeV; the expressions
0+250 GeV etc. show that the central value of exclusion or discovery limit is below our model
points and we may achieve the limit of 250 GeV with 1σ statistical fluctuation. In the
dashed entries the upper limit is less than 200 GeV even with 1σ statistical fluctuation.
The CLs method is used for statistical treatment, where the statistical uncertainty and a
20% systematic uncertainty for the background contribution are taken into account, while
the theoretical uncertainty on the signal cross section as well as the NLO correction are not
considered. See Appendix C for further details.

QUE model 300 fb−1 1000 fb−1 3000 fb−1

95% CL exclusion e-mixed 240+60 GeV 310+50
−60 GeV 350+40

−40 GeV
µ-mixed 270+50 GeV 330+40

−60 GeV 370+40
−40 GeV

3σ discovery e-mixed 0+250 GeV 250+60
−40 GeV 300+50

−50 GeV
µ-mixed 0+280 GeV 260+70

−60 GeV 320+50
−40 GeV

5σ discovery e-mixed — 0+210 GeV 220+20
−20 GeV

µ-mixed — 0+210 GeV 240+20
−20 GeV

QDEE model 300 fb−1 1000 fb−1 3000 fb−1

95% CL exclusion e-mixed 350+40
−50 GeV 390+40

−40 GeV 430+40
−40 GeV

µ-mixed 360+40
−40 GeV 400+40

−40 GeV 440+40
−40 GeV

3σ discovery e-mixed 290+60
−70 GeV 340+60

−40 GeV 380+50
−40 GeV

µ-mixed 310+60
−50 GeV 360+40

−30 GeV 400+40
−30 GeV

5σ discovery e-mixed 0+200 GeV 260+40
−50 GeV 310+20

−30 GeV
µ-mixed 0+260 GeV 280+30

−30 GeV 320+40
−20 GeV

For the e-mixed and µ-mixed cases, we derive the current bound and future sensitivity from

studies of slepton (ẽR, µ̃R) searches, since electrons and muons have a similar acceptance

and efficiency at the LHC. Current bounds have been obtained by the ATLAS and CMS

Collaborations at the 8 TeV LHC [33,170], and prospects for LHC Run 2 have been discussed

in Ref. [171]. We re-interpret the ATLAS result at the 8 TeV LHC [33] and the results in

Ref. [171] in the context of our MSSM4G models.

The results are summarized in Fig. 4.8. For the QUE (QDEE) model, the solid (dashed) lines

display the exclusion region; the dark-gray (light-gray) region is excluded by the current 8

TeV bounds, and the other three lines corresponds to the expected sensitivity at 14 TeV LHC

with integrated luminosities of 300, 1000, and 3000 fb−1 from left to right. Small dots show
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the model point we used in the simulation to determine Run 2 prospects, which is performed

with exactly the same method as in Ref. [171], utilizing MadGraph5_aMC@NLO [85],

Pythia 6 [172] with Pythia–PGS, and Delphes 3.2.0 [173] with FASTJET [174,175]. A

systematic uncertainty of 5% as well as statistical uncertainty is taken into account.

For the τ -mixed case, the current bounds on τ̃4,5 are no more than m˜̀
4
< 120 (180)

GeV [176, 177] in the QUE (QDEE) models, even for mB̃ = 0 GeV, which is far below

the cosmologically-favored MSSM4G parameter regions. We have estimated the prospects

for searches at LHC Run 2 with two methods. One method is Monte Carlo simulation. It is

done in a similar way to our analysis of vector-like lepton searches. As another method, we

have rescaled the Run 2 prospects for e- and µ-mixed models by the results of the ATLAS

Run 1 searches [33,176]. Both analyses give the result that the 14 TeV LHC is sensitive only

below mB̃ < 210 (140) GeV in the QUE (QDEE) models even with an integrated luminosity

of
∫
L = 3000 fb−1. This region is far below the parameter space motivated by the MSSM4G

scenario. The extra slepton searches are not sensitive to the MSSM4G scenario with mix-

ings with taus, as long as the only available production process is Drell–Yan pair-production

pp→ τ̃+
aM τ̃

−
aM .

4.7.4 Collider Summary and Discussion

In this section we have discussed the current constraints and future prospects of collider ex-

periments in the MSSM4Gmodels. Let us interpret the results focusing on the cosmologically-

motivated parameter space of the MSSM4G scenario (Fig. 1 of Ref. [88]).

First, we found that MSSM4G models with ε . 10−8 are mostly excluded by LLCP searches,

regardless of the mixing pattern. A small parameter region of QDEE models with m`4 >

650 GeV is still valid, and it will be covered in the early stage of the Run 2 LHC. We also

briefly discussed the prospects for models with a slightly larger mixing, 10−8 . ε . 10−6.
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Such models will be investigated by searches for leptons decaying inside the detector as well

as long-lived sleptons.

With ε & 10−6, the extra particles decay promptly at the LHC, and signatures depend on the

pattern of their mixing with SM leptons. We discussed this case with two assumptions: the

mixings are purely with one of the SM three generations, and only the Drell–Yan production

of extra particles (pp → (Z, γ) → τ+
a τ
−
a and pp → (Z, γ) → τ̃+

aM τ̃
−
aM) are available at the

LHC.

For the τ -mixing scenario, i.e., models in which the extra particles mix only with 3rd-

generation MSSM leptons and sleptons (τ and τ̃), we found that the LHC sensitivity is very

limited even with 3000 fb−1 data. The cosmologically favored MSSM4G parameter region

requires m˜̀
4
> 220 GeV, but searches for extra sleptons are expected to be insensitive to

this region. Only a limited region with m`4 < 234 (264) GeV of the QUE (QDEE) models

is expected to be covered by extra lepton searches [143]. Improvements in tau-tagging

techniques may give better, but still limited, sensitivity. Discovery of the extra leptons as

well as exclusion of further region requires e+e− colliders, or proton–proton colliders with

higher energy.

For models with e- or µ-mixing, we found that searches for extra leptons and extra sleptons

are both sensitive. The results of our analyses are summarized in Fig. 4.9, restricting to

m`4 > 200 GeV for simplicity. The left (right) figure is for e-mixing QUE (QDEE) models,

and similar results are obtained for µ-mixed models. In the color-filled regions, one can tune

the lepton mass m`4 so that the models have a DM relic density ΩDMh
2 = 0.12. The red

line in the right figure illustrates m`4 +mB̃ = m˜̀
4
. Below this line the extra sleptons decay

as τ̃aM → τa + B̃. Our discussion of extra slepton searches is not applicable to this region.

They are valid only above this line, and in all of the (color-filled) region of QUE models,

where the extra sleptons decay into e (or µ) and a Bino.
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The black lines are the expected exclusion limit at 14 TeV LHC. Those parallel to the

m`4-contours are from the extra lepton searches, and the others are from the extra slepton

searches. Dotted, dashed, and solid lines are for integrated luminosities of
∫
L = 300, 1000,

and 3000 fb−1, respectively. We found that, in most cases, the extra lepton searches are

more sensitive than the extra slepton searches. This is because the MSSM4G scenario

prefers model points at which the extra sleptons and the Bino are rather close in mass.

The degeneracy results in a smaller missing energy from slepton pair-production, and limits

the sensitivity of slepton searches. Even so, it is very interesting that a considerably large

portion of the parameter space is expected to be investigated by both of the searches; si-

multaneous appearance of excesses in both searches will be a very strong evidence of the

MSSM4G model.

To summarize, the exclusion limit for models with e- or µ-mixing are expected to be m`4 <

350 (430) GeV for QUE (QDEE) models at the 14 TeV LHC with 3000 fb−1 data. Further

exploration at collider experiments requires more luminosity, more beam energy, or lepton

colliders. For discovery, the extra lepton searches are promising, and their sensitivity is

summarized in Table 4.2.

Let us remark again that this discussion for ε & 10−6 is based on the assumptions that the

vector-like lepton(s) has a single dominant mixing and that the other extra particles are not

produced. If other MSSM superparticles are within the reach of the LHC, they will also give

some event excess in SUSY searches. More interestingly, the other vector-like particles are

naturally expected to be within the LHC reach. Extra vector-like quarks are searched for

by their characteristic signatures [121, 178, 179], and their superpartners may be found in

squark searches. For models in which the extra vector-like leptons (sleptons) are mixed with

more than one generation of SM leptons (MSSM sleptons), searches for extra leptons are still

promising, while those for the extra sleptons suffer from their multiple decay channels. In

general, future prospects for such models are determined by the e- or µ-mixed extra lepton
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searches with the signal yield properly reduced.

4.8 Conclusions

In this chapter, we have considered the cosmology of MSSM4G models, in which the MSSM

is extended by adding vector-like 4th (and 5th) generation particles. Remarkably, requiring

perturbative gauge coupling unification and that the extra particles raise the Higgs boson

mass significantly reduces the number of MSSM4G models to two: the QUE and QDEE

models.

Here we have shown that these models accommodate an excellent dark matter candidate, the

Bino. In the MSSM, Bino dark matter must be lighter than 300 GeV to avoid overclosing

the Universe. Such light Binos are in tension with constraints from the LHC in many

scenarios. In contrast, in the MSSM4G models, Binos may annihilate to extra leptons

through B̃B̃ → `+
i `
−
i , where i = 4 in the QUE model, and i = 4, 5 in the QDEE model.

These annihilation channels are enhanced by the large hypercharges of lepton isosinglets,

are not chirality-suppressed, and completely dominate over all of the MSSM annihilation

channels combined. We have shown that these extra channels enhance the annihilation cross

section to allow Bino masses as large as 470 GeV and 670 GeV in the QUE and QDEE

models, respectively, without requiring co-annihilations or resonances. MSSM4G models are

therefore motivated by dark matter also, as they accommodate Bino dark matter with the

correct relic density in completely generic regions of parameter space.

An interesting question is how to discover supersymmetry if these MSSM4G models are re-

alized in nature. As we have discussed, these models satisfy precision constraints from Higgs

boson properties, electroweak physics, and low-energy observables; future improvements in

these areas could see hints of anomalies from 4th generation particles, but this is not generic.
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These models also have improved naturalness relative to the MSSM, in the sense that the

top squarks and 4th generation quarks and squarks, even without left-right mixing, may be

lighter than 2 to 3 TeV and still give the correct Higgs boson mass. These are within reach

of future runs of the LHC. As noted in Sec. 4.4, however, it is also possible for the stop and

4th generation quarks and squarks to all be beyond the reach of the LHC.

However, the relic density does imply upper bounds on the masses of the 4th generation

leptons and sleptons. Given this, it is very interesting to see how one could best search for

these at both hadron and lepton colliders. Of course, Bino dark matter can also be searched

for through direct and indirect dark matter searches.

Next we investigated the current and future prospects of direct, indirect and collider searches

for MSSM4G models, where the MSSM is supplemented with vector-like 4th- (and 5th-)

generation particles.

For direct detection, we found that for neutralino–nucleon scattering, the light Higgs boson-

mediated processes dominate over the squark-mediated processes for most of the parame-

ter space, despite the fact that the Higgs-mediated diagram is suppressed by Yukawa cou-

plings and the smallness of the dark matter’s Higgsino component. We determined the SI

and SD scattering cross sections for various points in MSSM4G parameter space using mi-

crOMEGAs, and for the SI cross section, we derived an accurate analytical expression for

the scattering cross section to validate and better understand the results.

SI searches were found to be much more promising than SD searches. Current limits from

the LUX experiment already exclude all models with |µ| < 500 GeV, while models up to

|µ| < 6 TeV will be probed by future planned experiments. Parameter points with larger

|µ| were found to lie below the neutrino floor and would require other approaches, such

as directional dark matter detection [180]. We note, however, that large values of |µ| are

typically considered unnatural and less motivated. MSSM4G dark matter is therefore an
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ideal target for current and future direct detection searches.

To discuss indirect detection and collider searches, we needed to be more concrete about

the decay channels of the 4th- (and 5th-) generation leptons. We picked three benchmarks

models in which the 4th- (and 5th-) generation leptons have Yukawa mixings with only one

of either electrons, muons, or taus, which leads to decays to Wνl, Zl, or hl where l = e, µ,

or τ .

For indirect detection, Bino annihilation to τ4(,5) followed by decays to SM particles gives

a robust gamma-ray signal. Current bounds from the Fermi-MAGIC combined analysis of

dwarf spheroidal Milky Way satellites do not yield significant constraints on the MSSM4G

parameter space. However, assuming an Einasto (or, in other words, cuspy) dark matter

halo profile for the galactic center and 500 hours of observing time, CTA is projected to see

a dark matter signal if mB̃ & 340 GeV in the e- or µ-mixing scenarios, or for the entire range

of cosmologically-preferred mB̃ in the τ -mixing scenario. Prospects for indirect detection

through neutrinos at IceCube and through positrons at AMS were found to be significantly

less promising.

Finally, we examined the sensitivities of collider searches. In the case of Yukawa mixings of

ε . 10−8, the 4th- (and 5th-) generation leptons produced at the LHC are long lived and

are either excluded or will be covered by Run 2. The case of 10−8 & ε & 10−6 will also be

explored through, for example, displaced vertices.

For larger mixings, both current and projected bounds depend heavily on the decay products

of the new leptons/sleptons. Assuming 3000 fb−1 of data at the 14 TeV LHC, the τ -mixing

scenario will only be probed up lepton masses of m`4 < 230 (250) GeV in the QUE (QDEE)

model. For the e- and µ-mixing scenarios the sensitivity reach is up to m`4 < 350 (430) GeV

for the QUE (QDEE) model. Interestingly, indirect searches will be sensitive right at the

mass threshold where the LHC ceases to be effective, and so the two approaches are highly
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complementary.

We also analyzed the special regions in parameter space where the decay τ̃4,5 → τ4,5 + B̃ is

allowed. We found that the 14 TeV LHC with 3000 fb−1 of data will have poor sensitivity

for the τ -mixing case but will fully probe such points for the e- and µ-mixing cases.

We have shown that MSSM4G models are perfectly viable on the one hand and predict

diverse and promising experimental signals on the other. Although direct detection exper-

iments have strong sensitivities regardless of the details of the extra generation fields, the

indirect detection and collider searches are highly dependent on such details and comple-

ment each other. Needless to say, all of those projections come with their own caveats. For

instance, the direct detection rates are subject to the small uncertainty in the local dark mat-

ter density, indirect detection rates are subject to assumptions about halo profiles and our

understanding of astrophysical backgrounds, and collider sensitivities depend on the quality

of background estimation at higher energies as well as improvements in particle identification

techniques.

We note that there are many variations one could consider. We have assumed many mass

unifications to simplify the presentation of our results; these could be relaxed. One could

also contemplate left-right mixings for the squarks and their impact on the Higgs boson

mass, or allow the lightest neutralino to include Higgsino or Wino components. We believe

that the essential point is clear, though: the combination of supersymmetry and vector-like

fourth generation particles accommodates an excellent Bino dark matter candidate even in

its simplest realizations, and the QUE and QDEE models are among the more motivated

and viable supersymmetric extensions of the standard model.

In summary, MSSM4G QUE and QDEE models are among the motivators of both current

and proposed experiments from either the pure (or almost pure) Bino dark matter or the extra

generation perspective. It is interesting to continue the search for Bino dark matter with
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mass ∼ 300–700 GeV. At the same time, we demonstrated both the power and limitations of

the upgraded LHC, both important points to take into consideration in discussing proposals

for future lepton and hadron colliders.
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Figure 4.5: Scatter plot of theoretical predictions for MSSM4Gmodels in the (mχ, σ
(p)
SI ) plane.

The points represent QUE and QDEE MSSM4G models that have 125 GeV Higgs bosons, are
consistent with all collider bounds, and have the correct thermal relic density. QUE models
populate the mass range 200 GeV . mχ . 540 GeV, and QDEE models populate the full
range 200 GeV . mχ . 700 GeV. The points are color-coded by the value of |µ| in each
model point. The upper shaded region is excluded by the current bound from LUX [22], and
the dashed contours indicate the projected future sensitivities for DEAP3600 [23], Xenon
1T [24], DarkSide G2 [25], LZ [26], and Darwin [27]. In the lower shaded region, coherent
neutrino scattering is a background.
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Figure 4.6: Left: Predictions for the neutron SD cross section in MSSM4G models, along with
experimental bounds. The shaded regions show the excluded parameter space from Xenon
100 [28] and LUX [29], and the projected sensitivities of LZ [29], Xenon1T and DARWIN [30]
are given by dashed lines. Right: Predictions of the proton SD cross section in MSSM4G
models, along with existing bounds from PICO-60 [31] and IceCube [32] and the projected
sensitivities of LZ and DARWIN. The IceCube bounds assume dark matter pair annihilates
to W+W− or τ+τ−, as indicated.
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Figure 4.7: Theoretical predictions for, and current and future experimental sensitivities to,
the annihilation cross sections to W+W− (left) and τ+τ− (right) final states in the QUE
(top) and QDEE (bottom) MSSM4G models as functions of the dark matter mass (top
axis) and average energy Ē = mB̃/2 of the annihilation products (bottom axis). The green-
shaded regions are the theoretical predictions for models with thermal relic density in the
range ΩDMh

2 = 0.12 ± 0.012; decays to 3rd-generation leptons are assumed for the τ+τ−

panels. The dashed blue lines are the existing dwarf bounds from the combined MAGIC
and Fermi-LAT data, and the dashed red lines are the CTA projections for Galactic Center
sensitivities assuming 500 hours of observation time and an Einasto dark matter profile.
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Figure 4.8: Current bounds and LHC Run 2 discovery prospects for searches for extra
sleptons τ̃4(,5) in MSSM4G models with e-mixed or µ-mixed extra lepton generations. For
the QUE (QDEE) model, the dark-gray (light-gray) region is excluded by 8 TeV searches [33],
and the solid (dashed) contours outline the expected exclusion sensitivities of the 14 TeV
LHC with integrated luminosities of 300, 1000, and 3000 fb−1, from left to right. The small
dots show the parameter points we simulated to determine the Run 2 prospects.
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Figure 4.9: The cosmologically preferred parameter space of QUE (left) and QDEE (right)
MSSM4G models, and the exclusion sensitivity of LHC searches in the e-mixing case. The µ-
mixing case results in almost identical sensitivity, while the LHC is expected to be insensitive
to the τ -mixing case. In both panels, the unified mass relations are assumed and we consider
m`4 > 200 GeV. In the shaded regions, m`4 is can be tuned so that the model has ΩDMh

2 =
0.12; contours of constant m`4 are shown in gray. Outside the shaded regions, the model
cannot satisfy ΩDMh

2 = 0.12 withm`4 > 200 GeV. The black lines are the expected exclusion
limits at the 14 TeV LHC. Those parallel to the m`4-contours are from extra lepton searches.
The other lines are from extra slepton searches; they are not limited to the color-filled region
because they are independent of m`4 . For both searches, dotted, dashed, and solid lines are
for an integrated luminosities of

∫
L = 300, 1000, and 3000 fb−1, respectively. On the red

contour in the right plot, the masses satisfy the relation m`4 +mB̃ = m˜̀
4
.
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Chapter 5

Flavored Gauge Mediation, A Heavy

Higgs, and Supersymmetric Alignment

Based on arXiv:1209.4904 [181]

5.1 Introduction

The null results of direct searches for supersymmetry suggest that it does not manifest itself

in the form of light, flavor-blind superpartners. Furthermore, if the recently discovered scalar

at 126 GeV [2,3] is indeed the Higgs boson, its relatively large mass requires either a large stop

mixing or very heavy stops, at least in the context of the Minimal Supersymmetric Standard

Model (MSSM) [182]. These results are especially problematic for Gauge-Mediated Super-

symmetry Breaking (GMSB) models [183,184], which predict zero A-terms and flavor-blind

spectra at the messenger scale. Low scale gauge mediation is therefore strongly disfavored by

the Higgs mass, and even high-scale models, with A-terms generated by the running below

the messenger scale, require stop masses of around 8–10 TeV [185, 186] in the context of

minimal gauge mediation [184]. Given the tight relations between squark and gluino masses
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in minimal GMSB (mGMSB), this implies that all superpartners are very heavy in these

models, and beyond the reach of any foreseeable experiment.

From a purely theoretical point of view, however, GMSB models are very attractive, since

both the breaking of supersymmetry and its mediation are described by well understood

quantum field theories, as opposed to unknown Planck-scale physics. Indeed, flavor-blind

extensions of gauge mediation have been extensively discussed in recent years [187]. These

extensions too are only consistent with a 126 GeV Higgs for high messenger scales, unless

the stops or the gluino are very heavy [188]. Here we will study instead a flavor-dependent

extension of gauge mediation, specifically, the Flavored Gauge Mediation (FGM) models

of [189]. In these models, the flavor structure of GMSB is in principle modified, due to

superpotential couplings of the messengers to SM fields [190]. We will show that these

messenger-matter couplings can yield significant stop A-terms1, as well as new contributions

to the stop soft masses, resulting in a heavy Higgs and fairly light superpartners for a wide

range of messenger scales.

The superpartner masses in FGM models are generated by both the SM gauge interac-

tions, and by Yukawa-type superpotential couplings of the messengers to the SM matter

fields. Thus, while the interactions mediating the breaking are not purely gauge interac-

tions, they are still completely “visible”— occurring within simple field theoretic extensions

of the MSSM, and potentially at low scales. Since the matter-messenger couplings are in

principle flavor dependent, they are strongly constrained by the non-observation of flavor

changing neutral currents. As stressed in [189], however, there are good reasons to consider

these couplings. At the very least, given our ignorance about the origin of the SM Yukawas

structure, it is conceivable that the messenger-matter couplings have some special structure,

which results in an acceptable pattern of soft terms. Indeed, the structure of the SM fermion

masses hints at some theory of flavor, and any such theory will necessarily also control the
1Scenarios where non-trivial flavor structure leads to maximal flavor mixing have also been considered in

the context of horizontal symmetries and MSSM, see for example [191]
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sizes of matter-messenger couplings. Furthermore, as superpartner masses are pushed to

higher values by direct searches (as well as by the large Higgs mass), there is more room

for non-degenerate spectra. From the point of view of LHC searches for supersymmetry, the

assumption of Minimal Flavor Violation (MFV), which underlies many analyses, can result

in reduced sensitivity to non-MFV spectra [192–194]. So when searching for gauge-mediated

supersymmetry, it is important to keep the possibility of flavor-dependent spectra in mind,

and FGM models provide useful examples of such spectra.

The main new ingredient in our models will be superpotential messenger-matter interactions,

with the up-type Higgs (or also the down-type Higgs) replaced by a messenger field of the

same gauge charges. Since we would like to generate a large top A-term, the messengers need

only couple to the top. As a concrete realization of this scenario, we invoke a flavor symmetry

under which the Higgs and messenger field have identical charges. Flavor constraints in our

models are thus satisfied by a combination of degeneracy — coming from the pure gauge

contributions, and alignment [189]. Unlike in the original alignment models of [195], in which

the flavor symmetry controls the soft terms directly, here it controls the supersymmetric

messenger-matter couplings so that they are aligned with the SM Yukawas. The soft terms

therefore inherit this structure, even though they are generated at the messenger scale, which

is typically much lower than the flavor-symmetry breaking scale.

We note that three other works appeared recently [196–198] which rely on messenger-SM

couplings to raise the Higgs mass. The differences between our models and the models

of [196–198] arise due to the different choices of symmetries and, as a result, the allowed

messenger-SM couplings. In [196], the messengers are chosen to have the same R-parity as

the SM matter fields, so the relevant coupling is the analog of the Yukawa coupling with

one SM matter field replaced by a messenger. Messengers in 5+5̄ representations of SU(5)

in these models do not affect the uc mass, and as a result can raise the Higgs mass only

to around 118 GeV for stops below 1.5 TeV. Therefore [196] uses messengers in 10+10.

98



In [197,198], a coupling of the type Higgs-messenger-messenger is used, with one messenger

being a SM gauge singlet. Since none of the fields involved is colored, the effect of this

coupling is moderate, so that the Higgs mass is viable only at low messenger scales, where

the negative one-loop contributions to the Higgs soft masses-squared are important [198].

It is interesting that, although the new messenger couplings in our models do not involve

the Higgs at all, they have a significant effect on the Higgs mass. The reason is that the

key feature needed for getting a large Higgs mass is a modified stop spectrum, which only

requires that the messengers couple to the top.

To calculate the 2-loop contributions to the soft terms we use analytic continuation [199].

The messenger-Higgs mixing present in the models has led to some erroneous results in the

literature (including in an earlier version of this article2). We clarify this issue and discuss

the calculation in detail in the Appendix. The key point is the correct identification of the

relevant couplings and wave function renormalizations, for which one must match the high-

energy and low-energy theories correctly. We give a simple and intuitive prescription for

the calculation by identifying the physical messenger field, given by the heavy combination,

and the physical Higgs field, given by the light combination, and their respective running

couplings.

The resulting spectra are rich and quite unusual. There are essentially two different regions

of the parameter space which lead to an enhanced Higgs mass. In the first region, the stop A-

terms are substantial, while the LL and RR stop masses are largely unmodified, because they

receive both positive and negative contributions from the new couplings. Since these negative

contributions are dominated by 1-loop effects which are higher order in the supersymmetry

breaking, this region occurs for relatively low messenger scales. The resulting spectra can be

very light, with colored superpartners even well below 2 TeV. In the second region, the LL

and RR stop masses are enhanced as well, so that the large Higgs mass is driven not by the
2Specifically, our results for the Higgs masses were correct, but our results for the remaining scalars were

wrong. We thank M. Ibe for pointing this out to us.
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large mixing but rather by large stop masses. Thus a 125 GeV Higgs requires heavy stops.

While only the stop masses are modified at the messenger scale, the running to the weak

scale can affect the remaining masses dramatically, since the stop masses are large. While

most colored superpartners are above 2 TeV in this case, the weak gauginos and sleptons

can be light. Furthermore, the new contributions to the soft masses can reverse the effect of

the stops on the remaining sfermions through the RGEs, leading to novel spectra with the

NLSP being either the neutralino, or a L-handed slepton.

The organization of this chapter is as follows. In Section 5.2.1 we briefly review FGM and

introduce the symmetries and the superpotential of our models. In Section 5.2.2 we give

expressions for the soft terms in the limit of third-generation dominance. In Section 5.3

we present the Higgs mass and superpartner spectra for different choices of parameters.

Our conclusions and discussion of the results are presented in Section 5.4. We present the

calculation of the soft masses in the Appendix. In A.1, we derive the soft terms in a simple

toy model with Higgs-messenger mixing. We generalize this to the models of interest in A.4.

Full expressions for the soft terms for general 3 × 3 coupling matrices in generation space

are presented in A.5. As a cross-check, we also calculated the relevant terms explicitly. We

describe this calculation in A.6.

5.2 Models

5.2.1 The models and supersymmetric alignment.

We begin by briefly reviewing FGM models [189]. The starting point in these models is

mGMSB [184]. Specifically, we will take N sets of messengers transforming as 5+5̄ of SU(5),

coupled to a supersymmetry-breaking singlet 〈X〉 = M + Fθ2. We use capital letters to

denote the messenger fields, with 5 = T + D and 5̄ = T̄ + D̄, where T (T̄ ) and D (D̄) are
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fundamentals (anti-fundamentals) of SU(3) and SU(2) respectively. The SM gauge symme-

try permits different couplings of the messengers to SM fields, and these would generically

give rise to flavor-dependent soft-terms [190,199–203]3.

As in [189], we will assume that the SM fermion masses are explained by a flavor symmetry.

This symmetry then also controls the messenger-matter couplings4. In the models we will

consider, these coupling matrices will be aligned with the SM Yukawa matrices, so that flavor

constraints are satisfied. Naively, one would think that alignment can only be relevant for

high-scale supersymmetry breaking. This is indeed the case in the original alignment models

of [195]. In these models, a Froggatt-Nielsen flavor symmetry [19] dictates the structure of

the soft-term matrices at the supersymmetry-breaking scale. As explained above however,

the non-universal parts of the soft terms in FGM models are generated by superpotential

matter-messenger couplings. These supersymmetric coupling matrices are the ones controlled

by the flavor symmetry at high scales, and their near-diagonal structure is inherited by the

soft terms, which are generated at much lower scales. We therefore refer to this type of

alignment as “supersymmetric alignment”.

In addition to the flavor symmetry and R-parity, we impose a Z3 symmetry with charges

given in Table 5.1. The following superpotential is then allowed by the symmetries,

W = X
(
X2 + TI T̄I +DID̄I

)
+ HUqYUu

c +HDqYDd
c +HDlYLe

c

+ D̄1qyUu
c +D2qyDd

c +D2lyLe
c , (5.1)

where I = 1, . . . , N runs over messenger pairs, yU , yD, yL are messenger-matter Yukawa

matrices, YU , YD, YL are the SM Yukawa matrices, and q, uc, dc, l, ec are the MSSM chiral

multiplets. We assume that the µ-term(s) are forbidden by some U(1) symmetry. Note that

to have messenger couplings to both up quarks and down quarks we need at least two sets
3The model of [201] relies on an extra dimension in order to obtain MFV couplings.
4In general, some messenger fields may be charged under the flavor symmetry.

101



Superfield R-parity Z3

X even 1

D1 even −1

D̄1 even 0

D2 even 0

D̄2 even −1

TI , T̄I , DI>2, D̄I>2 even 1

q, uc, dc, l, ec odd 0

HU , HD even 0

Table 5.1: R-parity and Z3 charges.

of messengers [189, 201]. We also display here the term X3, required in mGMSB in order

to generate the X VEVs, and motivating our choice of a Z3 symmetry. In the following,

however, we will limit ourselves to treating X as a supersymmetry breaking spurion.

At this point, D2 and HD, as well as D̄1 and HU , have identical charges under all the

symmetries, and therefore the following terms are allowed as well,

XD1HU +XHDD̄2 . (5.2)

However, we can set these couplings to zero without loss of generality. Consider for con-

creteness the HU and D̄1 couplings

yU ijD̄1qiu
c
j + YU ijHUqiu

c
j , (5.3)

where i, j are generation indices. Taking HU and D̄1 to have the same charges under the

flavor symmetry, we can define the combination of D̄1 and HU that couples to X to be the

messenger (indeed, this is the massive eigenstate), and the orthogonal combination to be the

Higgs. A similar redefinition can be done for D2 and Hd. Thus (5.1) is the most general

superpotential and the entries yU ij and YU ij are the same up to order-one coefficients5.

5The running between the UV scale and the messenger scale will introduce, of course, some mixing
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Since the only order-one entry of YU is YU 33, the two matrices YU and yU are approximately

diagonal, and the soft terms inherit this structure. Inter-generational mixings are thus

suppressed by supersymmetric alignment6.

5.2.2 A-terms and scalar masses

At leading order in F/M2, the messenger-matter couplings of Eq. (5.1) generate one-loop

contributions to the A-terms, and two-loop contributions to the sfermion masses-squared.

We present full expressions for the soft terms in Appendix A. In the case of interest, only

the 3-3 entries of the coupling matrices are important and the soft terms (at the messenger

scale) simplify to,

AU33 = − 1

16π2

[
3y2

t + y2
b

] F
M

AD33 = − 1

16π2

[
3y2

b + y2
t

] F
M

AL33 = − 3y2
τ

16π2

F

M
,

(5.4)

where Yt ≡ YU 33 and similarly for the remaining couplings, and,

between HU and D̄1, but the only effect of this running is to modify the order-one coefficients of yU and YU .
6 It is also possible to choose different charges for HU and D̄1, (and similarly for HD and D2) such that

the terms (5.2) are either forbidden or very suppressed. In this case, yU and YU will have different textures,
and these can be chosen to be compatible with flavor constraints [189].
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m̃2
HU

=
1

128π4

{
−3

2
Y 2
t (3y2

t + y2
b ) +N

(
3

4
g4

2 +
3

20
g4

1

)} ∣∣∣∣ FM
∣∣∣∣2

m̃2
HD

=
1

128π4

{
−3

2
Y 2
b (3y2

b + y2
t )−

3

2
Y 2
τ y

2
τ +N

(
3

4
g4

2 +
3

20
g4

1

)} ∣∣∣∣ FM
∣∣∣∣2

(m̃2
q)33 =

1

128π4

{(
y2
t + 3y2

b + 3Y 2
b +

1

2
y2
τ −

8

3
g2

3 −
3

2
g2

2 −
7

30
g2

1

)
y2
b

+

(
3y2

t + 3Y 2
t −

8

3
g2

3 −
3

2
g2

2 −
13

30
g2

1

)
y2
t + YbybYτyτ

+N

(
4

3
g4

3 +
3

4
g4

2 +
1

60
g4

1

)} ∣∣∣∣ FM
∣∣∣∣2

(m̃2
uc)33 =

1

128π4

{(
6y2

t + y2
b + Y 2

b + 6Y 2
t −

16

3
g2

3 − 3g2
2 −

13

15
g2

1

)
y2
t − Y 2

t y
2
b

+ N

(
4

3
g4

3 +
4
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g4

1

)} ∣∣∣∣ FM
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(m̃2
dc)33 =

1

128π4

{(
6y2

b + y2
τ + y2

t + Y 2
t + 6Y 2

b −
16

3
g2

3 − 3g2
2 −

7

15
g2

1

)
y2
b − y2

t Y
2
b

+ 2YbybYτyτ +N

(
4

3
g4

3 +
1

15
g4

1

)} ∣∣∣∣ FM
∣∣∣∣2 ,

(m̃2
l )33 =

1

128π4

{(
3

2
y2
b + 2y2

τ −
3

2
g2

2 −
9

10
g2

1

)
y2
τ +

(
Y 2
τ y

2
τ + 3YbybYτyτ

)
+N

(
3

4
g4

2 +
3

20
g4

1

)} ∣∣∣∣ FM
∣∣∣∣2

(m̃2
ec)33 =

1

128π4

{(
3y2

b + 4y2
τ − 3g2

2 −
9

5
g2

1

)
y2
τ +

(
2Y 2

τ y
2
τ + 6YbybYτyτ

)
+

3

5
Ng4

1

} ∣∣∣∣ FM
∣∣∣∣2 .
(5.5)

If the messenger scale M is below roughly 107 gev, the one-loop O(F 4/M6) contribu-

tions [190] to the soft masses may be important. In the limit of third-generation dominance,
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these contributions are given by,

(δm̃2
q)33 = −1

6

1

16π2

(
y2
t + y2

b

) F 4

M6

(δm̃2
uc)33 = −1

3

1

16π2
y2
t

F 4

M6

(δm̃2
dc)33 = −1

3

1

16π2
y2
b

F 4

M6

(δm̃2
l )33 = −1

6

1

16π2
y2
τ

F 4

M6

(δm̃2
ec)33 = −1

3

1

16π2
y2
τ

F 4

M6
.

(5.6)

For completeness we also show the next-to-leading contribution in F/M2 to the top A-term,

δAU33 = − 1

16π2
y2
t

F 3

M5
. (5.7)

Comparing the new contributions to the mGMSB expressions, we see that the importance of

the new contributions relative to the mGMSB expressions is maximal for the smallest possible

number of messengers. Thus we will take N = 1 when the only new Yukawa coupling is yt,

and N = 2 if yb and/or yτ are present as well.

As is well known [182], at one-loop, the Higgs mass is approximately given by,

m2
h = m2

Z cos2 2β +
3m4

t

4π2v2

[
log

M2
S

m2
t

+
X2
t

M2
S

[
1− X2

t

12M2
S

] ]
, (5.8)

where Xt = At − µ cot β is the LR stop mixing and MS ≡ (mt̃1mt̃2)
1/2 is the average stop

mass. Clearly, the Higgs mass can be increased either by increasing the average stop mass,

so that the log term is large, or by increasing the stop mixing, so that Xt/MS is large, with

the maximal m2
h obtained for Xt/MS of around 2.4 [204].

Since our main objective is to obtain the correct Higgs mass with superpartners within LHC

reach, we need a largeXt/MS, and therefore a large At. As can be seen from equations (5.5), a
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non-zero yt, which generates At, also gives new contributions to the stop masses, proportional

to y4
t . These contributions are positive, so that MS is increased as well. Note that the new

coupling also gives rise to negative contributions to the stop masses, proportional to y2
t g

2,

but there is an accidental cancellation between these and the positive y2
t Y

2
t contribution. At

low messenger scales however, the one-loop contributions are important, and since these are

negative, one can obtain large Xt/MS with low MS.

Thus, at low messenger scales, our models can give a heavy Higgs together with light stops,

while at high scales, a heavy Higgs necessitates heavy stops. The messenger-scale masses of

the remaining superpartner remain unchanged, and will only be modified by the running.

5.3 Higgs mass and superpartner masses

5.3.1 The Higgs and stop masses

We first consider models with one set of messengers. With the Z3 charges of Table 5.1,

only the D̄1 messenger couplings to matter are allowed. Moreover, since we assume that D̄1

and HU have the same charge under the flavor symmetry of the model, the only significant

messenger coupling is yt ≡ (yU)33. We use SOFTSUSY [205] to calculate the Higgs mass for

different choices of the GMSB parameters and yt. Given the theoretical uncertainty in the

calculation of the Higgs mass, it is interesting to study Higgs masses in the 124–128 GeV

window.

In Fig. 5.1 we show contours of the Higgs and stop masses as a function of Λ ≡ F/M and yt,

for a low messenger scale of M = 900 TeV, with tan β = 10. For such a low messenger scale,

the one-loop O(F 4/M6) corrections are not necessarily negligible and have been taken into

account. Fig. 5.1a shows the Higgs mass contours for a wide range of yt. The white region
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(a) (b)

(c)

Figure 5.1: The Higgs and stop masses for N = 1, M = 900 TeV, tan β = 10. Fig. 5.1a
shows the Higgs mass for a wide range of yt. The predictions of minimal gauge mediation can
be read off from the line yt = 0. The white region is excluded because it leads to tachyonic
stops (see text). In Fig. 5.1b, we show Higgs mass (solid), heavy stop mass (dotted) and
light stop mass (dashed) contour lines in a smaller region of yt. In Fig. 5.1c we show Higgs
(solid), µ (dashed) and xt = |Xt/MS| (dotted) contour lines in the same region.
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for intermediate values of yt is excluded. In this region, the stops are either tachyonic or too

light for successful electroweak symmetry breaking. As explained above, for these values of

yt, the negative one-loop contribution to the stop mass-squared is comparable to the positive

contributions from pure GMSB. As yt is increased, the y4
t contribution to the stop masses

guarantees that the stops are non-tachyonic, but because of the partial cancellation between

the 1-loop and 2-loop contributions, the A-term becomes appreciable compared to the stop

masses and the resulting large mixing allows for a heavy Higgs. As yt is increased further,

the stops become heavy relative to the other superpartners. In this regime, the heavy stops

and large A-terms both play a crucial role in making the Higgs heavy.

In Fig. 5.1b, we zoom in on the interesting range yt ∼ 1, and show contours of the Higgs

mass together with the two stop masses, with the remaining parameters being the same as in

Fig. 5.1a. In Fig. 5.1c, we also show contours of µ and the mixing parameter xt = |Xt/MS|.

As expected, the largest values of xt are obtained close to the excluded regions where one

of the stops is relatively light. Thus, appreciable A-terms can be obtained without a large

increase in the stop squared masses. Indeed, as can be seen in Fig. 5.1b, for these large

values of xt, the Higgs mass can be large even for low Λ’s, such that the stops are light. For

yt ∼ 1 we can therefore find at least one stop below 2 TeV.

We can get even lighter stops by lowering the messenger scale, which allows for a lower Λ. In

Fig. 5.2 we show the behavior of the models for M = 400 TeV. Note that since we only know

the leading F/M2 behavior of the new contributions to the soft masses, we keep F/M2 < 0.5

(the pure GMSB higher-order corrections are known to be small [206]). Indeed, a Higgs mass

of 125 GeV is obtained with both stops between 1.5 and 2 TeV, and stops below 1.5 TeV

allow for Higgs masses above 124 GeV (as mentioned above, one should bear in mind the

uncertainty in our Higgs mass calculation). The remaining squarks will be quite light too in

this region, and we will give a few example spectra to illustrate this in the next Section.

For higher messengers scales, the behavior of the models is qualitatively different. To demon-
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Figure 5.2: Same plots as in Fig 5.1a and 5.1b with M = 400 TeV and tan β = 10

strate this, we present similar plots for two other messenger scales, M = 1012 gev in Fig 5.3

and M = 108 gev in Fig 5.4. Clearly, the tachyonic stop region for moderate yt is absent

for these high scales, since the negative one-loop contribution is negligible. Thus a 125 GeV

Higgs requires heavy stops, above 4 TeV. It is interesting to compare our results for high

messenger scales with models of minimal gauge mediation. As is well known, with a lot of

running, appreciable A-terms can be generated in pure GMSB models. This is, however, not

sufficient—as was shown in Ref. [186], even with a high messenger scale a heavy Higgs re-

quires very heavy stops near 8-10 TeV. For example, withM = 7.9 ·1012 gev and tan β = 10,

a Higgs mass of 125gev can be achieved if Λ = 1.3 ·106 gev [186]. With such a high value of

Λ, one of the stops is the lightest squark and has a mass of 7.9tev. In contrast, if we choose

the same messenger scale in the FGM model with yt = 1.1, a Higgs mass of 124.2gev can

be achieved with Λ = 3.35 · 105 gev. While the stops are still very heavy (around 5 TeV)

due to the messenger Yukawa contributions, the remaining superpartners are significantly

lighter, with the gluino and right handed up and charm squarks around 2.3–2.4 TeV, and a

461 GeV bino NLSP.
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Figure 5.3: Same plots as in Fig 5.1a and 5.1b with M = 1012 GeV and tan β = 10

While the models with only messenger-top Yukawas are the most economical ones, viable

models with additional messenger-bottom and messenger-tau couplings may also be viable.

As an example, in Fig. 5.5 we present Higgs mass contours in the yt − yb plane for N = 2,

withM = 108 gev, Λ = 230tev, and tan β = 10. For large values of yb, the sleptons become

tachyonic, leading to the white excluded region on the right.

Since we are turning on order-one superpotential couplings, it is interesting to ask at what

scales these become non-perturbative. For example, if N = 1 the high scale models with

M = 1012 GeV remain perturbative even above the GUT scale. For M = 108 GeV, one

loses perturbativity at around 1012 − 1013 GeV for yt ∼ 1. Finally, with M = 900 TeV, the

models stay perturbative up to 109 − 1010 GeV for yt above 1, and for a smaller yt ∼ 0.9

(as is the case with one of the lighter spectra we show below. See Table 5.2) up to scales of

around 1013 GeV. In the case of N = 2 the couplings remain perturbative for a few order of

magnitude above the messenger scale.
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Figure 5.4: Same plots as in Fig 5.1a and and 5.1b with M = 108 GeV, tan β = 20.

5.3.2 Superpartner spectra and LHC signatures

To understand the phenomenology of our FGM models, we present in Table 5.2

complete superpartner spectra for several choices of the parameters at low, intermediate and

high messenger scales. A detailed analysis of the experimental signatures is beyond the scope

of this chapter, and these spectra are only meant to illustrate the general features of the

models. Thus for example, spectrum 1, which has a light gluino and first generation squarks,

is ruled out by jets-plus-missing-energy searches like [207,208] and possibly by specific GMSB

searches [209,210]. It is nonetheless useful to point out a few key features.

First, large regions of the parameter space yield gluiono and squark masses that will hopefully

be accessible in the 14 TeV LHC. Indeed, in many of the examples shown in Table 5.2, the

gluino and some first generation squarks are below 2.5 TeV, and sometimes considerably

lighter.

Second, even with a single messenger pair, for which mGMSB models usually predict a
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Parameter Spect. 1 Spect. 2 Spect. 3 Spect. 4 Spect. 5 Spect. 6 Spect. 7 Spect. 8
Mmess 2 · 105 4 · 105 9 · 105 1 · 108 1 · 108 1 · 1012 1 · 1012 7.9 · 1012

Λ 1.05 · 105 1.65 · 105 3.03 · 105 3.08 · 105 2.74 · 105 4.00 · 105 3.55 · 105 3.35 · 105

tan β 10 10 10 20 20 10 10 10
yt 1.45 1.20 0.92 1.19 1.18 1.13 1.14 1.10
µ 2606 3165 4053 6405 5648 7844 7091 6278
h0 124.9 125.4 126.0 125.0 124.5 125.0 124.5 124.2
A 2686 3281 4248 6570 5792 8107 7319 6493
H0 2686 3281 4250 6567 5791 8105 7319 6493
H± 2687 3283 4249 6571 5792 8107 7320 6494
t1 1620 1997 1795 5698 4986 6243 5634 4899
t2 2050 2315 2623 7232 6305 7576 6855 5826
bL 1680 2069 2615 5654 4948 6195 5591 4864
bR 1119 1683 2918 2721 2439 3359 3007 2803

uL, cL 1179 1780 3116 2987 2672 3616 3229 3029
uR, cR 1096 1668 2950 2508 2257 2704 2401 2281
dL, sL 1182 1781 3117 2987 2673 3617 3230 3030
dR, sR 1133 1698 2950 2844 2546 3403 3048 2839
eL, µL 305 525 1039 569 523 578 417 620
eR, µR 356 458 618 1514 1333 2378 2149 1991
τL 244 550 1038 505 462 555 390 603
τR 392 418 604 1476 1303 2363 2135 1979
νe 295 519 1035 555 509 562 397 606

νµ, ντ 295 519 1036 563 516 571 408 614
χ1 151 233 425 426 378 552 488 461
χ2 299 457 822 826 732 1056 935 880
χ3 2642 3208 4107 6573 5793 8010 7239 6403
χ4 2643 3209 4108 6573 5793 8010 7240 6404
χ±1 299 458 823 826 733 1056 935 880
χ±2 2643 3210 4109 6573 5794 8011 7240 6404
g 894 1315 2240 2251 2024 2832 2540 2404

Table 5.2: Model parameters, and resulting Higgs parameters and spectra for eight sample
models. All mass parameters are given in GeV.
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neutralino NLSP, the NLSP in our models can be either a bino, a left-handed charged slepton,

or a sneutrino, depending on the choice of parameters. This is due to the fact that the

U(1)Y contributions to the RG evolution of sfermion masses contain a term proportional to

S ≡ Tr[Yjm
2
φj

], where the trace is taken over all the SM sfermions. Normally this contribution

suppresses the right-handed sfermions masses, but in flavored GMSB the sign of S changes

for sufficiently large yt. Furthermore, since for large yt the stop masses are much larger

than the remaining soft-terms, the effect of S through the running is dramatic. As a result,

in some regions of the parameter space, the right-handed sleptons become heavy while the

left-handed ones are relatively light.

While squarks are generically heavy in this class of models, the sleptons, charginos and

neutralinos can be quite light, and may therefore be discovered even if produced directly.

This depends of course on the details of the spectrum, and in particular on the identity

and lifetime of the NLSP. Whether or not the NLSP decays inside the detector depends

on the gravitino mass, which involves a lot of uncertainty7. In any case, the fact that the

gravitino is the LSP in these models can provide additional handles for their discovery,

using either prompt NLSP decays to the gravitino as in [209, 210], or the long lifetime of a

charged NLSP. Thus for example, the current bound on a long-lived charged slepton NLSP

in mGMSB is 300 GeV [212] and the model-independent bound on Drell-Yan produced right-

handed sleptons just somewhat below that. These bounds are likely to improve considerably

for long-lived charged left-handed sleptons at the 14 TeV LHC.

It would also be interesting to study models with more messenger pairs. Since the pure gauge

contribution to the scalar squared masses is proportional toN , we expect that for such models

the cancellation between the negative new contributions and pure gauge contributions will
7 If FX is the dominant F -term, the gravitino mass in our models varies between about 100 eV for

M = 900 TeV to a GeV for the high-scale models. It is quite plausible however that there are much higher
F terms in the supersymmetry-breaking sector, as is often the case in calculable models, in which case FX is
generated through several small couplings from a higher F -term. For large values of the gravitino mass, the
NLSP would decay outside the detector. Heavy gravitinos from late NLSP decay could also supply warm
dark matter [186,211].
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be less dramatic than for the N = 1 models, so that very light spectra would not occur.

Such models would typically give rise to gluino masses above squark masses, and to slepton

or sneutrino NLSPs.

5.4 Conclusions

We have shown that gauge-mediated models with messenger-matter couplings can give rise

to an acceptable Higgs mass, with colored superpartners within LHC reach. The important

new ingredient in these models is the messenger-scale top A-term, which gives rise to sig-

nificant stop mixing, and therefore enhances the Higgs mass. While a heavy Higgs can be

obtained for a wide range of messenger scales, the details of the superpartner spectra may

vary significantly. For low messenger scales, the one-loop O(F 4) negative contributions to

the stop masses are important, so that the stops are relatively light while the Higgs mass is

raised largely due to the A-terms. For large messenger scales, the stops become heavy due to

large positive contributions proportional to the messenger Yukawas. As a result, the Higgs

mass is raised both due to the A-terms and to the large stop masses.

The messenger Yukawas often lead to another novel effect – the U(1)Y contribution to

sfermion RGE’s may change sign so that left-handed sleptons become light. We see that

the resulting spectra can be quite diverse with either a neutralino or slepton NLSP. We

leave a detailed study of the phenomenology of these models for future work. It would also

be interesting to examine models with down-type messenger couplings, which may lead to

rather different phenomenology. We further note that while we have concentrated on models

with only a single pair of messengers and a messenger-top coupling, the results can be easily

generalized to models with several messenger pairs, with or without messenger down-type

couplings.
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The structure of the matter-messenger couplings can naturally be the same as the structure

of the usual Yukawas, since the new couplings are obtained by replacing HU and/or HD

by the messenger of the same gauge charge. The models are therefore protected against

flavor-violation by supersymmetric alignment. This can be simply realized in the context of

flavor symmetries if the Higgs and corresponding messenger have the same charges under

the flavor symmetry.

The amount of tuning in our models is related to the tuning of the new messenger-matter

coupling yt. As can be seen in Table 5.2, for spectrum 1, which relies on a finely-dialed yt to

obtain a light spectrum, the µ-term is 2.6 TeV, while less tuned choices of yt require larger

µ-terms, around 6 or 8 TeV. Generating an acceptable µ-term in our models is an important

direction to pursue. If there is a successful mechanism for generating the µ-term, the tuning

question would translate into the question of how finely one needs to tune the coupling yt.

It is probably far from trivial to find a successful mechanism for generating the µ-term, and

even if it is found, the required tuning of yt is likely to be significant. Still, since yt is a

superpotential coupling, the tuning involved is qualitatively different from the tuning of the

Higgs mass in the standard model.

Note added

After posting the original version of this article on the archive, M. Ibe drew our attention

to [213, 214], which use the same messenger-top coupling in order to raise the Higgs mass.

There is thus some overlap between our work and [213,214] as concerns the implications of a

heavy Higgs. The origin of the messenger-matter coupling is different however in [213,214],

with the result that these models are MFV. Also, while we calculate the new contributions of

the full 3-generation coupling matrices, [213, 214] only consider third generation couplings.

While completing this revised version, Ref. [215] appeared, which surveys different messenger-
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matter couplings. Our results for the soft masses now agree with [213–215], but our approach

to the calculation differs from theirs.
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Figure 5.5: Higgs mass contours in the yt − yb plane with M = 108 gev, Λ = 230tev, and
tan β = 10.
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Chapter 6

Conclusion

The hierarchy problem, in association with other standing puzzles such as dark matter,

baryogenesis, neutrino masses, flavor hierarchy, and gauge coupling unification, gives us

great hope that some new physics exists at the TeV scale. In this work, we have presented

various approaches of searching for such new phenomena utilizing a variety of experimental

techniques.

In Ch. 2 we presented a systematic way of looking for new resonances at the LHC based on

classifying the final state topology. We analyzed the future prospects for a concrete example,

namely a 2-lepton and 2-jets topology which has not been well studied. In constructing a

simple toy model to perform the analysis we were forced to consider existing limits on the

model using alternative channels that are well explored in the literature, and it is not clear

whether our chosen topology would continue to provide complementary results at future LHC

runs. Although, the simplicity of the approach and the flexibility of the result presentation

remain attractive features nonetheless. This idea has been pursued further by Ref. [225].

In Ch. 3, we investigated a model of spin-3/2 leptons using LHC data supplemented with

effective operators inspired by fermion compositeness. Such model, while possible within
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some theoretical framework, has not been well explored due to the lack of such fields in

popular new physics models. Limits based on current LHC data were presented.

An extension of the MSSM has been studied in Ch. 4, where it was supplemented by extra

vector-like matter. We showed that, in addition to the well known motivations of solving the

hierarchy problem and preserving perturbative gauge coupling unification, this model can

significantly expand on the parameter space of viable bino dark matter.

Additionally, the current and future sensitivities of colliders, direct detection, and indirect

detection experiments has been presented. We found that the parameter space will be

comprehensively covered by a combination of those experiments.

Finally, we delved deeper into the structure of the MSSM in Ch. 5 to better understand the

extent to which fine-tuning can be reduced if gauge mediation is relied upon as the primary

mechanism of transmitting supersymmetry breaking to the observable sector. We concluded

that additional flavor interactions can induce desirable corrections to the Higgs mass while

maintaining an experimentally accessible spectrum of superpartners. However, the additional

structure suffers from its own sources if fine-tuning as well as a loss of perturbativity at

high energy. The model still serves as useful proof of principle for constructing models of

supersymmetry breaking.

We have a great amount of experimental and observational resources at out disposal, and

with the infinite possibilities of new discoveries to be made, a balance needs to be made in

deciding on search strategies. In exploring a variety of different approaches, we hope that, in

addition to the results specific to each model, their advantages and disadvantages has been

highlighted and will serve to help guide the searches of new physics in the exciting years to

come.
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Appendix A

Derivation of the soft terms

In this Appendix, we describe the calculation of the soft terms. As pointed out in [199],

these can be extracted from the wave function renormalizations of the light fields, treating

the heavy threshold as a spurion. The main advantage of this method is that the running

of the wave function renormalizations, as well as of the various couplings, is only needed at

one-loop. The method of [199] was used in [201] to obtain the soft terms in models with

messenger-matter couplings. However, the analysis of [201], as well as the analysis in an

earlier version of this article, did not treat the matter-messenger mixing correctly. In A.1

we clarify this issue by discussing a simple toy model. In A.4, we generalize the results to

models with multiple fields and couplings. Our final results are given in A.5. As a double

check of our derivation, we explicitly calculate the relevant contributions, namely the mixed

y2Y 2 terms, in A.6.
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A.1 Analytic continuation in the presence of mixing

To discuss the calculation of the soft terms in the presence of messenger-SM mixings, we

first consider a simple toy model, with the superpotential

W = XD̄D + (y0D + Y 0H)le . (A.1)

Here X = M+Fθ2 is the SUSY breaking spurion, D̄, D, H, l and e are singlet fields, and we

use the superscript 0 to denote the superpotential couplings y0 and Y 0 in order to distinguish

them from the running couplings.

Our analysis closely follows [201], which applied the method of [199] to models with multiple

couplings, in which one cannot integrate the one-loop RGEs to obtain closed-form expressions

for the wave function renormalizations and couplings. The necessary ingredients in the

calculation are the RGE’s for the various couplings, and the boundary conditions for these

couplings. In the absence of mixing between the messengers and SM fields, there is a clear

distinction between the messengers and light fields. In our toy model however, H and D

mix, and as a result, there is some ambiguity in the identification of the messenger and Higgs

couplings. The key in the calculation is therefore the correct matching of the high-energy

and low-energy theories, which we will perform by identifying the physical heavy and light

combinations of messenger and Higgs fields, and by demanding that the physical coupling

of the light combination is continuous across the threshold.

Let us first recall the main results of [199]. At leading order in F/M2, the soft mass of the

light field f can be extracted from its wave function renormalization Zf ,

m2
f (µ) = −1

4

∂2 lnZf (µ)

∂ lnM2

F 2

M2
, (A.2)

at µ ≤ M . This relies on the fact that, at this order, the only threshold dependence
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enters through the one-loop running of Zf , and therefore one can obtain the soft masses

by promoting M to a superfield. Specifically, as argued in [199] based on symmetries and

holomorphy, Zf (M)→ Zf (
√
X†X). Note that, since the theory is defined at a scale Λ above

M , the derivatives with respect to M are taken while holding the physical couplings at Λ

fixed. It is therefore natural to choose a canonical Kähler potential at Λ, and to hold the

superpotential couplings fixed while taking derivatives with respect to M .

It will be convenient to rewrite our model by defining, φ1 ≡ D, φ2 ≡ H, y0
1 ≡ y0 and y0

2 ≡ Y 0.

The high energy theory is then defined at the cutoff Λ, by the superpotential

W = XD̄φ1 + y0
i φile (A.3)

where i = 1, 2. As noted above, we take the Kähler potential to be canonical at Λ.

At any scale µ below Λ and above the messenger scale, the renormalized fields are

φr(µ)i ≡ Z1/2(µ)ij φj lr(µ) ≡ Z
1/2
l (µ) l , er(µ) ≡ Z1/2

e (µ) e , (A.4)

Here Z1/2 is the square-root of the two-by-two wave-function renormalization matrix Z. The

running couplings are given by

yi(µ) = Z
−1/2
l (µ)Z−1/2

e (µ)Z−1/2(µ)ji y
0
j . (A.5)

Note that Z is a real superfield. At one loop, Z runs according to

dZ

dt
= Z1/2γZ1/2 , (A.6)

where γ is the two-by-two matrix of anomalous dimensions.

At the messenger scale µX , we have a heavy combination φ̃r1 and (the orthogonal) light
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combination φ̃r2,

φ̃r1 =
[
Z−1/2(µX)11φr1 + Z−1/2(µX)12φr2

]
/C(µX) (A.7)

φ̃r2 =
[
Z−1/2(µX)11φr2 − Z−1/2(µX)21φr1

]
/C(µX) (A.8)

where

C(µX) =
√

(Z−1/2(µX)11)2 + |Z−1/2(µX)12|2 (A.9)

and where we used

(Z−1/2∗)ij = (Z−1/2)ji (A.10)

We can now find the physical couplings at the threshold. The physical coupling of the heavy

combination φ̃r1 to l and e is,

ỹ1(µX) = Z
−1/2
l (µX)Z−1/2

e (µX)C(µX)

y0
1 +

y0
2Z
−1/2
21 (µX)

(
Z
−1/2
11 (µX) + Z

−1/2
22 (µX)

)
C(µX)2

 ,

(A.11)

and the physical coupling of the light combination φ̃r2 to l and e is,

ỹ2(µX) = Z
−1/2
l (µX)Z−1/2

e (µX)
Z−1/2(µX)11Z

−1/2(µX)22 − |Z−1/2(µX)12|2√
|Z−1/2(µX)11|2 + |Z−1/2(µX)12|2

y0
2 . (A.12)

The physical messenger scale is

µ2
X =

(
|Z−1/2(µX)11|2 + |Z−1/2(µX)12|2

)
X†X . (A.13)

To leading order, we can replace µ2
X by X†X, since the difference between the two gives a

3-loop correction to the soft masses (see also [216]). In the following we will therefore set

µX = M . Furthermore, the expression for the soft masses (A.2) involves the running of

Z and the couplings at one-loop only. Thus we only need to match the couplings at the
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threshold at one-loop, and at this order the coupling of the heavy combination is

ỹ1(M) = Z
−1/2
l (M)Z−1/2

e (M)Z−1/2(M)11

(
y0

1 + 2Z−1/2(M)21 y
0
2

)
, (A.14)

while the coupling of the light combination is,

ỹ2(M) = Z
−1/2
l (M)Z−1/2

e (M)Z−1/2(M)22 y
0
2 . (A.15)

Equations (A.14) and (A.15) are the key results of the preceding analysis, and lead to the

main difference between our results and the results of [201]. The point is that these couplings

do not coincide with the running couplings yi(M) of eqn. (A.5). In particular, the coupling

of the light combination at the threshold, ỹ2(M), does not involve either y0
1 or the mixed

anomalous dimension γ12 since at one loop (Z−1/2)22 only depends on γ22. Consequently, as

we will see below, the soft mass of the light combination H does not depend on the mixed

anomalous dimension γ12. This is precisely what one would expect intuitively1. On the other

hand, the coupling of the heavy combination (A.14) involves both y0
1 and y0

2, with the latter

multiplied by the mixed anomalous dimension γ12. However, this contribution appears with

a factor of 2 compared to the analogous term in the running coupling y1(M).

The two conclusions of the above discussion, namely, the absence of γ12 in the coupling

of the light combination, and the factor of 2 multiplying γ12 in the coupling of the heavy

combination, only involve the fields H and D, and are not affected by the structure of the

couplings to the remaining fields l and e. These conclusions therefore carry over trivially to

the full 3-generation model. In other words, we only need to integrate out the heavy field

once, and at one-loop, this procedure only involves the wave-function renormalizations of H

and D.
1In fact, in the earlier version of this article, this intuition motivated us to ignore the contributions of γ12

in the soft masses. This is indeed correct for H, but not for the other SM fields.
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We can now turn to the low energy theory. Clearly, this theory can be written in terms of

the fields l, e, and H. Its coupling is defined by matching to the high scale theory at the

threshold. That is, we require that the running coupling in the low-energy theory, Y (µ)

match the physical coupling of the light combination at the threshold M at one-loop,

Y (M) = ỹ2(M) (A.16)

with ỹ2(M) given by eqn. (A.15). The low-energy theory is therefore defined by

W = Y 0Hle (A.17)

with Zl(M), Ze(M) and ZH(M) continuous across the threshold. More precisely, for the

latter2,

ZH(M) = Z22(M) . (A.18)

Thus, both the wave-function renormalization and the physical coupling of the light com-

bination are continuous across the threshold as one would expect, but, as noted above, the

coupling of this combination is different from the running coupling y2(M).

Note that, since we only have a single combination of φ1 and φ2 in the low-energy theory, we

have reverted to the original notation and replaced y0
2 by Y 0. The running coupling below

M is therefore

Y (t) =
Z
−1/2
l (t)

Z
−1/2
l (M)

Z
−1/2
e (t)

Z
−1/2
e (M)

Z
−1/2
H (t)

Z
−1/2
H (M)

ỹ2(M) . (A.19)

2Note that at one loop, (Z
−1/2
22 )2 = Z−1

22 .
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A.2 slepton mass

Let us use this to calculate the l mass following [201]. For µ < M ,

lnZl(µ) = −
∫ ln Λ

lnM

γ>l (t′) dt′ −
∫ lnM

t

γ<l (t′) dt′ , (A.20)

with t = lnµ. We use the superscript > (<) to denote the theory above (below) M .

We have
∂

∂ lnM
lnZl(µ) = γ>l (M)− γ<l (M)−

∫ lnM

t

∂

∂ lnM
γ<l (t′) dt′ , (A.21)

and
∂2

∂lnM2 lnZl(M) =
∂

∂ lnM
(γ>l (M)− γ<l (M))− ∂

∂ lnM
γ<l (t)|t=lnM . (A.22)

The jump in the l anomalous dimension is given by the contribution of the heavy field to γl.

Therefore,

γ>l (M)− γ<l (M) = − 2

16π2
|ỹ1(M)|2. (A.23)

The l anomalous dimension at scales below M is given by

γ<l (t) = − 2

16π2
|Y (t)|2 , (A.24)

with

|Y (t)|2 =
Zl(M)

Zl(µ)

Ze(M)

Ze(µ)

Zh(M)

ZH(µ)
Y (M) = Z−1

l (µ)Z−1
e (µ)Z−1

H (µ) |y0
2|2 . (A.25)

Thus,

m2
l (M) = −1

4

∣∣∣∣ FM
∣∣∣∣2 ∂2

∂lnM2 lnZl(M) (A.26)

=
1

4

∣∣∣∣ FM
∣∣∣∣2 2

16π2

[
∂

∂ lnM
|ỹ1(M)|2 +

∂

∂ lnM
|Y (t)|2|t=lnM

]
. (A.27)
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The derivatives in the expression above involve of course the beta functions of the two cou-

plings, which in turn are combinations of the various anomalous dimensions. The derivative

of the first term can be obtained from eqn. (A.14), and, as explained above, involves double

the usual contribution of γ12.

In contrast, the derivative of the second term does not contain γ12 at all, since γ12 cannot

appear in the theory below M , and does not appear in Y (M) as we saw above. To obtain

the second term of eqn. (A.26), we can use first eqn. (A.20) which gives at one loop,

∂

∂ lnM
lnZl(µ) = ∆γl(M) = γ>l (M)− γ<l (M) (A.28)

so that
∂

∂ lnM
Z−1
l (µ) = −∆γl(M) . (A.29)

We also need the analogous expression for ZH ,

lnZH(µ) = lnZ22(M)−
∫ lnM

t

γH dt
′ (A.30)

so at one-loop
∂

∂ lnM
ZH(µ) = γ22(M)− γH(M) = 0 . (A.31)

Plugging these in eqn. (A.26), we have,

m2
l (M) =

1

4

2

16π2

[
(γ>l + γ>e + γ>11)y2 + 2γ12yY − [∆γl + ∆γe]Y

2
] ∣∣∣∣ FM

∣∣∣∣2 (A.32)

with everything evaluated at the scale M . Substituting in the values of the anomalous

dimensions one gets

m2
l =

1

(4π)4
(4y4 + 2y2Y 2)

∣∣∣∣ FM
∣∣∣∣2 , (A.33)
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or for a simplified model where all fields are singlets

m2
l

∣∣∣∣
simplified

=
1

(4π)4
(3y4 + 2y2Y 2)

∣∣∣∣ FM
∣∣∣∣2 , (A.34)

Alternatively, we can rewrite eqn. (A.32) in a way that is more similar to the expression

of [201],

m̃2(M) = −1

4

(
d∆γ

dy

[
β<y
]
γ12=0

− γ12
d∆γ

dy
Y − dγ<

dY
[∆βY ]γ12=0

) ∣∣∣∣ FM
∣∣∣∣2 . (A.35)

Here the various β’s and anomalous dimensions are the standard ones, and []γ12=0 indicates

that γ12 should be set to zero in the expression for the relevant β. One could in principle

denote the couplings collectively by λ, as in [201], but ∆γ only depends on the messenger

couplings y, whereas γ< only depends on the Higgs couplings Y .

A.3 Higgs mass

To calculate the Higgs mass we again need to take two derivatives of

lnZH(µ) = lnZ22(M)−
∫ lnM

t

γ<H(t′) dt′ . (A.36)

Since there is no jump in the anomalous dimension of H, one could immediately start with

the analog of eqn. (A.22) and set ∆γH = 0. We can also derive this result more carefully.

Writing

Z22(M) = 1−
∫ ln Λ

lnM

(
Z1/2γZ1/2

)
22
dt (A.37)

we find (dropping 3-loop terms)

∂2

∂lnM2 lnZH(M) =
∂

∂lnM
γ22(M) + |γ12|2(M) . (A.38)
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Then

∂2

∂lnM2 lnZH(M)|µ=M =
∂

∂ lnM
(γ22(M)− γH(M)) + |γ12|2 −

∂

∂ lnM
γ<H(t)|t=lnM . (A.39)

Note that γ22(M) and γH(M) differ at one-loop:

γ22(M) =
−2

16π2
|y2(M)|2 =

−2

16π2

[
|y0

2|2Z−1
22 (M)Z−1

l (M)Z−1
e (M) +

(
y0

1y
0∗
2 Z

−1/2
12 (M) + cc

)]
,

(A.40)

whereas

γH(M) =
−2

16π2
|ỹ2(M)|2 =

−2

16π2
|y0

2|2Z−1
22 (M)Z−1

l (M)Z−1
e (M) . (A.41)

Therefore

∂

∂ lnM
(γ22(M)− γH(M)) =

−2

16π2

∂

∂ lnM

(
y0

1y
0∗
2 Z

−1/2
12 (M) + cc

)
= −|γ12(M)|2 , (A.42)

which precisely cancels the third term in (A.39). We are then left with

∂2

∂lnM2 lnZH(M)
∣∣∣
µ=M

= − ∂

∂ lnM
γH(t)|t=lnM . (A.43)

In this case, the soft mass only depends on the anomalous dimension in the low-energy

theory, and therefore does not involve the mixed anomalous dimension γ12 as explained in

the previous section.

Using the results of the last section we find,

m2
H =

1

4

2

16π2
[∆γl + ∆γe]|Y |2

∣∣∣∣ FM
∣∣∣∣2 = − 1

(4π)4
(3|y|2|Y |2)

∣∣∣∣ FM
∣∣∣∣2 , (A.44)

or for a simplified model where all fields are singlets

m2
H = − 1

(4π)4
(2|y|2|Y |2)

∣∣∣∣ FM
∣∣∣∣2 . (A.45)
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Again, we can rewrite this in analogy with eq.(A.35),

m̃2
H(M) =

1

4

dγ<H
dY

[∆βY ]γ12=0

∣∣∣∣ FM
∣∣∣∣2 , (A.46)

where we used ∆γH = 0.

A.4 Multiple couplings

We can now generalize these results to models with multiple fields and couplings. Specifically,

we will take the superpotential to be

W = XD̄D + (y0
aαD + Y 0

aαH)laeα , (A.47)

where the different fields can have different multiplicities3. As before we define φ1 ≡ D,

φ2 ≡ H, y0
1aα ≡ y0

aα and y0
2aα ≡ Y 0

aα. The various wave-function renormalizations are now all

matrices, and the expressions for the soft masses at 2-loops generalize to

m2
l (µ) = −1

4

[
∂2Z(µ)

∂ lnM2
−
(
∂Z(µ)

∂ lnM

)2
] ∣∣∣∣ FM

∣∣∣∣2 , (A.48)

and similarly for e. Using the RGE for the matrix Zl (in analogy with eqn. (A.6)) this can

be written as (at µ = M),

m2
l (M) = −1

4

[
∂

∂ lnM
∆γl(M)− ∂

∂ lnM
γ<l (µ)

∣∣∣
µ=M

] ∣∣∣∣ FM
∣∣∣∣2 , (A.49)

3This covers also the models with both down-quark and lepton couplings, with a = 1 . . . 3 running over
quarks and a = 4 . . . 6 over leptons etc.
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and similarly for e. For completeness we display again the expression for the Higgs mass,

m2
H(M) =

1

4

∂

∂ lnM
γ<H(µ)

∣∣∣
µ=M

∣∣∣∣ FM
∣∣∣∣2 . (A.50)

Note that the second term of (A.49) is common to all the SM fields including H and γ< is

given by the square of the low-energy coupling Y . On the other hand the first term of (A.49)

does not appear in the H mass (since its anomalous dimension is continuous across the

threshold), and ∆γ(M) is given by the square of ỹ(M).

It is now easy to evaluate these expressions. Let us do this explicitly for the l mass. The

first term of (A.49) is then

∂

∂ lnM
∆γl(M)ba =

(
− 2

16π2

) [
ỹ∗bα

∂

∂ lnM
ỹaα + cc

]
(A.51)

= −1

2

(
− 2

16π2

)[
y∗bα
(
γ>11yaα + γ>baybα + γ>βαyaβ + 2γ>12Yaα

)
+ cc

]
where in the second line we omitted the tildes because the expression is already of two-loop

order. The second term of (A.49) is,

∂

∂ lnM
γ<l (µ)

∣∣∣
µ=M

=

(
− 2

16π2

) [
Ỹ ∗bα

∂

∂ lnM
Ỹaα + cc

]
(A.52)

= −1

2

(
− 2

16π2

)
[y∗bα (∆γbaybα + ∆γβαyaβ) + cc] .

Finally we need to substitute,

∆γba =

(
− 2

16π2

) (
yy†
)

(A.53)

and the analogous expression for e. Here again we used the fact that ∆γ ∼ ỹ(M)2, but to

leading order ỹ = y.
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A.5 Soft terms in the three generation model

We are now ready to present the soft terms resulting from general coupling matrices yU , yD

and yL.

Note that our couplings YU are actually the complex conjugates of the commonly used

standard-model Yukawas, which we denote by yu. To conform with the standard notation

we will therefore express the soft terms in terms of Yu and yu (and similarly for the down

and lepton couplings with

Yu = Y ∗U , Yd = Y ∗D , Yl = Y ∗L ,

yu = y∗U , yd = y∗D , yl = y∗L . (A.54)

The 2-loop soft squared masses at µ = M are

m̃2
q = 1

(4π)4

∣∣ F
M

∣∣2{ (
3Tr

(
y†uyu

)
− 16

3
g2

3 − 3g2
2 −

13

15
g2

1

)
yuy

†
u

+

(
Tr
(

3y†dyd + y†l yl

)
− g2

3

16

3
− 3g2

2 −
7

15
g2

1

)
ydy
†
d

+ 3yuy
†
uyuy

†
u + 3ydy

†
dydy

†
d + yuy

†
uydy

†
d + ydy

†
dyuy

†
u

+ 2yuY
†
uYuy

†
u + 2ydY

†
d Ydy

†
d − 2Yuy

†
uyuY

†
u − 2Ydy

†
dydY

†
d

+ yuY
†
uTr

(
3y†uYu

)
+ Yuy

†
uTr

(
3Y †u yu

)
+ydY

†
d Tr

(
3y†dYd + y†l Yl

)
+ Ydy

†
dTr

(
3Y †d yd + Y †l yl

)
+2N5

(
4

3
g4

3 +
3

4
g4

2 +
1

60
g4

1

)
13×3

}
(A.55)
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m̃2
uR

= 1
(4π)4

∣∣ F
M

∣∣2{ 2

(
3Tr

(
y†uyu

)
− 16

3
g2

3 − 3g2
2 −

13

15
g2

1

)
y†uyu

+ 6y†uyuy
†
uyu + 2y†uYuY

†
u yu + 2y†uYdY

†
d yu + 2y†uydy

†
dyu

−2Y †u yuy
†
uYu − 2Y †u ydy

†
dYu + 2y†uYuTr

(
3Y †u yu

)
+2Y †u yuTr

(
3y†uYu

)
+ 2

(
4

3
g4

3 +
4

15

)
N5g

4
113×3

}
(A.56)

m̃2
dR

= 1
(4π)4

∣∣ F
M

∣∣2{ 2

(
Tr
(

3y†dyd + y†l yl

)
− 16

3
g2

3 − 3g2
2 −

7

15
g2

1

)
y†dyd

+ 6y†dydy
†
dyd + 2y†dYuY

†
u yd + 2y†dyuy

†
uyd + 2y†dYdY

†
d yd

− 2Y †d yuy
†
uYd − 2Y †d ydy

†
dYd

+2y†dYdTr
(

3Y †d yd + Y †l yl

)
+ 2Y †d ydTr

(
3y†dYd + y†l Yl

)
+2N5

(
4

3
g4

3 +
1

15
g4

1

)
13×3

}
(A.57)

m̃2
L = 1

(4π)4

∣∣ F
M

∣∣2{ (
Tr
(

3y†dyd + y†l yl

)
− 3g2

2 −
9

5
g2

1

)
yly
†
l

+ 3yly
†
l yly

†
l + 2ylY

†
l Yly

†
l − 2Yly

†
l ylY

†
l

+ylY
†
l Tr

(
3y†dYd + y†l Yl

)
+ Yly

†
l Tr

(
3Y †d yd + Y †l yl

)
+2N5

(
3

4
g4

2 +
3

20
g4

1

)
13×3

}
(A.58)
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m̃2
eR

= 1
(4π)4

∣∣ F
M

∣∣2{ 2

(
Tr
(

3y†dyd + y†l yl

)
− 3g2

2 −
9

5
g2

1

)
y†l yl

+ 6y†l yly
†
l yl + 2y†l YlY

†
l yl − 2Y †l yly

†
l Yl

+2y†l YlTr
(

3Y †d yd + Y †l yl

)
+ 2Y †l ylTr

(
3y†dYd + y†l Yl

)
+

6

5
N5g

4
113×3

}
(A.59)

m̃2
Hu = 1

(4π)4

∣∣ F
M

∣∣2{ −3Tr
(
Y †u yuy

†
uYu + Y †u ydy

†
dYu + 2Y †uYuy

†
uyu

)
+2N5

(
3

4
g4

2 +
3

20
g4

1

)}
(A.60)

m̃2
Hd = 1

(4π)4

∣∣ F
M

∣∣2{ −3Tr

(
Y †d yuy

†
uYd + Y †d ydy

†
dYd + 2Y †d Ydy

†
dyd

)
−Tr

(
Y †l yly

†
l Yl + 2Y †l Yly

†
l yl

)
+ 2N5

(
3

4
g4

2 +
3

20
g4

1

)}
(A.61)
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In addition, we give here the fully-flavored 1-loop contributions to the soft masses,

δm2
qL

= − 1

(4π)2

1

6

(
yuy

†
u + ydy

†
d

) F 4

M6
(A.62)

δm2
uR

= − 1

(4π)2

1

3

(
y†uyu

) F 4

M6
(A.63)

δm2
dR

= − 1

(4π)2

1

3

(
y†dyd

) F 4

M6
(A.64)

δm2
l = − 1

(4π)2

1

6

(
yly
†
l

) F 4

M6
(A.65)

δm2
ec = − 1

(4π)2

1

3

(
y†l yl

) F 4

M6
. (A.66)

The A-terms, i.e the coefficients of the Lagrangian terms L ⊃ (Au)i,j q̃Liũ
∗
RjHU

+ (Ad)i,j q̃Lid̃
∗
RjHd + (Al)i,jL̃Liẽ

∗
RjHd at the scale M are,

A∗u = − 1

16π2

[(
yuy

†
u + ydy

†
d

)
Yu + 2Yu

(
y†uyu

)] F
M

(A.67)

A∗d = − 1

16π2

[(
yuy

†
u + ydy

†
d

)
Yd + 2Yd

(
y†dyd

)] F
M

(A.68)

A∗l = − 1

16π2

[(
yly
†
l

)
Yl + 2Yl

(
y†l yl

)] F

M
(A.69)
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A.6 Explicit 2-loop Calculation

A a cross-check of the calculation described above, we have also calculated the mixed y2Y 2

terms explicitly. Since we are only interested in verifying the two loop contributions, which

are only known to leading order in F/M2, we work in the limit F � M2, treating F as an

insertion.

The scalar interaction Lagrangian is

Lscalar ⊃ −FDD̄ − F ∗D∗D̄∗ − |FD|2 − |FD̄|2 − |FH |2 − |Fl|2 − |Fe|2

= −FDD̄ − F ∗D∗D̄∗ − |MD̄ + yle|2 − |MD|2 − |Y le|2

−|Y He+ yDe|2 − |Y Hl + yDl|2

= −FDD̄ − F ∗D∗D̄∗ − |M |2D∗D − |M |2D̄∗D̄

−My∗D̄l∗e∗ −M∗yD̄∗le− (|Y |2 + |y|2)l∗le∗e

−(|Y |2H∗H + |y|2D∗D + Y y∗HD∗ + Y ∗yH∗D)e∗e

−(|Y |2H∗H + |y|2D∗D + Y y∗HD∗ + Y ∗yH∗D)l∗l (A.70)

and the fermion Lagrangian is

−Lfermion = MψDψD̄+Y (Hψlψe+eψlψH+lψHψe)+y(Dψlψe+eψlψD+lψDψe)+c.c (A.71)

For the sake of brevity we will define

∫
dϕ =

∫
d4p

(2π)4

∫
d4k

(2π)4
(A.72)

While we are working in the F/M2 � 1 limit, it is important to remember that the sfermions

obtain small soft mass (of order F 4/M2) already at one loop. Indeed, loops of massless scalars
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in the calculation presented below lead to spurious IR divergences which manifest themselves

in the fact that the results of the calculation appear to depend on the order of integration.

The presence of non-vanishing scalar masses cuts off these divergences leading to a finite

result independent of the order of integration. For the sake of brevity, below we choose the

order of integration which gives the correct result even when light scalars are treated as

massless.
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A.7 H field soft mass squared

The four 2-loop diagrams with two insertions of the SUSY breaking spurion and their con-

tributions are given by,

H∗ H

D

l, e

e, l e, l

X X

= i|F |2|yY |2
∫
dϕ

M2

p4(k2 −M2)3(p− k)2
(A.73)

H∗ H

e∗, l∗

D

e, l

X X

= i|F |2|yY |2
∫
dϕ

1

p4(k2 −M2)3
(A.74)

= −i|F |2|yY |2
∫
dϕ

2p · (p− k)

p4(p− k)2(k2 −M2)3
(A.75)

H∗ H

l, e

D

l, e

X X

= i|F |2|yY |2
∫
dϕ

1

(k2 −M2)3(p− k)2p2
(A.76)

The integrals on the right-hand side represent contributions of either l or e propagating in

the loop. Multiplying the results by a factor of two to account for the number of fields in
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the loop and summing the diagrams we obtain

I = 2i|Y y|2|F |2
∫
dϕ

1

p2(k2 −M2)3

(
M2

p2(p− k)2
+

1

p2
+

1

(p− k)2
− 2p · (p− k)

p2(p− k)2

)
= 2i|Y y|2|F |2

∫
dϕ

k2 +M2

p4(k2 −M2)3(p− k)2
(A.77)

As discussed above, to avoid spurious IR divergences we will choose to perform the k integral,

associated with the massive messenger loop momentum, first followed by the p integral.

The resulting Higgs mass squared is

m2
H = −2|Y y|2

(4π)4

∣∣∣∣ FM
∣∣∣∣2 (A.78)

consistent with the results obtained using analytic continuation in Equation (A.45).

A.7.1 l field mass squared

The diagrams contributing to the l-field soft mass squared which contain a |yY |2 term are

l∗ l

D

l

e e

X X

= i|F |2|y|2(|y|2 + |Y |2)

∫
dϕ

|M |2
(k2 −M2)3(p− k)2p4

(A.79)

l∗ l

e∗

D

e

X X

= i|F |2|y|2(|y|2 + |Y |2)

∫
dϕ

1

(k2 −M2)3p4
(A.80)
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l∗ l

e e

X X

H

D

l

= −2i|F |2|yY |2
∫
dϕ

p · (p− k)

(k2 −M2)3(p− k)2p4
(A.81)

l∗ l

l

D

H

X X

= 2i|F |2|yY |2
∫
dϕ

1

(k2 −M2)3(p− k)2p2
(A.82)

l∗ l

e e

l, H

X X

D = i|F |2|yM |2(|y|2 + 2|Y |2)

∫
dϕ

1

(k2 −M2)3k4p2
(A.83)

l∗ l

e e

X X

D

l

H

= −2i|F |2|M |2|yY |2
∫
dϕ

p · (p− k)

(k2 −M2)3k4(p− k)2p2
(A.84)
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l∗ l

l e

e

D
X

X

+

l∗ l

l e

e

D

X

X

= 2i|F |2|y|2(|y|2 + |Y |2)

∫
dϕ

|M |2
(k2 −M2)3k2(p− k)2p2

(A.85)

l∗ l

e

l

H D
X

X

= − 4i|F |2|yY |2
∫
dϕ

p · (p− k)

(k2 −M2)3k2(p− k)2p2
(A.86)

l∗ l

H

l, e

D

X

X

= 4i|F |2|yY |2
∫
dϕ

1

(k2 −M2)3k2p2
(A.87)

We note that contributions of Feynman diagrams A.80-A.82 are identical to the diagrams

contributing to the Higgs mass. The last of these diagrams, A.82, has an additional factor

of two due to due to two possible choices of “chirality” for D and H propagators. The |yY |2

contribution to the l soft squared mass in the diagrams of Eqs. A.80-A.87 can be written as

a sum of three integrals,

I =

∫
dϕ

k2 +M2

(k2 −M2)3(p− k)2p4
=

1

(4π)4M2

II = 3

∫
dϕ

k2 +M2

k2(k2 −M2)3(p− k)2p2
= − 3

(4π)4M2

III =

∫
dϕ

(p− k)2 − p2

(k2 −M2)3(p− k)2p2

(
2

k2
+
M2

k4

)
= 0 .

(A.88)

157



Summing all contributions, the |yY |2 part of the l soft squared mass reads

m2
l

∣∣∣∣
|yY |2

=
2|Y y|2
(4π)4

∣∣∣∣ FM
∣∣∣∣2 (A.89)

consistent with the results obtained in the revised analytic continuation in Equation (A.34).

158



Appendix B

Spin-Independent Scattering Cross

Section of Bino-Like Neutralinos

In this Appendix, we derive a simple expression for the differential cross section for SI

neutralino–nucleus scattering in the limit where the neutralino is Bino-like. The resulting

expression will require some additional approximations, but will provide an analytic cross-

check for the numerical results derived in the body of the paper.

The SI cross section for neutralinos χ scattering off a nucleus N , with nuclear charge Z and

mass number A, is [146]

dσ

d |~q|2
=

1

πv2
[Zfp + (A− Z)fn]2 F 2(Q) , (B.1)

where ~q is the momentum transferred in the interaction; v is the velocity of the dark matter;

fp and fn are the effective couplings to protons and neutrons, respectively; and F (Q) is the

nuclear form factor, where Q is the energy transfer.
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For the form factor, a common parameterization is [217]

F 2(Q) = e−Q/Q0 , (B.2)

where

Q0 =
1.5

mNR2
0

R0 =

[
0.3 + 0.91

( mN

GeV

)1/3
]
× 10−15 m . (B.3)

In the non-relativistic limit, the maximum energy transfer from elastic scattering of dark

matter is

Qmax =
2mNv

2

(1 +mN/mχ)2 , (B.4)

where mχ and mN are the masses of the dark matter and the nucleus, respectively. For all

but the heaviest nuclei, v2m2
NR

2
0 is small enough that F 2(Q) ≈ 1 is a good approximation.

In the heavy-squark limit, the effective nucleon couplings fp and fn are approximately equal

and are given by [146]

fp,n
mp,n

=
∑

q=u,d,s

fTqfq
mq

+
2

27
fTG

∑
q=c,b,t

fq
mq

, (B.5)

where fTq = 〈n|mq q̄q|n〉/mp and fTG = 1 −∑u,d,s fTq. Values for each fTq are shown in

Eq. (4.41).

The neutralino interaction strength is encoded in the parameters

fq =
∑
i=h,H

gTi11hiqq
2m2

i

− 1

4

∑
q̃j

X ′qj1W
′
qj1

m2
q̃j
− (mχ +mq)2

. (B.6)

The first term of Eq. (B.6) represents the t-channel Higgs exchange diagrams. The effective
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Higgs couplings are [218]

Th11 = sinαQ′′11 + cosαS ′′11 , TH11 = − cosαQ′′11 + sinαS ′′11 ,

Q′′11 = N31(N21 −N11 tan θW ) , S ′′11 = N41(N21 −N11 tan θW ) ,

hhuu = − gmu cosα

2mW sin β
, hHuu = − gmu sinα

2mW sin β
,

hhdd = +
gmd sinα

2mW cos β
, hHdd = − gmd cosα

2mW cos β
,

sin 2α = − sin 2β

(
m2
H +m2

h

m2
H −m2

h

)
, cos 2α = − cos 2β

(
m2
A −m2

Z

m2
H −m2

h

)
.

(B.7)

Here mA is the CP-odd Higgs masses, θW is the weak mixing angle, and Nj1 are entries in

the matrix N that diagonalizes the neutralino mass matrix, given below in Eq. (B.11).

The second term in Eq. (B.6) represents the s-channel squark exchange processes. For

the SI amplitude, this requires left–right squark mixings, which we assume are negligible.

In particular, for the third and fourth generations we take them to be zero by tuning A-

parameters. As a result, tree-level squark exchange contributes only to the SD amplitude,

and the SI amplitude is dominated by the Higgs-mediated scattering.

In the case where mH ,mA � mh, we may also neglect the heavy Higgs diagram. In this

limit α ' β − π/2, so that sinα ' cos β and cosα ' sin β. We consider models with

5 < tan β < 50, so sin β ' cosα ' 1 and cos β ' sinα ' 0. With these approximations,

Th11 → N41(N21 −N11 tan θW ) ,
hhuu
mu

→ − g

2mW

,
hhdd
md

→ g

2mW

. (B.8)

The effective couplings fp,n can then be expressed very simply as

fp,n
mp,n

= N41 [N21 −N11 tan θW ]
g2

4mWm2
h

[
fTd − fTu + fTs −

2

27
fTG

]
+O

(
m−2
H0 ,m

−2
q̃

)
. (B.9)

To further simplify the expression, we can determine the neutralino mixing matrix factors
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in terms of the underlying SUSY parameters. The lightest neutralino χ can be written in

the gauge basis {B̃, W̃ 3, H̃0
d , H̃

0
u} as

χ = N∗11B̃ +N∗21W̃
3 +N∗31H̃

0
d +N∗41H̃

0
u , (B.10)

where the matrix N diagonalizes the neutralino mass matrix

Mχ =



M1 0 −mZcβsW mZsβsW

0 M2 mZcβcW −mZsβcW

−mZcβsW mZcβcW 0 −µ

mZsβsW −mZsβcW −µ 0


. (B.11)

For |µ| > M1, the lightest neutralino is primarily Bino with a small Higgsino fraction. Given

the gaugino mass unification relationM2 = 2M1, the W̃ fraction |N21|2 is negligible compared

to the H̃ fractions, as can be seen in Fig. 4.4. We may then diagonalize the mass matrix in

the limit that the W̃ decouples from the lightest neutralino and tan β is large. In this case

we may expand in the small parameter

x =
s2
Wm

2
Z

µ2 −M2
1 +m2

Zs
2
W

, (B.12)

and find that, to leading order in x,

N41 ≈ −x
M1

mZsW
, (B.13)

and the neutralino mass is

mχ ≈M1

(
µ2 −M2

1

µ2 −M2
1 +m2

Z sin2 θW

)
. (B.14)

For |µ| = 250 GeV and M1 = 200 GeV, Eq. (B.14) is accurate to 8%. The approximation
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becomes poorer for smaller values of µ2 −M2
1 .

The effective neutralino–nucleon couplings fp,n can now be written explicitly in terms of SM

and SUSY parameters as

fp,n
mp,n

=
M1x

mZ cos θW

(
g2

4mWm2
h

)[
fTd − fTu + fTs −

2

27
fTG

]
+O(x2,m−2

H ,m−2
q̃ )

≈ M1mZ tan θW sin θW
µ2 −M2

1 +m2
Z sin2 θW

(
g2

4mWm2
h

)[
fTd − fTu + fTs −

2

27
fTG

]
. (B.15)

Equation (B.15) provides a simple analytic expression for the effective scalar neutralino–

nucleon couplings when the squarks are effectively decoupled, mA � mh0 , tan β is moderate

or large, and the neutralino dark matter is Bino-like.
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Appendix C

Monte Carlo simulation of vector-like

leptons at the LHC

This Appendix describes our Monte Carlo simulation of searches for vector-like leptons at

the 14 TeV LHC. We focus on vector-like leptons that mix with electrons or muons; the

Run 2 prospects for τ -mixed vector-like leptons are studied in Ref. [143].

C.1 Analysis procedure

SM background events are estimated with the Snowmass background set for 14 TeV pp

colliders [219–221]. Signal events are generated with the same procedure that generated the

background, i.e., the hard processes are calculated with MadGraph5_aMC@NLO [85],

showering and hadronization are performed with Pythia 6 [172] with the Pythia–PGS

interface, and the detector is simulated with Delphes tuned by the Snowmass Collaboration

based on Delphes 3.0.9 [173], with FASTJET [174,175] utilized for jet reconstruction. In

the detector simulation, electrons, muons, and jets are reconstructed and identified based on
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the same procedure and efficiency as the Snowmass background set. The lepton identification

efficiency is 98% (99%) for electrons (muons) with PT > 10 GeV and |η| < 1.5, and jets are

reconstructed by the anti-kT algorithm [222] with R = 0.5. The objects are required to be

separated from each other by the procedures in Ref. [223], and electrons and muons forming

same-flavor opposite-sign (SFOS) pairs with mSFOS < 12 GeV are removed.

We do not include further efficiency factors for lepton identification, reconstruction and

isolation, even though the results of our analysis, which focuses on events with multi-leptons,

are sensitive to these efficiencies. This is because these efficiencies are determined only

through LHC Run 2 data. In view of this limitation, the production cross section of the

leptons are calculated at tree-level without an NLO K-factor, and we refrain from using

tau-tagging (therefore taus are classified as jets), despite the fact that taus from Z and W

would increase the sensitivity of the searches. For the same reason b-tagging is not utilized;

as we will see later, the background from top quark events is small.

Background events from the Snowmass background set and signal events after the Delphes

simulations are then analyzed as follows. Electrons (muons) with PT > 20 GeV and |η| < 2.47

(2.4) are tagged as “signal” electrons (muons), which together we call “signal” leptons,1 and

jets with PT > 20 GeV and |η| < 2.5 are tagged as “signal” jets. These objects are used in

the analysis described below.

Events with N` ≥ 3 are selected, where N` is the number of signal leptons. The leading

(sub-leading) lepton must have PT > 120 GeV (PT > 60 GeV). We define five categories, as

described in Table C.1. Each category is then divided into several signal regions (SRs) as

follows:

i TheWZ(j) category is designed for the signature τ+
4 τ
−
4 → (Wν)(Z`)→ (jjν)(```). This

category is divided into two SRs according to the number of Z-like lepton pairs NZ(``),

1In this Appendix, ` denotes electrons and muons, but not taus.
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where a lepton pair is tagged as Z-like if it is SFOS and |m`` −mZ | < 10 GeV:

a WZ(j)− for NZ(``) = 0,

b WZ(j)Z for NZ(``) ≥ 1.

ii The WZ(`) category is designed for the signature τ+
4 τ
−
4 → (Wν)(Z`) → (`νν)(```).

Two SRs are defined by NZ(``), but here a Z-like lepton pair must not contain any of the

leading two leptons:

a WZ(`)− for NZ(``) = 0,

b WZ(`)Z for NZ(``) ≥ 1.

iii The ZZ(j) category focuses on the signature τ+
4 τ
−
4 → (Z`)(Z`) → (jj`)(```). For this

category, three flags are defined: J if the event has a jet pair with |mjj−mZ | < 10 GeV,

L if it has Z-like lepton pairs not containing the leading lepton, and Z if the leading

lepton does not make a Z-like lepton pair with another lepton. Eight SRs are defined

according to whether the flags are on or off. For example, ZZ(j)JLZ requires all the flags

be on, ZZ(j)Z requires only the Z flag, and ZZ(j)0 requires that all the flags are off.

iv The ZZ(`) category is for τ+
4 τ
−
4 → (Z`)(Z`) → (```)(```). Three inclusive SRs are

defined according to the number of jets: ZZ(`) for any number of jets, ZZ(`)<2 for

Nj < 2, and ZZ(`)<1 for Nj < 1.

C.2 Results

The selection flow for the background events is summarized in Table C.2.2 From the expected

background contribution, the expected 95% confidence level (CL) upper limit on the number
2According to the categorization of the Snowmass background set, “di-boson” corresponds to the sum of

LLB and BB, “tri-boson” to BBB, and “top” is the sum of the categories tB, tj, tt, and ttB.
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Table C.1: Definition of signal region (SR) categories. Each category is further divided into
SRs, as described in the text. N` and Nj are the number of signal leptons and signal jets,
respectively, and mjj is the invariant mass of the two leading jets. NZ(``) is the number of
SFOS lepton pairs with |m`` −mZ | < 10 GeV.

WZ(j) WZ(`) ZZ(j) ZZ(`)
N` ≥ 3 ≥ 4 ≥ 4 ≥ 5
Nj ≥ 2 < 2 ≥ 2 —

|mjj −mW | < 20 GeV — — —
|mjj −mZ | — — < 40 GeV —

/ET > 60 GeV > 100 GeV — —
NZ(``) — — ≥ 1 ≥ 1
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Figure C.1: The 95% CL expected upper limit on the production cross section of pp→ τ+
4 τ
−
4

at the LHC with
√
s = 14 TeV and an integrated luminosity of

∫
L = 300, 1000, and

3000 fb−1. In the left (right) plot, τ4 is assumed to be mixed exclusively with electrons
(muons). The uncertainty band is shown only for

∫
L = 3000 fb−1. A systematic uncer-

tainty of 20% is assumed for the background, and statistical uncertainty is included. The
signal cross section is calculated at tree level and the theoretical uncertainty on that is not
considered.

of events, NUL, is calculated for each signal region with the CLs method [224], and shown

in the table for three values of an integrated luminosity,
∫
L = 300, 1000, and 3000 fb−1.

Here, we use a systematic uncertainty of 20% for the background contributions.

Seven model points with mτ4 = 200–500 GeV are defined for both the e-mixed case and the

µ-mixed case. The selection flow of the signal events is shown in Table C.3. The values in

this table are for the QUE model; for the QDEE model, due to the unified-mass assumptions,

all the values in the table are doubled.
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Table C.2: Selection flow of the background events in the vector-like lepton search. Upper
bounds on the number of events in each SR, NUL, are shown for three values of integrated
luminosity, where systematic uncertainty of 20% as well as statistical uncertainty is included.

background cross section [fb] NUL

di-boson tri-boson top total 300 fb−1 1000 fb−1 3000 fb−1

N` ≥ 3 222 5.1 13.4 249 — — —
WZ(j)− 0.071 0.013 0.082 0.166 25.1 70.4 200
WZ(j)Z 0.643 0.071 0.183 0.898 111 359 1060
WZ(`)− 0.014 0.025 0.017 0.056 11.9 27.4 71.1
WZ(`)Z < 0.001 0.005 0.003 0.008 5.1 7.9 14.5
ZZ(j)0 0.194 0.016 0.058 0.268 37.2 111 321
ZZ(j)J 0.064 0.007 0.022 0.093 16.4 41.8 114
ZZ(j)L 0.182 0.012 0.024 0.218 31.2 91.7 263
ZZ(j)Z 0.020 0.004 0.019 0.043 10.2 22.2 55.7
ZZ(j)JL 0.060 0.005 0.009 0.075 14.2 35.3 94.3
ZZ(j)JZ 0.008 0.001 0.008 0.017 6.7 11.9 25.6
ZZ(j)LZ 0.020 0.004 0.019 0.043 10.2 22.2 55.9
ZZ(j)JLZ 0.008 0.001 0.008 0.017 6.7 11.9 25.5
ZZ(`) < 0.001 0.005 < 0.001 0.005 4.7 6.8 11.5
ZZ(`)<2 < 0.001 0.003 < 0.001 0.004 4.2 5.8 9.2
ZZ(`)<1 < 0.001 0.001 < 0.001 0.001 3.6 4.5 6.3

Table C.3: Selection flow of the signal events in searches for the e- or µ-mixed τ4 in the QUE
model, displayed as a signal cross section in fb. SRs marked with ∗, † and ‡ are the most
sensitive for exclusion at L = 300, 1000, and 3000 fb−1, respectively.

mτ [GeV], mixing 200, e 200, µ 300, e 300, µ 400, e 400, µ
total 95.7 96.0 21.2 21.2 6.76 6.74
N` ≥ 3 2.23 2.42 0.634 0.671 0.231 0.230
WZ(j)− 0.018 0.022 0.020 0.024 0.011 0.012
WZ(j)Z 0.049 0.063 0.034 0.036 0.014 0.014
WZ(`)Z 0.012 0.014 0.008‡ 0.008 0.003 0.004‡

ZZ(j)0 0.066 0.065 0.035 0.044 0.015 0.015
ZZ(j)J 0.035 0.033 0.018 0.023 0.008 0.007
ZZ(j)L 0.045 0.048 0.026 0.031 0.011 0.012
ZZ(j)Z 0.039∗ 0.042∗ 0.025∗† 0.029† 0.010∗ 0.012†
ZZ(j)JL 0.025 0.025 0.013 0.016 0.006 0.006
ZZ(j)JZ 0.021 0.022 0.013 0.015‡ 0.005 0.006
ZZ(j)LZ 0.039 0.042 0.025 0.029∗ 0.010† 0.012∗
ZZ(j)JLZ 0.021 0.022 0.013 0.015 0.005 0.006
ZZ(`) 0.015†‡ 0.014†‡ 0.005 0.007 0.003‡ 0.002
ZZ(`)<2 0.010 0.009 0.003 0.004 0.002 0.001
ZZ(`)<1 0.004 0.003 0.001 0.002 8× 10−4 6× 10−4
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For each model point, the expected 95% CL upper limit on the signal cross section, σUL,

is obtained by the following procedure. First, the upper limit on the signal cross section is

calculated for each SR based on NUL and the signal yield. Then, we select the SR that gives

the lowest upper limit as the most sensitive. They are indicated in Table C.3. Because the

SRs are not mutually exclusive, σUL for the model point is given by the most sensitive SR.

The obtained σUL are compared against the signal cross section, σ(pp → τ+
4(,5)τ

−
4(,5)), as

depicted in Fig. C.1. The red solid (dash-dotted) lines are the signal production cross

section in the QUE (QDEE) model. They are calculated at the leading order, and theoretical

uncertainty is not considered for simplicity. The black lines are the σUL at the three values

of an integrated luminosity.3 For
∫
L = 3000 fb−1, the green and yellow bands indicating

the uncertainty of σUL are also displayed; the observed limits would fall in the green (yellow)

band with a probability of 68% (95%). Based on this comparison, the expected upper bound

on the vector-like leptons are obtained for each of the four scenarios, i.e., the QUE and

QDEE models with the vector-like lepton mixed with electron and muons.

The discovery sensitivity of the 14 TeV LHC is also calculated in terms of CLb, i.e., p-value

of the background-only hypothesis, as shown in Fig. C.2. Solid (dotted) lines are for e-

mixed vector-like lepton(s) in the QUE (QDEE) model with three values of the integrated

luminosity,
∫
L = 300, 1000 and 3000 fb−1 from top to bottom. Similar sensitivities are

obtained for the µ-mixed case.

The results are summarized in Table 4.2 of the main text.

3To be precise, the values of σUL displayed in the figures are calculated for the QUE model. The upper
limits for QDEE model points are slightly better because of our statistical treatment but the difference is
negligible.
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Figure C.2: The expected sensitivity of the 14 TeV LHC to the discovery of vector-like
leptons, calculated under the assumption that the background contribution has a systematic
uncertainty of 20%. Solid (dashed) lines are for QUE (QDEE) model with e-mixed vector-
like leptons, corresponding to the integrated luminosity of 300, 1000, and 3000 fb−1 from top
to bottom. Similar sensitivity is expected for µ-mixing cases.
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