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Pyramid diffractive optical networks for
unidirectional image magnification and
demagnification
Bijie Bai 1,2,3, Xilin Yang 1,2,3, Tianyi Gan1,3, Jingxi Li 1,2,3, Deniz Mengu1,2,3, Mona Jarrahi 1,3 and
Aydogan Ozcan 1,2,3✉

Abstract
Diffractive deep neural networks (D2NNs) are composed of successive transmissive layers optimized using supervised
deep learning to all-optically implement various computational tasks between an input and output field-of-view. Here,
we present a pyramid-structured diffractive optical network design (which we term P-D2NN), optimized specifically for
unidirectional image magnification and demagnification. In this design, the diffractive layers are pyramidally scaled in
alignment with the direction of the image magnification or demagnification. This P-D2NN design creates high-fidelity
magnified or demagnified images in only one direction, while inhibiting the image formation in the opposite direction
—achieving the desired unidirectional imaging operation using a much smaller number of diffractive degrees of
freedom within the optical processor volume. Furthermore, the P-D2NN design maintains its unidirectional image
magnification/demagnification functionality across a large band of illumination wavelengths despite being trained
with a single wavelength. We also designed a wavelength-multiplexed P-D2NN, where a unidirectional magnifier and a
unidirectional demagnifier operate simultaneously in opposite directions, at two distinct illumination wavelengths.
Furthermore, we demonstrate that by cascading multiple unidirectional P-D2NN modules, we can achieve higher
magnification factors. The efficacy of the P-D2NN architecture was also validated experimentally using terahertz
illumination, successfully matching our numerical simulations. P-D2NN offers a physics-inspired strategy for designing
task-specific visual processors.

Introduction
The fusion of machine learning techniques and optics/

photonics has fostered major advancements in recent
years, bridging the gap between traditional computational
methods and the promising avenues of optical proces-
sing1–3. With the recent advances in data-driven design
methodologies, optical computing platforms have gained
design complexity with new capabilities, providing
transformative solutions for various computational
tasks4–9. These optical computing and visual processing

platforms utilize the unique characteristics of light, such
as phase, spectrum, and polarization, to rapidly process
optical information, offering advantages of parallel pro-
cessing, computational speed, and energy efficiency. In
this line of research, diffractive deep neural networks
(D2NNs) have emerged as a free-space optical platform
that leverages supervised deep learning algorithms to
design diffractive surfaces for visual processing and all-
optical computational tasks10,11. After their fabrication,
these diffractive optical networks form physical pro-
cessors of visual information, capable of executing various
computer vision tasks, spanning image classifica-
tion10,12–15, quantitative phase imaging (QPI)16,17, uni-
versal linear transformations18–21, image encryption22–24,
and imaging through diffusive media25,26, among many
others27–34. The visual processing and optical computing
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capabilities of D2NNs hinge on the modulation of light
diffraction through a sequence of spatially structured and
optimized diffractive surfaces. Within the modulation
area of each diffractive layer, there exist hundreds of
thousands of light modulation units, each with a lateral
feature size of ~λ/2, forming the diffractive neurons/fea-
tures of the optical network, which represent the inde-
pendent degrees of freedom of the visual processor.
Complex-valued transmission coefficients of these dif-
fractive layers are optimized using deep learning algo-
rithms, and once fabricated, a D2NN completes its
computational task at the speed of light propagation
through passive light diffraction within a thin volume,

making it a powerful tool for optical processing of visual
information.
Here, we present a pyramid-structured diffractive opti-

cal network design (Fig. 1a) and demonstrate its utility for
unidirectional image magnification and demagnification
tasks. In this pyramid diffractive network design (termed
P-D2NN), the size of the successive diffractive layers, and
consequently, the number of diffractive neurons/features
on each layer, scale in alignment with the desired mag-
nification or demagnification factor. Therefore, the size of
the initial diffractive layer is proportional to the size of the
input object field-of-view (FOV), while the size of the
terminal diffractive layer aligns with the size of the output
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Fig. 1 Schematic of pyramid diffractive optical networks for unidirectional image magnification and demagnification. a Comparison of a
regular D2NN design and a P-D2NN design, where the P-D2NN has smaller degrees-of-freedom (DoF, i.e., the number of independent diffraction-
limited features) than the regular D2NN. b P-D2NN for unidirectional image magnification. The diffractive network performs image magnification in
the forward direction (A ! B) and image blocking in the opposite direction (B ! A). c P-D2NN for unidirectional image demagnification. The
network performs image demagnification in the forward direction (A ! B) and image blocking in the opposite direction (B ! A)

Bai et al. Light: Science & Applications          (2024) 13:178 Page 2 of 24



FOV—following an image magnification or demagnifica-
tion operation. Intermediate diffractive layers are pro-
portionally scaled to geometrically align with the evolving
fields during light propagation within the diffractive net-
work volume (Fig. 1b, c). Based on this geometrical optics-
inspired P-D2NN architecture, we demonstrated uni-
directional image magnification and demagnification
tasks; when the incident light propagates along one pre-
determined direction, the diffractive network magnifies
(or demagnifies) the input images and generates the
magnified (or demagnified) images at the output FOV. On
the other hand, when the incident light propagates along
the opposite direction, the diffractive network inhibits
image formation, generating very low-intensity and
unrecognizable images at the output FOV (Fig. 1b, c). We
evaluated the effectiveness of the P-D2NN architecture by
comparing it against conventional D2NN designs with
uniform-sized diffractive layers. Our results indicate that
P-D2NN designs can achieve improved forward energy
efficiency and stronger backward energy suppression for
unidirectional image magnification/demagnification tasks
compared to the performance of regular D2NN archi-
tectures—using only half of the diffractive features due to
their tapered geometry. Furthermore, our P-D2NN-based
unidirectional image magnifier/demagnifier designs
maintain their functionality under a broad range of illu-
mination wavelengths, even though they were trained
using a single wavelength. We also designed a
wavelength-multiplexed P-D2NN that simultaneously
performs unidirectional magnification at one wavelength
of operation, while performing unidirectional demagnifi-
cation at another wavelength in the opposite direction,
further demonstrating the design versatility of the pre-
sented system.
Moreover, we demonstrated the cascadability of uni-

directional P-D2NNs, allowing for higher magnification
factors by cascading multiple diffractive networks, each
optimized to perform unidirectional image magnification.
This modular approach is demonstrated by cascading two
smaller unidirectional P-D2NNs to achieve an enhanced
overall magnification factor of M ¼ 3 ´ 3 ¼ 9. This cap-
ability to cascade unidirectional P-D2NNs demonstrates
design flexibility to achieve various desired magnification
factors by assembling multiple smaller diffractive modules.
We experimentally verified the efficacy of our P-D2NN

framework using monochromatic terahertz (THz) illu-
mination. After its deep learning-based optimization, the
resulting diffractive layers were fabricated using 3D
printing and assembled to be tested under continuous-
wave THz illumination at λ= 0.75 mm. We experimen-
tally validated the efficacy of the unidirectional P-D2NN
framework using three different designs: two unidirec-
tional magnifier designs with magnification factors of
M ¼ 2 and M ¼ 3, and a unidirectional demagnifier with

a demagnification factor of D ¼ 2. All the experimentally
measured results closely match our numerical simula-
tions, where the output images in the forward direction
accurately reflect the magnified or demagnified versions
of the input images, while the outputs in the opposite
(backward) direction produce low-intensity, non-
informative results—as desired from a unidirectional
imager.
As a unidirectional imaging system capable of magni-

fying or demagnifying images, the P-D2NN framework
not only suppresses backward energy transmission but
also disperses the original signal into unperceivable noise
at the output of the backward direction. This unidirec-
tional imaging capability cannot be achieved using stan-
dard lens designs, and, together with its polarization-
insensitive operation, it could be of broad interest for
various applications, including optical isolation for pho-
tonic devices, decoupling of transmitters and receivers for
telecommunication, privacy-protected optical commu-
nications and surveillance. As another example of a
potential application, P-D2NNs can be designed to deliver
high-power structured beams onto target objects inde-
pendent of the input polarization state, while protecting
the source from counter-attacks or external beams.
Compared to the standard, uniformly-sized D2NNs, this
physics-inspired pyramid diffractive network architecture
utilizes significantly fewer diffractive features per design,
which is important to mitigate potential data overfitting
issues and reduce fabrication costs in the deployment of
visual processors, covering various applications e.g.,
computer vision, robotics, and autonomous systems.

Results
P-D2NN for unidirectional image magnification and
demagnification
Throughout this study, we refer to the optical path from

FOV A to FOV B as the forward direction, and the reverse
path as the backward direction (see Fig. 1a). We first
demonstrate unidirectional image magnification using a
spatially coherent pyramid diffractive optical network, as
illustrated in Fig. 1b. In this optical system, when the
incident light propagates along the forward direction, the
diffractive network magnifies the input images from FOV
A and generates the corresponding magnified output
images at FOV B. However, as a unidirectional image
magnification system, the opposite path functions differ-
ently. When images at FOV B propagate along the
backward direction, the diffractive network inhibits the
image formation at FOV A by scattering the optical fields
outside of the output FOV, therefore resulting in very
low-intensity and unrecognizable output images at FOV
A—as desired in a unidirectional imaging design.
As shown in Fig. 2a, the pyramid network used for

unidirectional image magnification contains five
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diffractive layers with progressively increasing numbers of
diffractive features on each layer. These diffractive fea-
tures on each surface have a characteristic size of
approximately half the wavelength of the illumination
light, which modulates the phase of the transmitted
optical field by introducing an optical path length differ-
ence at the diffraction limit of light. Outside the effective
areas of the diffractive layers that contain these phase

modulation features, the regions at the edges are set as
non-transmissive, completely blocking the light field that
reaches these edge regions of a diffractive layer. This
P-D2NN architecture is designed to achieve a geometrical
image magnification factor of M= 3 in the forward
direction. In this configuration, the size of the progres-
sively increasing diffractive layers is set to 90 × 90,
140 × 140, 180 × 180, 220 × 220, and 270 × 270 pixels
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Fig. 2 Design schematic and blind testing results of the pyramid unidirectional image magnifier. a Layout of a five-layer P-D2NN for
unidirectional image magnification. b The resulting diffractive layers after deep learning-based optimization (with an energy boost factor of β ¼ 1).
c Examples of blind testing results of the trained unidirectional image magnifier in both the forward and backward directions (β ¼ 1). d Quantitative
evaluations of six independent unidirectional image magnifiers trained with varying β values. Each data point is the average from 1600 test images
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(diffractive features), respectively, leading to a total
number of N ¼ Nb ¼ 181; 400 trainable diffractive neu-
rons. The axial spacing between consecutive layers was set
to ~53.3λ.
Based on this geometric configuration, the pyramid

diffractive network was first digitally modeled, and the
modulation depths of all diffractive features were itera-
tively optimized using deep learning (see “Materials and
methods” section). The optimization target was driven by
minimizing a set of custom-designed loss functions that
enable unidirectional image magnification, designed to
achieve three primary objectives: (1) maximizing the
structural similarity between the output images in the
forward direction (A ! B) and the corresponding ground
truth images (i.e., the magnified versions of the input
images) using normalized mean square error (NMSE) and
the negative Pearson Correlation Coefficient (PCC)35; (2)
enhancing the diffraction efficiency in the forward direc-
tion (A ! B); and (3) suppressing the diffraction efficiency
in the backward direction (B ! A). Further details of the
network architecture and the mathematical formulation of
the loss functions can be found in the “Materials and
methods” section. Utilizing these customized loss func-
tions, the optimization of the diffractive layers was carried
out via a data-driven supervised training process using the
images from the QuickDraw dataset36 supplemented by an
additional image dataset with grating/fringe-like pat-
terns17,29. By tuning the weighting coefficient (i.e., energy
boost factor β) of the customized loss term designed for
enhancing the diffraction efficiency in the forward direc-
tion (A ! B), the diffractive networks were successfully
trained to simultaneously achieve high-quality image
magnification and decent diffraction efficiency in the for-
ward direction (see Fig. 2c, d). In our quantitative per-
formance analyses, we trained six independent models
with the same P-D2NN architecture using different β
values (see “Materials and methods” section). These
models were subsequently tested on a separate dataset of
1600 test images which were not seen during the training
phase. The performance of each trained P-D2NN was
quantified based on several metrics: (1) PCC between the
output images and the corresponding ground truth images
(i.e., the magnified input images) in the forward direction
(A ! B); (2) PCC between the output images and the
corresponding ground truth images (i.e., the demagnified
input images) in the backward direction (B ! A); (3) dif-
fraction efficiency in the forward direction; (4) diffraction
efficiency in the backward direction; and (5) the energy
ratio between the forward and backward output images
(see “Materials and methods” section). For example,
Fig. 2b illustrates the diffractive layers of a converged
P-D2NN trained using β= 1, whose blind test results are
demonstrated in Fig. 2c. The quantitative metrics listed
above were calculated for all β settings, as summarized in

Fig. 2d. For the β= 1 case, it is observed that the trained
P-D2NN exhibits an asymmetric behavior, as desired,
where the output images at the forward direction closely
resemble the magnified input images with a PCC value as
high as 0.934, and forward diffraction efficiency of 20.4%
(dashed lines in Fig. 2d). In contrast, the backward path
only retains a diffraction efficiency of 0.05%, resulting in
very low-intensity images with a backward PCC as low as
0.144 (Fig. 2d). This diffractive network achieves an aver-
age energy suppression ratio of ~46-fold between the
backward and the forward directions, demonstrating the
success of its unidirectional magnification.
Additional quantitative assessments across all six

models with different β values (Fig. 2d) reveal that
increasing β further boosts the forward diffraction effi-
ciency. However, this enhancement is coupled with a
decrease in the forward PCC and a slight increase in the
backward PCC. The diffraction efficiency in the backward
direction also increases slowly with larger β values. As
shown in Fig. 2d, the forward–backward energy ratio is
first improved and then slowly drops beyond β ¼ 1:5.
Nonetheless, diffractive models with high energy effi-
ciency can be designed without a significant decrease in
the unidirectional imaging performance. For example,
diffraction efficiency can be improved up to 51.4% with
β ¼ 2 while the unidirectional image magnification per-
formance remains at a very good level (PCC= 0.9).
Visualization of the blind testing image examples for
different β values can be found in Supplementary Fig. S1.
We further trained and tested the P-D2NN framework
with varying numbers of diffractive layers (denoted by K)
from K ¼ 2 to K ¼ 5 maintaining an energy boost factor
of β ¼ 4. The blind testing results, summarized in Sup-
plementary Fig. S2, indicate that an increased number of
diffractive layers, as expected, improves the unidirectional
imaging performance of P-D2NNs; also see “Materials and
methods” section. These quantitative analyses and com-
parisons reveal that various design choices can adjust the
P-D2NN design to achieve a desirable range of forward
diffraction efficiency and unidirectional image magnifi-
cation quality, while also significantly suppressing the
backward PCC and diffraction efficiency (see Fig. 2d).
To further investigate the imaging quality of the

P-D2NN framework, we conducted additional blind test-
ing using various gratings and slanted edges (see “Mate-
rials and methods” section). For this analysis, we tested a
series of gratings with different periods, shifting them to 9
positions in a 3 × 3 grid within the input FOV, in both the
forward and backward directions, to study the system’s
resolution and aberrations. The results are summarized in
Supplementary Figs. S3 and S4, where our P-D2NN design
resolved gratings with a period of 4λ and partially resolved
gratings with a period of 3λ—all in the forward direction.
In the backward direction, the imaging is blocked, leaving
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no observable grating patterns—as desired. Additionally, a
slanted-edge test was conducted with nine rotation
angles, both in the forward and backward directions, as
summarized in Supplementary Fig. S5. The slanted edges
are clearly imaged in the forward direction and blocked in
the backward direction, demonstrating the unidirectional
imaging capability of the P-D2NN framework. To estimate
the point-spread function in each direction, we calculated
the gradients of the image cross-sections perpendicular to
the edges, which revealed a full-width at half maximum
(FWHM) of 6.52λ (see “Materials and methods” section).
These results can be further improved by including
objects with higher-resolution spatial features during the
training process.
Following a similar design method, we also performed

unidirectional image demagnification through a pyramid
diffractive network with decreasing layer sizes along the
forward light propagation direction, as illustrated in Fig. 1c.
This diffractive network shrinks the input images at FOV
A, yielding demagnified output images at FOV B along the
forward path. Based on its unidirectional imaging design,
the network inhibits the image formation from FOV B to
FOV A in the backward direction and produces very weak
and unrecognizable output images. Similar to the magni-
fication P-D2NN, this P-D2NN design for unidirectional
image demagnification comprises five diffractive layers,
each containing a progressively smaller number of dif-
fractive features that modulate the phase of the transmitted
optical fields (Fig. 3a). We selected a demagnification fac-
tor of D= 3 in the forward direction. The axial spacing
between successive diffractive layers is kept the same as
before, ~53.3λ. The optimization process of the diffractive
layers follows the same methodology as the unidirectional
image magnification models reported in Fig. 2, where the
same set of loss functions and training data were used (see
“Materials and methods” section). The same quantitative
analysis was also performed for the unidirectional image
demagnification P-D2NN using six unique models
numerically trained under different energy boost factors β,
and blindly tested using 1600 test images not included in
the training phase, as summarized in Fig. 3b–d.
Figure 3b shows the diffractive layers of a converged

P-D2NN model designed with β= 1, whose blind testing
results are shown in Fig. 3c. The same asymmetric
behavior is observed for the trained P-D2NN, i.e., the
output images in the forward direction are nearly identical
to the demagnified versions of the input images, attaining
a forward PCC of 0.979 and a forward diffraction effi-
ciency of 1.06% (dashed lines in Fig. 3d), whereas the
backward path only reaches a PCC of 0.525 and a dif-
fraction efficiency of 0.43%, resulting in nearly dark out-
put images. It is worth noting that the output images in
both the forward and the backward directions, as depicted
in Fig. 3c, are displayed with an identical range and the

same color map. Although the forward and backward
diffraction efficiencies, computed based on the total
energy at their respective FOVs, might appear close, there
is a substantial difference in the corresponding brightness
of the forward/backward images due to the fact that the
output images in the backward direction have much weaker
average intensity per pixel (see Fig. 3c). In fact, Fig. 3d
reveals that by varying the β value used in the training, the
forward diffraction efficiency values of this unidirectional
demagnifier P-D2NN design can be increased to >45% with
a very good forward PCC value of >0.92, while also sup-
pressing the backward diffraction efficiency and backward
PCC values to ≤~20% and <~0.6, respectively. Visualization
of the blind testing examples of the unidirectional demag-
nification P-D2NN designs trained with different β values
can be found in Supplementary Fig. S6.

Comparison of P-D2NN performance against a regular
D2NN architecture
Next, we compare the performance of the P-D2NN

architecture against a regular D2NN structure for uni-
directional image magnification tasks. In this comparison,
the P-D2NN model is directly taken from the unidirec-
tional image magnification model trained with β ¼ 1, as
reported in Fig. 2b, c, which has a total of Nb ¼ 181; 400
diffractive features. The regular D2NN design employs
uniform-sized diffractive layers, with the size of each layer
equal to 270 × 270 pixels, yielding a total of N ¼ 2Nb

trainable diffractive features. This standard D2NN design
was trained using the same training loss functions (with
β ¼ 1), image datasets, and the number of epochs as we
used for its pyramid counterpart shown in Fig. 2b, c. After
its training, the blind inference was performed using the
same test dataset of 1600 images to conduct the quanti-
tative performance evaluations.
Figure 4a, b show the comparative blind testing results

for the P-D2NN and the regular D2NN designs. In the
forward direction, both diffractive networks demonstrate
similar image magnification fidelity, as evident from both
the visual assessments and the quantitative PCC values.
This underscores the efficiency of the P-D2NN framework,
which achieves similar performance levels using only
about half as many diffractive features as the regular dif-
fractive network design. Furthermore, the P-D2NN sur-
passes the standard diffractive model in terms of forward
energy efficiency and energy suppression ratio, producing
brighter images in the forward direction with significantly
less energy in the backward direction, demonstrating a
superior unidirectional imaging capability.
To further shed light on this comparison, we took the

diffractive layers of the trained regular D2NN model and
added light-blocking regions to each layer (Fig. 4c) with
the sizes and the positions of the transmissive regions at
each diffractive layer matching the corresponding layers
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in the P-D2NN design. This “trimmed” D2NN model, with
only the central region of each diffractive layer partici-
pating in the inference process, has the same number of
diffractive features as the P-D2NN (i.e., N ¼ Nb) and was
benchmarked using the same 1600-image test dataset.
Naturally, the performance of this trimmed D2NN
degrades compared to its original model, given that the
peripheral diffractive neurons were disabled during the

inference process. Moreover, when compared against the
P-D2NN model, this trimmed D2NN produced inferior
results across all image performance criteria (see Fig. 4c).
This suggests that simply trimming an already-trained
diffractive optical network to emulate the light propaga-
tion cone is not an effective approach.
To further investigate the influence of the diffractive

layer dimensions on the performance of pyramid
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diffractive networks, we conducted additional analyses,
where we adopted the P-D2NN delineated in Fig. 2b, c as
our baseline model (also shown in Supplementary Fig.
S7a). From this baseline, we incrementally enlarged the
dimensions of each diffractive layer by m pixels, trans-
forming, for instance, a 90 × 90 layer to
(90+m) × (90+m), and a 270 × 270 layer to
(270+m) × (270+m). For this analysis, we considered m
values of 20, 40, and 70 (as illustrated in Supplementary
Figs. S7b–d). Consequently, P-D2NN configurations with
N ¼ 1:2Nb, N ¼ 1:4Nb, and N ¼ 1:8Nb were succes-
sively trained and quantitatively evaluated, with the
results summarized in Supplementary Fig. S7. These
analyses reveal that by infusing additional degrees of
freedom into a P-D2NN architecture, there is a modest
improvement in the unidirectional imaging performance.
Notably, in the case of m= 70 and N ¼ 1:8Nb, P-D

2NN
outperforms the regular D2NN (N ¼ 2Nb) in every
quantitative performance metric, including higher PCC
and diffraction efficiency in the forward direction. These
findings further underscore the pyramid diffractive net-
work configuration’s architectural superiority for learning
unidirectional image magnification (or demagnification)
tasks.

Spectral response of the pyramid unidirectional image
magnification network
Next, we investigated the spectral behavior of the pyr-

amid unidirectional image magnifier depicted in Fig. 2b, c.
This was done by taking the P-D2NN, initially trained at
λtrain ¼ 0:75mm (Fig. 2b), and blindly testing it at a range
of illumination wavelengths (λtest) that diverged from the
original training wavelength to assess its performance
beyond the original training wavelength. Blind testing
results for both the forward and backward paths across
different λtest values are shown in Fig. 5a. Notably,
although the unidirectional image magnifier P-D2NN was
trained exclusively under a single illumination wavelength
λtrain, it preserves its designed functionality over an
extended spectral range, consistently achieving unidirec-
tional image magnification in the forward path while
suppressing image formation in the reverse path.
We further evaluated the generalization of the trained

unidirectional image magnifier P-D2NN using a unique
image dataset featuring resolution test targets with vary-
ing linewidths (Fig. 5b). The blind testing results at λtest ¼
λtrain and λtest ≠ λtrain validate the efficacy of P-D2NN in
achieving a general-purpose-unidirectional image magni-
fier, even though it was exclusively trained on a different
dataset. These analyses demonstrated that the trained
P-D2NN unidirectional magnifier can resolve a minimum
linewidth of approximately 6.3λ when working in the
forward direction (A ! B), while effectively suppressing
image formation in the reverse direction, B ! A.

A comprehensive quantitative analysis is also presented
in Fig. 5c, summarizing the blind testing performance
metrics evaluated within an illumination band covering
from λtest ¼ 0:6mm to λtest ¼ 0:9mm. These quantita-
tive results reveal that, when operating in the forward
path, the unidirectional magnifier maintains a high PCC
value of ≥0.82 within a spectral range of
½0:87λtrain; 1:17λtrain�, i.e., within [0.65 mm, 0.88 mm]. Its
forward diffraction efficiency remains fairly stable
(≥17.8%) across the tested spectral range. In the reverse
direction, on the other hand, the forward–backward
energy ratio is maintained to be ≥20 (and ≥30) within a
spectral range of ½0:89λtrain; 1:18λtrain� (and
½0:92λtrain; 1:11λtrain�), respectively, demonstrating the
broadband operation of this P-D2NN unidirectional
magnifier design, although it was trained using a single
illumination wavelength.

Wavelength-multiplexed P-D2NN design for unidirectional
image magnifier and demagnifier
Next, we integrated the functions of a diffractive uni-

directional magnifier and a diffractive unidirectional
demagnifier into the same P-D2NN, but in the opposite
directions. The directionality of magnified or demagnified
imaging is determined by the illumination wavelength, as
depicted in Fig. 6a. At an illumination wavelength of λ1, the
P-D2NN serves as a unidirectional magnifier in the forward
direction, where the input images at FOV A are magnified
at FOV B. Concurrently, the image formation is inhibited
at λ1 in the backward path from FOV B to FOV A. In
contrast, at an illumination wavelength of λ2, the image
formation is inhibited in the forward path from FOV A to
FOV B, while the image demagnification is achieved in the
backward path, shrinking the images from FOV B to FOV
A. For this wavelength-multiplexed design, we set λ1 ¼
0:75mm and λ1 ¼ 0:80mm, and incorporated the same
set of training loss functions as described before for λ1 and
λ2 separately (with β ¼ 1; see “Materials and methods”
section). Upon completion of the training, the P-D2NN
model underwent blind testing using a test set composed
of 1600 unique images (see Fig. 6b for some examples).
These visual evaluations demonstrate that the wavelength-
multiplexed P-D2NN simultaneously performs two distinct
unidirectional image scaling operations in opposite direc-
tions, with the directionality of the unidirectional imaging
determined by the illumination wavelength. In the forward
path, the image magnification function operates at λ1, but
remains inactive at λ2. Conversely, in the backward path,
the image demagnification function operates at λ2 but
remains inactive at λ1 (see Fig. 6b).
We further trained and tested four wavelength-

multiplexed unidirectional P-D2NN models with different
energy boosting factors, i.e., β= 2.5, 3, 4, and 5. The
quantitative assessment of these different P-D2NN models
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is illustrated in Fig. 6c, showing the image magnification
PCC and the diffraction efficiency in the forward direction (
A ! B) for λ1, and the image demagnification PCC and the
diffraction efficiency in the backward direction (B ! A) for
λ2. These results indicate that the tuning of β values during
the training of these wavelength-multiplexed P-D2NNs can
be used to adjust the trade-off between the image quality
and the diffraction efficiency, simultaneously applicable for
the magnification and demagnification functions at both
operating wavelengths (see Fig. 6c).

Cascaded P-D2NNs to achieve higher magnification factors
for unidirectional imaging
Next, we demonstrate that cascading unidirectional

magnification diffractive networks can achieve a higher
overall magnification through joint optimization. Figure
7a illustrates the structure of a cascaded P-D2NN where
two smaller diffractive models achieve a cumulative
magnification factor of M ¼ 3 ´ 3 ¼ 9. This cascaded
structure consists of two P-D2NNs, P1 and P2, each with
four diffractive layers, where each subsequent layer is
larger than the previous. The input and output apertures
of P1 are defined as FOV A and B, respectively, with FOV
B also serving as the input aperture for P2, whose output
is denoted as FOV C. These three FOVs are color-coded
and drawn to scale in Fig. 7b. Details of the structural
parameters are provided in the “Methods” section.
To optimize the cascaded P-D2NN structure, we

employed a joint optimization strategy. In this scheme,
the total loss function is composed of three parts: the
unidirectional magnification loss for each individual
component (P1 and P2), and a third unidirectional mag-
nification loss for the end-to-end optimization of the
entire cascaded unit, as detailed in the “Materials and
methods” section. We conducted joint testing of the
entire cascaded network, targeting an overall magnifica-
tion factor of M ¼ 3 ´ 3 ¼ 9, to evaluate its unidirectional
imaging capabilities. The results, depicted in Fig. 7c,
reveal that in the forward direction, the cascaded P-D2NN
network created output images that closely align with the
magnified input image—as desired. Conversely, in the
backward direction, the output consists of speckle-like
noise, demonstrating the model’s effectiveness in blocking
image formation in the reverse direction.

This joint optimization strategy of the cascaded
P-D2NN architecture not only ensures that the structure
functions as a cohesive unidirectional image magnifica-
tion unit but also allows it to be divided into two separate
parts, each maintaining its individual unidirectional ima-
ging functionality, as demonstrated in Fig. 8. We con-
ducted individual tests on the unidirectional
magnification capabilities of P1 and P2, with the results
displayed in Fig. 8b, c, respectively. Both diffractive
models successfully magnified the input images while
blocking the image transmission in the opposite direction,
affirming that the smaller models operate effectively as
standalone unidirectional image magnifiers. This cap-
ability to cascade P-D2NNs demonstrates the potential to
achieve larger magnification factors by assembling mul-
tiple smaller diffractive models, with significantly less
number of diffractive features. For instance, a uniformly-
sized standard D2NN would require approximately 97%
more diffractive features if its layer size matches the size
of P1’s last layer for unidirectional image magnification
with M ¼ 3, and about 1678% more features to match the
size of P2’s last layer for M ¼ 9.
Note that if we were to optimize the P-D2NN archi-

tecture only in an end-to-end manner, without constraints
on the individual diffractive components, joint testing of
the cascaded network would still demonstrate that the
system functions effectively for M ¼ 9, as illustrated in
Supplementary Fig. S8b. However, when disassembled,
neither P1 nor P2 would be able to form a magnified image
in the forward direction (see Supplementary Fig. S8c, d).
On the other hand, as illustrated in Supplementary Fig. S9,
if P1 and P2 are optimized separately and then cascaded
without any end-to-end optimization, the assembled
structure fails to successfully reconstruct the magnified
input images. These results highlight the importance of
our joint optimization strategy for the cascaded P-D2NN
architecture demonstrated in Fig. 7.

Experimental demonstration of a unidirectional magnifier
P-D2NN
We experimentally demonstrated our P-D2NN-based

unidirectional image magnifier and demagnifier designs
using monochromatic THz illumination at λ= 0.75mm, as
shown in Figs. 9 and 10 (also see “Materials and methods”

(see figure on previous page)
Fig. 6 Demonstration of a wavelength-multiplexed P-D2NN performing unidirectional image magnification and unidirectional image
demagnification simultaneously at two distinct wavelengths. a The design concept of the wavelength-multiplexed pyramid diffractive network.
At λ1, the network performs image magnification in its forward direction (A ! B) and image blocking in its backward direction (B ! A). Oppositely,
at λ2, the network performs image blocking in its forward direction (A ! B) and image demagnification in its backward direction (B ! A).
b Examples of blind testing results of the wavelength-multiplexed P-D2NN in both the forward and backward directions at two distinct wavelengths.
c Quantitative comparison of various wavelength-multiplexed P-D2NN designs trained under different β values, showing the trade-off between
image magnification/demagnification fidelity and the corresponding diffraction efficiency along the same direction
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section). For the unidirectional image magnification experi-
mental validation, we constructed a pyramid magnifier
consisting of three diffractive layers (L1, L2, and L3 in Fig. 9a),
where each layer contains 40 × 40, 60 × 60, and 80 × 80 dif-
fractive features, respectively. For the demagnification design,
we used the same setup as Fig. 9a but reverted the number of
trainable diffractive features on each layer to 80 × 80, 60 × 60,
and 40 × 40. Each diffractive feature had a lateral size of

~0.67λ, selected based on the resolution of our 3D printer.
The total length of our experimental setup along the pro-
pagation direction is ~26.7λ excluding the input and output
apertures, and ~53.3λ when including them. The pyramid
unidirectional magnifier was trained to perform unidirec-
tional image magnification with M= 2 in the forward
direction, and the unidirectional demagnifier was trained to
perform unidirectional image demagnification with D ¼ 2 in
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Fig. 7 Cascaded P-D2NN with a joint optimization strategy. a The design concept of the cascaded pyramid diffractive network: two P-D2NN units
(P1 and P2) are cascaded, where the output plane of P1 serves as the input plane for P2. The system is optimized using three distinct loss functions—
one for each P-D2NN and one for the end-to-end system performance (see “Methods” section). b Cascaded image magnification and FOV sizes. The
color coding on the boundary represents the size of the FOVs and is consistent for all the cascaded designs. c Joint testing of the cascaded P-D2NN
architecture with a magnification factor of M ¼ 3´ 3 ¼ 9. In the forward direction, the cascaded network projects a magnified version of the input
image, while in the backward direction, only speckle-like noise is observed, blocking the image formation—as desired. All the images are individually
normalized
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the forward direction. After the training was completed (see
“Materials and methods” section for details), the resulting
diffractive layers were fabricated using 3D printing and
assembled to form the physical unidirectional imager for the
THz experimental set-up. The optimized phase modulation
maps and the corresponding images of the fabricated layers
are shown in Figs. 9b, c, and 10a, b. Additionally, we utilized
3D printing to create customized housings for the diffractive
layers, ensuring their correct alignment under experimental
conditions. An aluminum coating was also applied to all
areas surrounding the diffractive features to block any
unwanted light propagation and minimize undesired light
coupling.

In our experiments, we first evaluated the performance
of two 3D-printed pyramid unidirectional devices: a
magnifier and a demagnifier with M ¼ 2 and D ¼ 2,
respectively. Both devices were tested in the forward and
backward directions using several test objects that were
not included in the training data. The experimental
results are displayed in Fig. 9d for the unidirectional
image magnifier, and in Fig. 10c for the unidirectional
image demagnifier, alongside their respective numerical
testing results. These experimental results confirm that
both devices performed as desired. Specifically, the uni-
directional magnifier (Fig. 9d) effectively magnified the
input images in the forward direction while inhibiting
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image formation in the backward direction, closely
matching our numerical simulations. Similarly, the uni-
directional demagnifier (Fig. 10c) successfully reduced

the size of the input image in its forward direction and
prevented image formation in the backward direction.
Our experimental results illustrate a good agreement
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Fig. 9 Experimental demonstration of the unidirectional image magnifier using a pyramid diffractive optical network. a Photographs of the
fabricated P-D2NN and the experimental setup with λ= 0.75 mm THz illumination. b The converged phase patterns of the diffractive layers.
c Photographs of the 3D printed diffractive layers with back illumination. d Experimental results of the unidirectional magnifier using the fabricated
P-D2NN
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with the corresponding numerical simulations, demon-
strating the proof-of-concept of the 3D-printed P-D2NN
designs.
To further explore the capabilities of the P-D2NN, we

designed and evaluated a two-layer diffractive model
(refer to the “Materials and methods” section for details).
Figure 11a illustrates the experimental setup; the opti-
mized phase modulation maps of the resulting diffractive
layers, along with the corresponding images of the 3D
fabricated structures are shown in Fig. 11b, c, respectively.
We tested input objects that were not part of the training
set, and the experimental results are displayed in Fig. 11d.
The P-D2NN system successfully magnified the input
images in the forward direction by a factor of M ¼ 3,
closely matching the numerical simulations, while only
noise patterns were observed in the backward direction at
the output plane—as desired from a unidirectional ima-
ging system.

Discussion
We presented a pyramid diffractive network architecture

where the effective diffraction area scales in alignment with
the geometrical scaling operation/task. Compared to con-
ventional uniform-sized D2NN designs, P-D2NN learns
unidirectional image scaling operations (magnification/
demagnification) in a more efficient way by limiting its
possible solution space to a confined region that is pre-
determined according to the behavior of ray optics. This
allows the pyramid diffractive network architecture to
converge to a more optimal solution, achieved with fewer
diffractive degrees of freedom compared to regular D2NN
designs, where each layer has the same number of dif-
fractive features. In specific tasks, such as unidirectional
image magnification, most of the optical energy is trans-
mitted along a defined cone. As the input light diffracts
through the P-D2NN layers, the majority of the energy
remains confined within the areas delineated by geometrical
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optics. Allocating trainable diffractive features within these
areas ensures more effective energy utilization. We believe
that this physics-inspired approach that integrates task
specificity into the structure of the diffractive network layers
can foster more efficient visual processors and more opti-
mal task-specific diffractive networks.
As an end-to-end fully differentiable system, P-D2NN is

highly versatile and can be tailored to various desired
functionalities through the proper design of loss func-
tions. Similar to a standard imaging system, various forms
of aberrations can be taken into account depending on the
desired resolution and effective numerical aperture.
Another approach to enhance resolution involves incor-
porating resolution test targets or gratings of various
periods into the training dataset, which would further
improve the system’s imaging performance. Furthermore,
P-D2NN framework can be optimized to generate virtual

images at the output aperture, alongside real images. By
altering the loss function with respect to the diffracted
version of any virtual plane of interest, the image field at
the output aperture can be made to appear as if it is
diffracting from a desired virtual plane. It is important to
note that while other diffractive imaging systems, such as
Fresnel zone plates37, diffractive optical elements38, and
metasurfaces39 are also optimizable to provide image
magnification/demagnification, they lack the unidirec-
tional imaging feature of P-D2NNs, where the image
formation is blocked in the reverse direction, distin-
guishing the P-D2NN framework from the other image
magnification/demagnification systems.
We should note that our P-D2NN framework is a

reciprocal system with asymmetrically structured mate-
rials that are linear and isotropic; it does not have time-
reversal symmetry due to its engineered losses. As an
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alternative, one can design nonreciprocal systems through
e.g., the magneto-optic effect40,41, spatio-temporal mod-
ulations42,43 or nonlinear optical effects44,45. However,
these approaches have been primarily limited to non-
structured, relatively simple beam profiles and are, in
general, polarization-sensitive; furthermore, these
approaches would be bulky to implement for unidirec-
tional image magnification or demagnification tasks. In
contrast, P-D2NN is a polarization-insensitive unidirec-
tional imaging system, with input and output apertures
that can consist of millions of pixels once fabricated at a
large scale. Therefore, the space bandwidth product of the
P-D2NN framework can be scaled up to >1 Million
through the training and fabrication of larger diffractive
layers, potentially offering significant scalability.
For the experimental set-ups, we adopted simpler

P-D2NN designs in consideration of potential misalign-
ments during the network assembly, limited signal-to-
noise ratio (SNR) of the THz setup, and other non-ideal
experimental conditions. To further understand the
impact of some of these factors, we conducted an error
analysis to study the effect of phase quantization and
fabrication errors on the output image quality. The results
of these analyses, are summarized in Supplementary Figs.
S10 and S11, clearly demonstrate the resilience of the
P-D2NN framework to phase quantization and potential
fabrication errors (also see “Materials and methods” sec-
tion). These proof-of-concept experiments demonstrated
the feasibility of our presented framework, while with
more advanced 3D fabrication technologies such as
lithography and two-photon polymerization, along with
more accurate system alignment and higher SNR sensors,
we believe that the gap between the numerical simulations
and experimental results can be further improved.
Although the experimental demonstrations of the

P-D2NN framework reported in this work were performed
under THz illumination, the system is inherently scalable
to a broader spectrum of illumination wavelengths,
including the infrared (IR) and the visible range. As evi-
dent in the spectral response evaluation results reported in
Fig. 5, a P-D2NN design, originally trained at a single
illumination wavelength, effectively maintains its uni-
directional imaging functionality across a significantly
extended wavelength range. Therefore, the P-D2NN fra-
mework can operate efficiently under broadband illumi-
nation. When fabricated in a monolithic fashion using, e.g.,
two-photon polymerization-based 3D-printers, a P-D2NN
design that operates at the visible or IR bands can achieve
a very compact footprint, axially spanning <100–200 µm.
Our pyramid design is inspired by not just geometrical

optics but also the principles of pruning frequently employed
in conventional machine learning46,47. The intuition behind
pruning also aligns with the idea of Occam’s Razor48 that
using a model with redundant degrees of freedom—the

regular D2NN in our case—may increase the risk of over-
fitting, impair optimization efficiency, and ultimately limit
the model’s generalization capability. Benefitting from this
design philosophy, our presented P-D2NN structure can be
further tailored for various applications, such as spatial beam
shaping and the design of reflective optical processors/
components. Moreover, instead of using a fixed architectural
design for a given task, the diffractive layer placements and
their distributions can be incorporated as trainable para-
meters and dynamically tuned along with the optimization
process. Such an advancement could redefine how diffractive
optical networks are constructed, paving the way for task-
specific designs that are more efficient and inherently resi-
lient across a spectrum of applications.

Materials and methods
Numerical forward model of the diffractive optical network
The pyramid diffractive networks used in this work

consist of a series of spatially structured surfaces designed
by deep learning, each of which is considered a thin
optical element that modulates only the phase of the
transmitted optical field. The transmission coefficient of
the trainable diffractive neuron located at x; yð Þ the
position of the kth diffractive layer, tk , can be expressed as:

tk x; yð Þ ¼ exp jϕk x; yð Þ� � ð1Þ

where ϕk x; yð Þ denotes the phase modulation of the
diffractive neuron. Any two consecutive planes are
connected to each other by free-space propagation, which
is modeled using the angular spectrum approach10:

u x; y; z þ dð Þ ¼ F�1 F u x; y; zð Þf g �Hðf x; f y;dÞ
n o

ð2Þ

where u x; y; zð Þ is the original optical field, and
u x; y; z þ dð Þ is the resulting field after propagation in
free space for a distance of d along the optical axis. F and
F�1 represent the 2D Fourier transform and 2D inverse
Fourier transform operations, respectively. f x and f y
represent the spatial frequencies along the x and y
directions, respectively. Hðf x; f y; dÞ is the free-space
transfer function, which is given by:

H f x; f y;d
� �

¼ exp jkd

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1� 2πf x

k

� �2
� 2πf y

k

� �2r( )
; f 2x þ f 2y<

1
λ2

0; f 2x þ f 2y � 1
λ2

8>><
>>:

ð3Þ

where λ is the illumination wavelength, k ¼ 2π
λ and j ¼ffiffiffiffiffiffiffi�1

p
.

By alternatingly applying the operations of free-space
propagation (Eq. 2) and diffractive phase modulation
(Eq. 1), the resulting complex field at the diffractive
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network’s output can be obtained for a given optical field
at the input FOV.

Training loss functions
In a general diffractive optical network that performs

unidirectional magnification at a factor of M, the image
magnification is permitted in one specified direction (e.g.,
forward direction, A ! B), while the image formation is
restrained in the reverse direction (e.g., backward direc-
tion, B ! A). Consequently, the operations of the dif-
fractive network, in both the image magnification and
image blocking directions, can be expressed as,

OMag ¼ D2NNMagðIÞ ð4Þ

OBlk ¼ D2NNBlkðIMÞ ð5Þ

where I denote the input intensity image to be magnified,
with OMag being the output intensity after the diffractive
network’s modulation in the image magnification direc-
tion. Conversely, in the image-blocking direction of the
D2NN, OBlk is the resulting image after the network’s
modulation of the input image IM . IM is the magnified
version of the image I with a magnification factor of
M > 1, which is obtained by resizing the image I by M
times using the nearest neighbor interpolation, i.e.,

IM ¼ Resize I; Mð Þ ð6Þ

Note that for a unidirectional imager design both
D2NNMag and D2NNBlk utilize the same set of diffractive
layers. The perspective of the input and output images
aligns with the direction of the illumination beam. As the
illumination direction switches between the image mag-
nification direction and the image blocking direction, the
images flip from left to right.
To optimize a diffractive network-based unidirectional

image magnifier, we minimize a set of customized loss
functions, defined as,

L I; GMag ;OMag ; OBlk
� � ¼ LScl I; GMag ;OMag

� �
þLBlk OBlkð Þ þ LRatio OMag ; OBlk

� � ð7Þ

where GMag is the ground truth image in the image
magnification direction, which is the geometrically
magnified version of the input image I with a scaling
factor of M, i.e.,

GMag ¼ Resize I; Mð Þ ð8Þ

The loss term LScl �ð Þ in Eq. 7 is designed to enhance the
image magnification (geometrical scaling) fidelity and the
energy efficiency in the image magnification direction,

which is formulated as,

LScl I; GMag ;OMag
� � ¼ NMSE GMag ; OMag

� �
þ α 1� PCC GMag ;OMag

� �� �� β exp ηScl I; OMag
� �� �

ð9Þ
where α and β are constants that balance the weights of
each loss term. NMSEð�Þ is the NMSE, defined as,

NMSE GMag ;OMag
� � ¼ 1

T

X OMag

max OMag
� �� GMag

 !2

ð10Þ
where T represents the total number of pixels in
each image.

PCC �ð Þ is the Pearson Correlation Coefficient, defined
as,

PCC GMag ;OMag
� � ¼ P

GMag � GMag
� �

OMag � OMag
� �

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiP
GMag � GMag
� �2P

OMag � OMag
� �2q

ð11Þ
where GMag and OMag are the mean values of the intensity
images GMag and OMag , respectively.
ηScl �ð Þ is the optical diffraction efficiency along the

magnification direction of the diffractive network, which
quantifies the ratio of the total energy at the output FOV
to the total energy at the input FOV. It is defined as,

ηScl I; OMag
� � ¼POMagP

I
ð12Þ

The loss term LBlk �ð Þ in Eq. 7 is designed to suppress the
intensity/energy of the output image in the image-
blocking direction, which is formulated as,

LBlk OBlkð Þ ¼ γ
X
n

maxn OBlkð Þ ð13Þ

which measures the total energy of the top n pixels with
the highest intensity values of OBlk . n is a hyperparameter
that was selected as 50. γ is a weighting constant.

The loss term LRatio �ð Þ in Eq. 7 is formulated as,

LRatio OMag ; OBlk
� � ¼ μ

P
OBlkP
OMag

ð14Þ

which calculates the ratio of total energy at the output
FOV in the image-blocking direction to that in the image
magnification direction, and μ is a weighting constant.
Minimizing LRatio enables both the enhancement of the
diffraction efficiency along the image magnification
direction and the suppression of the diffraction efficiency
along the opposite, image-blocking direction.
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Similarly, in the case of unidirectional image demagni-
fication, the diffractive network performs image demag-
nification in one direction and image blocking in the
opposite direction. With a demagnification factor of D, the
operations of the diffractive network can be expressed as,

ODemag ¼ D2NNDemagðIÞ ð15Þ

OBlk ¼ D2NNBlkðIDÞ ð16Þ
where I is the input intensity image and ODemag is the
network’s output in the demagnification direction. In the
opposite, the image-blocking direction (Eq. 16), ID is the
input intensity image and OBlk is the network’s output. ID
is the demagnified version of the image I with a
demagnification factor of D > 1, denoted as:

ID ¼ Resize I;
1
D

	 

ð17Þ

The loss function used to optimize a unidirectional
demagnifier can be written as,

L I; GDemag ; ODemag ; OBlk
� � ¼ LScl I;GDemag ;ODemag

� �
þLBlk OBlkð Þ þ LRatio ODemag ; OBlk

� � ð18Þ

where GDemag is the ground truth image in the image
demagnification direction, which is the geometrically
demagnified version of the input image I with a factor
of D, i.e.,

GDemag ¼ Resize I;
1
D

	 

ð19Þ

The loss terms LScl �ð Þ, LBlk �ð Þ, and LRatio �ð Þ are the same
as defined in Eqs. 9, 13, and 14.
For the unidirectional magnification network models that

are trained under a single illumination wavelength (e.g., in
Figs. 2 and 4), the image magnification is designed to be
maintained in the forward direction (A ! B) while being
suppressed in the backward direction (B ! A). We denote
the input, ground truth and output images of the diffractive
network in the A ! B direction as IA, GA!B, and OA!B,
respectively, and denote the output images of the diffractive
network in the B ! A direction as OB!A. Based on these
definitions, the loss function in Eq. 7 becomes,

L I; GMag ;OMag ; OBlk
� �

¼ L I ¼ IA; GMag ¼ GA!B;OMag ¼ OA!B; OBlk ¼ OB!A

� �
ð20Þ

Following the same notation, the loss function for the
unidirectional image demagnification network (Eq. 18)

trained under a single illumination wavelength (e.g., in
Fig. 3) becomes,

L I; GDemag ;ODemag ; OBlk
� �
¼ L I ¼ IA;GDemag ¼ GA!B;ODemag ¼ OA!B; OBlk ¼ OB!A

� �
ð21Þ

where GA!B is the magnified version of IA in the case of
unidirectional image magnification (Eq. 20) and the
demagnified version of IA in the case of unidirectional
image demagnification (Eq. 21).

In the wavelength-multiplexed diffractive networks
reported in Fig. 6, two opposite operations are performed
simultaneously by a single diffractive network operating at
two distinct wavelengths, λ1 and λ2. Specifically, at λ1, the
diffractive network performs image magnification in A !
B direction and image blocking in B ! A direction. At λ2
illumination, however, the diffractive network performs
image demagnification in B ! A direction and image
blocking in A ! B direction. Therefore, the loss function
used to train such a wavelength-multiplexed diffractive
network can be expressed as a summation of two
wavelength-specific sub-terms,

L I ¼ IA; GMag ¼ GA!B;λ1
;OMag ¼ OA!B;λ1

; OBlk ¼ OB!A;λ1

� �
þL I ¼ IB; GDemag ¼ GB!A;λ2

;ODemag ¼ OB!A;λ2
; OBlk ¼ OA!B;λ2

� �
ð22Þ

where IA and IB are the input images at FOV A and FOV
B, respectively. OA!B;λ1 and OB!A;λ1 refer to the output
images in A ! B and B ! A directions, respectively, at
the illumination wavelength of λ1. OA!B;λ2 and OB!A;λ2
refer to the output images in A ! B and B ! A
directions, respectively, at the illumination wavelength
of λ2. GA!B;λ1 is the ground truth image in A ! B
direction at λ1, which is the magnified version of IA in this
design. GB!A;λ2 is the ground truth image in B ! A
direction at λ2, which is the demagnified version of IB in
this design.

For the unidirectional image magnification and
demagnification P-D2NN models used in experimental
testing (see Figs. 9–11), an additional loss term was
incorporated to enhance the contrast of the output images
in the image magnification direction, i.e.,

Lexp I; GMag ;OMag ; OBlk
� �

¼ L I; GMag ; OMag ; OBlk
� �þ Lcnt GMag ;OMag

� �
ð23Þ
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where L I; GMag ;OMag ; OBlk
� �

is the same as defined in
Eq. 7, and Lcnt �ð Þ is defined as,

Lcnt GMag ;OMag
� � ¼P OMag � 1� ĜMag

� �� �
P

OMag � ĜMag
� � ð24Þ

where ÎM represents a binary mask that identifies the
transmissive regions of the input object IM , i.e.,

ĜMag x; yð Þ ¼ 1;GMagðx; yÞ> 0:5

0; otherwise

�
ð25Þ

Quantification metrics used for performance testing
To quantify the performance of our unidirectional

image magnifier/demagnifier designs, the PCC values
between the output and ground truth images (in both the
forward and backward directions), the diffraction effi-
ciency (in both forward and backward directions), and the
energy ratio of the output images in the forward direction
to the backward direction were selected as quantitative
figures of merits. Specifically, the PCC value in the
forward direction (A ! B) or the backward direction
(B ! A) can be calculated as,

Forward PCC ¼ PCCA!B GA!B;OA!Bð Þ ð26Þ

Backward PCC ¼ PCCB!A GB!A;OB!Að Þ ð27Þ

where PCC �ð Þ is as defined in Eq. 11. GA!B and GB!A

are the ground truth images in A ! B and B ! A
directions, respectively. In the case of unidirectional
magnification (e.g., in Fig. 2), GA!B is the magnified
version of the input image IA. In the case of unidirec-
tional demagnification (e.g., in Fig. 3), GA!B is the
demagnified version of the input image IA. GB!A is the
resized (magnified/demagnified) version of IB. OA!B and
OB!A refers to the output images in the A ! B and B !
A directions, respectively.

Similarly, the diffraction efficiency in the forward (A !
B) or backward directions (B ! A) can be calculated as,

Forward diffraction efficiency ¼ ηA!B IA; OA!Bð Þ ¼
P

OA!BP
IA

ð28Þ

Backward diffraction efficiency ¼ ηB!A IB; OB!Að Þ ¼
P

OB!AP
IB

ð29Þ

Finally, the forward–backward energy ratio can be cal-
culated as,

Forward� backward energy ratio ¼
P

OA!BP
OB!A

ð30Þ

The FWHM values are calculated based on the gradient
of the line-spread functions as:

FWHM ¼ x2 � x1j j ð31Þ
where x1 and x2 are the solutions of

f PSFðxÞ ¼
max f PSF

� �
2

ð32Þ

Here f PSF is calculated as the gradient of the line-spread
function. The line-spread functions are calculated by
averaging over 11 cross-sections evenly spaced within the
FOV. The final FWHM reported is averaged over the nine
images with different angles (see Supplementary Fig. S5).

Digital implementation and training details
The diffractive network models used in our numerical

simulations have a diffractive feature/neuron size of ~0.53λ,
where λ= 0.75mm. The pyramid network for unidirec-
tional image magnification, as reported in Fig. 2, contains
five diffractive layers with sequentially increasing numbers
of trainable diffractive features on each layer. From the first
layer L1 through the fifth layer L5, the diffractive layers
progressively increased, with 90 × 90, 140 × 140, 180 × 180,
220 × 220, and 270 × 270 diffractive neurons at each layer
respectively, leading to a total number of trainable neurons
of N ¼ Nb ¼ 181; 400. The magnification factor in the
forward direction was selected as M ¼ 3, with an input
FOV comprising 90 × 90 pixels, and the output FOV having
270 × 270 pixels. The axial distance between any two con-
secutive planes was set as 40mm (i.e., 53.3λ). The weights
of the loss terms used for training were chosen as: α= 8,
γ= 1, and μ= 2, with β varied across [0.5, 0.8, 1.0, 1.5, 2.0,
4.0] to generate the results reported in Fig. 2d and Sup-
plementary Fig. S1. For Supplementary Fig. S2, the number
of trainable diffractive features for models with different K
was ½902; 1502; 2102; 2702� for K ¼ 4, 902; 1802; 2702½ � for
K ¼ 3 and ½1502; 2702� for K ¼ 2, while all other para-
meters remained the same. For the grating and slanted edge
testing (Supplementary Figs. S3–5), we used a larger model
with five diffractive layers consisting of
1802; 2102; 2402; 2702; 3002½ � diffractive features, with all
the other parameters kept the same as the model reported
in Fig. 2.
The unidirectional image demagnification pyramid

network reported in Fig. 3 adopts a symmetric geometric
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arrangement with respect to its magnification counterpart
(Fig. 2), in which the five diffractive layers have progres-
sively decreasing numbers of trainable neurons as
270 × 270, 220 × 220, 180 × 180, 140 × 140, and 90 × 90,
respectively. The axial distance between any two con-
secutive planes was set as 40 mm. The demagnification
factor in the forward direction was selected as D ¼ 3, with
an input FOV comprising 270 × 270 pixels, and the output
FOV having 90 × 90 pixels. The weights of the loss terms
used for training were chosen as: α= 8, γ= 1, and μ= 2,
with β varied across [0.5, 1.0, 1.5, 2.0, 3.0, 4.0] to generate
the results reported in Fig. 3d and Supplementary Fig. S6.
The 5-layer regular diffractive network reported in

Fig. 4b is designed to achieve unidirectional image mag-
nification at a factor of M ¼ 3. The input and output
FOVs have 90 × 90 and 270 × 270 pixels, respectively.
Each of the diffractive layers has 270 × 270 trainable
neurons, summing up to N ¼ 2Nb trainable neurons
across the structure. The axial separation between any
two consecutive planes was also set as 40 mm (~53.3λ).
The weights in the training loss functions were selected
as: α= 8, β= 1, γ= 1, and μ= 2 to be compared with
their pyramid counterparts trained with the same set of
weight parameters.
The wavelength-multiplexed diffractive network repor-

ted in Fig. 6 retains the same geometric architecture as in
Fig. 2. The two training wavelengths were selected as
λ1= 0.75 mm and λ2= 0.8 mm. The weights in the
training loss functions were also selected as: α= 8, γ= 1,
and μ= 2, with β varied across [1.0, 2.5, 3.0, 4.0, 5.0] to
generate the results reported in Fig. 6c.
For the THz experimental verification, the pyramid

diffractive network for unidirectional image magnification
has a diffractive feature size of 0.5 mm (~0.67λ). The
sampling period of the optical field was chosen as
0.25 mm (~0.33λ) to ensure precise modeling. The dif-
fractive network consists of three diffractive layers with
40 × 40, 60 × 60, and 80 × 80 diffractive neurons on each
layer. The magnification factor in the forward direction
was selected as M ¼ 2, with the input and output FOVs
having the physical sizes of 15 mm× 15mm and
30mm× 30mm, respectively. The input and output FOVs
are sampled into arrays of 10 × 10 pixels, with an indivi-
dual pixel having a size of 1.5 mm and 3mm (2λ and 4λ),
respectively. The demagnification model utilizes a similar
setup as in the magnification model but with the size of
the diffractive layers reversed in order. The sizes of the
input and output FOVs are also switched accordingly. For
the M ¼ 3 experimental design, we trained a two-layer
diffractive design employing β ¼ 4 to enhance the sys-
tem’s output energy efficiency. The two layers comprised
60 × 60 and 100 × 100 diffractive features, separated by a
distance of ~26.7λ (20 mm) which is also the distance
from the second layer to the sensor plane and from the

object plane to the first layer. A square aperture of 3× mm
is placed ~107λ (80 mm) away from the object plane and
is used for both forward and backward illumination.
All the diffractive optical network models reported in

the paper were trained with the QuickDraw dataset sup-
plemented by a custom-created dataset comprising grat-
ing/fringe-like patterns with various linewidths17,29. The
training data contains 200,000 images with 120,000 from
the QuickDraw dataset and 80,000 from our customized
dataset. The validation data contains 50,000 images with
30,000 from the QuickDraw dataset and 20,000 from our
customized image dataset. The blind testing data contains
1600 images with 1500 from the QuickDraw dataset and
100 from our customized image dataset, without any
overlap with the training or validation datasets. Each
image was normalized to the range [0, 1], followed by a set
of random image transformations (for data augmenta-
tion), including image rotation randomly selected from a
range between −10° and +10°, scaling with a factor
sampled within [0.9, 1.1], and a lateral shift in each
direction, with values randomly drawn from [−λ, +λ].
All the diffractive models in this study were trained and

tested using PyTorch v1.13 with a GeForce RTX 3090
graphical processing unit (GPU, Nvidia Inc.). All the
models were trained using the Adam optimizer49 for 20
epochs with a learning rate of 0.03. The diffractive models
designed under a single illumination wavelength (e.g.,
Figs. 2–4) were trained with a batch size of 100. The
training typically takes ~5 h for 20 epochs. The diffractive
model designed for wavelength-multiplexed operation
(e.g., Fig. 6) was trained with a batch size of 50. The
training takes ~9 h for 20 epochs. The diffractive model
for experimental demonstration (e.g., Fig. 9) was trained
with a batch size of 200. The training takes ~0.5 h for 20
epochs.
For the cascaded P-D2NN designs, the input, inter-

mediate, and output FOVs (i.e., FOVs A, B, and C) have
60 × 60, 180 × 180, and 540 × 540 pixels, respectively. Each
individual P-D2NN (P1 and P2) has four diffractive layers,
spaced by ~53.3λ. The distances from the output plane of
P1 to the intermediate plane (FOV B) and from there to
the first layer of P2 are also maintained at ~53.3λ. The
number of diffractive features for each layer is sequentially
set to [602, 1002, 1402, 1802] for P1 and [1802, 3002, 4202,
5402] for P2.
The joint optimization loss function is given by:

Ljoint ¼ wP1LP1;A!B þ wP2LP2;B!C

þwcascadeLcascade;A!C
ð33Þ

where, for the joint optimization case shown in Fig. 7, we
used wP1 ¼ wP2 ¼ wcascade ¼ 1 while in the end-to-end
optimization case (reported in Supplementary Fig. S8), we
used wP1 ¼ wP2 ¼ 0 and wcascade ¼ 1. For the individual
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optimization case (reported in Supplementary Fig. S9), we
used wP1 ¼ wP2 ¼ 1 and wcascade ¼ 0.
The loss term for each individual part (or the entire

diffractive structure) in Eq. 31 contains the same com-
ponents as outlined in Eq. 7. For instance, the loss func-
tion for the end-to-end optimization from FOV A to C is
given by:

Lcascade;AC ¼ LScl I; GMag ;OMag
� �þ LBlk OBlkð Þ

þLRatio OMag ; OBlk
� � ð34Þ

where I is the input at FOV A and GMag ¼ Resize I; 9ð Þ
and OMag is captured at FOV C and OBlk is captured at
FOV A with GMag being the input at FOV C.

Unless otherwise stated, the hyperparameters for
training remain the same as the diffractive model reported
in Fig. 2. All the models were trained and evaluated on a
high-performance computing cluster equipped with
8× Nvidia A100 GPUs, each featuring 80 GB of VRAM,
with a batch size of 96. Each model undergoes training for
30 epochs, requiring ~24 h to converge.

Error analysis simulations
To simulate the impact of phase quantization error at

each diffractive feature, we denoted ϕbit as the phase bit
depth, covering 2ϕbit phase values evenly spaced in ½0; 2πÞ.
We blindly tested an optimized diffractive model (K ¼
5; β ¼ 1; trained using a single-precision floating format)
using limited ϕbit values of 4, 3, and 2 by rounding the
phase value of each ideal/designed diffractive feature to
the nearest available value; the results of this analysis are
reported in Supplementary Fig. S10.
To model the impact of potential fabrication errors, we

introduced the fabrication error strength τfab where the
final fabricated phase map can be written as ϕfab x; yð Þ ¼
ϕsim x; yð Þ ´ ϵ x; yð Þ � τfab þ 1

� �
, where ϕsim x; yð Þ is the

simulated/designed phase map and x; y are the spatial
coordinates. The random variable ϵ x; yð Þ�N ð0; 1Þ follows
a normal distribution. We tested the same optimized
model with τfab values of 0.01, 0.05, 0.1 and 0.2, indicating
progressively increased fabrication errors; the results of
this analysis are reported in Supplementary Fig. S11.

Experimental demonstration under THz radiation
Figure 9a and Supplementary Fig. S12 illustrate the

schematic diagram of the experimental set-up. The inci-
dent THz wave was generated by a modular amplifier
(Virginia Diode Inc. WR9.0M SGX)/multiplier chain
(Virginia Diode Inc. WR4.3x2 WR2.2x2) (AMC) with a
compatible diagonal horn antenna (Virginia Diode Inc.
WR2.2). A 10 dBm RF input signal at 11.1111 GHz (fRF1)
from the synthesizer (hp 8340B) was multiplied 36 times
by the AMC to generate the output continuous-wave
(CW) radiation at 0.4 THz. The AMC was modulated

with a 1 kHz square wave for lock-in detection. The object
plane of the 3D-printed diffractive network was placed
~75 cm away from the exit aperture of the horn antenna.
The distance is far enough to approximate the incident
wave as a plane wave. The output plane of the diffractive
network was 2D scanned using a Mixer (Virginia Diode
Inc. WRI 2.2) placed on an XY positioning stage built by
vertically combining two linear motorized stages (Thor-
labs NRT100). For M ¼ 2 experiments, we used a
0.75 mm step size for an FOV of 30mm× 30mm, and for
D ¼ 2 experiments, we used a step size of 0.5 mm for an
FOV of 15 mm× 15mm; for the M ¼ 3 experiments, we
used a step size of 1 mm for a FOV of 45mm× 45mm.
A 10 dBm RF signal at 11.0833 GHz (fRF2) was sent to

the detector as a local oscillator to down-convert the
signal to 1 GHz for further measurement. The down-
converted signal was amplified by a low-noise amplifier
(Mini-Circuits ZRL-1150-LN+) and filtered by a 1 GHz
(+/−10 MHz) bandpass filter (KL Electronics 3C40-1000/
T10-O/O). The signal was first measured by a low-noise
power detector (Mini-Circuits ZX47-60) and read by a
lock-in amplifier (Stanford Research SR830) with the
1 kHz square wave as the reference signal. The raw data
were calibrated into a linear scale. Digital binning
operations were applied to the calibrated data to match
the object feature size used in the numerical simulations.
All the layers and holders were 3D-printed with

Object30 V5 Pro (Stratasys) using Vero Black Plus
material. Note that this material is non-conductive, and
the THz wave reflections from the inner walls of the
holder are negligible. A photograph of the 3D-printed
holder is shown in Supplementary Fig. S13.
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